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A.Logical Analysis or‘Meaning. S
(A‘bstract) ' -

;_ The oontroversiee which have arisen in recent years
over the "meaning of heaning“ have failed so far to yield elther
agreemen@'among the disputants, or even well-defined opposed posi—':
tions. The several points'of fiaw ﬁre 8o complefely.disparéte ‘
7that they do ndb offer any conmon ground. even as a mere atarting
point fbr axgument..'

Ths subject of Meaning has so many different aspecta.
land 4w its peveral perspectivea look so utterly varlous, that one
nay bg 168 to wandeg whether thsy are really perspegtives of one
and the Bémeﬁhing. Meaning in th@ "dictionary sense® seoms indeed
@o.h@fe'nothing in common with the ﬁﬁaping of art or religion,
Th@re appear to be any numbér of peiféctly disoréta meénihgs or- _
Meaning. dependent upon the eontext wharein our definition is /U.
made,-- Whather in practical 11fe. in psyohology.ornsemantics.
or with en eye to some metaphyaio of value. It is certainly not’
eaay to diseover the 1ocus where all these perapectives meet.

Yet the faot that the one word Mbaning covers this diw_prsity

o: inatanoes po;nta to the faot that there is such a common ele-

| Tha;bnly methéd'whereby such a univeisai fgctdr o&nﬁ
be abstracted from the multitude of partioular cases is the method
of logical analysis. Thereby we shall not gife an exhaustive -

randering of any one phaba-of Meaning, but a:genéralized; thereRpxs
fore non—exhauetive. acoount which (if it is correot) is perfeotly
'true or g_g;y phaae. In ordeﬂ to Juatify all the approved uaesﬁ or
ths word wbaning we must bo able to ehaw that somo essential ohnrao-




tex ip always _i,n?o%?e,é.._aﬁ the basis for suohusase R

o This essay at bempte to ahow that the common element
is the logigal form of a1l meaning-situations, and that the -

allogica.l or"intarpretational“ elements which enter into every
particular case are responsible for its individusl character,
To this pu:rposa I have drewn the distinotion 'between ,g]gg_tmc__m
and interprefation (Ch 3). The oommon form is often so deeply
o‘osom:ed by the non-leglcal fastors that 1t has been necessary
to introduce the highest poeaible degrees of a.batraotian. going |
somewhat beyond tlhe familar usg ojo\i v;afg.ablea and values whioh

have hitherto served the needs of mathematios.

The course of thia analylia has aent me see]d.ng for

tions. emmplified in Principia Mathematica. In defense of this ,

“speptral dance of bloodless ca}gggorigs“.{: have intarpolated the
ohapfer on "propositional' logio"(Ch.5). The method heme advocated
i3 not ths study of rela.ted propositions or propostional funotions, .

but the gnalvsis g; gx temae ﬂmgregarding entirely the nature o:l’
their elements. '

The :E‘orma which appear, at the present ata.ge of analyaia_
to“'be fundamentgl ‘po avery systen have been tentatively denoted -
as"loglical data®., Between these aﬁd the oonoreﬁe system lie any
num‘oe-r of possi'bla‘ levels of 'a.'bstraotion.eve_:r:y___1@@_}‘“_3-1?1:13__r_;_ae

to.a logical form ox ix "oonﬁguration" ' e

Tha logical baaia of Meaning :Ls here deﬂned 88 0orTeB=

pondence of configuration batween systems. Some systems show # 4.




similerity of logloal structure upon comparatively superfioial
analyéis; theqe.--suoh as thrée counters representing thrée ;
cﬁﬁeoté,;-ara sald to étand in a "aatural™meaning-relation. In
other casea't@a analysis must be pressed to further levels of
‘abstraction I ‘stands to reason that, if -mer'e are logical date:
copmon to all systemﬂ. there must alwaya be sone level whsra a
correspondenoe can be establishad. _ . .
- The mmaningurelaﬁion. oommonly held (as by Hueserl)

sgmo,} vical.
to be assymetrioal is here found to be eenvoribible

mental types of Meaning are presented as denotation.connotation.
signigication, and description; and their raspactive,ﬂbnversesa
Thege;in all possible combinations, sppear to exhaust the field -
of Méaning. from the dictionary to the aacred mysteriea. o
. A ph@nomenology of Meaning, oxriginally oompiled by
Mesers. Ogden and Richards (in "The Meaning of Meaning), has -
-bean used to check up the results of thie analysia, and to demong
strate haw the moat various: and disorepant uses of the word ooin—
ecide in the single point at iaeue.the 1ogioa1 basis which 1s cor-

reepondance of configu:axionas
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PREFACE -~~~ . . 7 =
The followina pages contain an attempt ta ehow (l)
that meaning is a fundamental element in 1ovic, even of the-r
_non-epietemological eort (3) that a 10gica1 analysis of
meaning entails a looical analysis of systems; (3) that the

logical condition for mee,n:.rrr is the presence of any structure -

whatever° and (4) that the lovical framework is similar for
all meaning-situatione from the word that “meene" a table or
a chair to the Moral E»o that “meane" the self realization

of the Absolute. o

n‘

sophical application of the purely formal work done in recent C

years by Dr., ShefTer which is at present recorded only in a

brief unpublished paper. If I have not acknowledged my debt
to him in every 1netanoe 1t is because of the dearth of printed

passagee'for refereoce;;,,,*‘

The 1ogica1 foundation of meanlng ie a point vhereupon

there ie practically no 1iterature Kempe, Royce and Sheffer-—

.none of them voluminoue writers«—are its caeual discoverers
But there is a vast literature just beside the point which
eometimes throws valuable lights in our direction Hence the
motley appearance of my bibliography, Nhlch takee in such di-
verse material as Cougurat! s."The Algebra of Logle" and Ogdenb

L]

'and Richards' "The Meanina of Meaning." ‘ For my purPOSe I have .



had to avail myself of those works which deal with meaning,
in its logical or non-logical aepecte end'aleo of the 1it--

erature of modern logietic.

The great emphasis which I have giveh to the ques-

tion of the nature of lopic needs 'perhape some justification,

I have had unusual opportunity to dieeuss the question of log-

ical eysteme with Prof Whitehead, who has taken a very klnaly

1ntereet in this bit of researoh yet to my eurprlse 1 have

fQHHQWFQQMLQ&}G of Principie 1napplioable to the analysis in- -

hand, In view of the fact that our greétest»claesic in modern -
logic is his and Mr. Russell's systen of "propoeitionel" logic
I may be pardoned for 1nvestigatina 2% such length the reasons

why an analysis of meanlng could not be based upon it I have

situatione 1noludee the meanina of prOpositions, exaetly as the

IR e eSS

pniveree‘of possible atructures includes deductive eyetems.

_ _ The results of the folloming study, once they are
expreesed are almost too obvioue to carry with them any eppear-
anoce of novelty. But if they have been generelly known to phi-.
-loeophers nho ‘have aruued the problem of meanln Vit is remark-
'eble that they have not previouely been emoloyed to supply a
common footing in the ceneral and hopelees eonfu31on of stand-
'pointe. Tc point out-a unifyinv prlnoiple in virtue of which
“Meaning,“—-the word of many meanings ) "mmay be levitimately

applied in all its diverse instances, has been the whole object

of thie eomewhat tedioue analyeis.‘,;jiih{kiw;jﬁ- j"a“t.



T INTRODUCTORY PART "
Q'fﬁ '.‘:-:"‘ Ghapter 1.

Metaphyeical-Riddles and Loeietic Solntione;

_ Anyone who hae ever tried to establieh precieely the
_philoeophical concept of meaning, can appreciete the complica—‘ J
ted muddle to which attempte al definition have led, Peychol~
OblStS metaphyeicians and epietemoloviets have been rampant
on this’ subgeot but in readinb over the literature which has
reeulted from the rampage one is struck by the futility of the_
dieoueeion——in faot,'euch a symposium as that which anpeared N
several yeare ago in Mind, can hardly be called a discuaeion (l)

me cannot say tbat people are "diSGuBblng" anything when each

holdsforth gn a separate sub;ect They are merely orating eimul-
taneously. And this is the impression one is apt to gain from o

the above symposium. Prof Schiller tells us how the relation.;'
of eicns to their objecte ie eetabliehed, Mr Russell telle ueraf
how a eign will function in a causal eystem, Prof Joachim con—'w
tributee a burlesque of the previous proceedinoe and tries to,l'
'tell ue what it feele 1ike to mean anythlng. Now _none of these

centlemen has, actdally contradicted either of his opponents on |
‘any point in the triangular debate, oné hae taken the psycholog—
ioal another the empirioal the third the aeethetic aspeot of

.

: (l) Sympoeium~—“The Meaning of Jeaning" i by F. C. S,
Schiller, B. Russell, H. Joachim. "Mind" N.S. Vol.'23, pp. 385-.
414; Vol. 30, pp. 185-1890, 444-447. (See also--C. A. Strong,
"The Meanlné of Meaning," Vol, 30, pp. 313-316; A. Sidgwick,
"Statements and Meaning," Ibid, pp 27T1L-286, and B. Russell,

"On Propositions; ehat they are and how they mean)" Proc. Ariet
Soc, Supl. Vol. II Provlems of Science and Phil.” {(pp. 1-43).



the ‘subject, and each appears to be ‘somewhat peeved that his ”
view has not been oonsidsred by the others and feels in a vague

way’ that he has been boohmpoohed if not oontradicted There 1s

such a complete laok‘of ocommon cround that the discussion can

flnd no starting placs.‘ .__"‘: ‘T; - e .

- One of the chief diffloultiee liee 1n the fact that all

these authors tacitly agsume 4he woxd "meaning“ to have one and
only one legitimate application. This apyears in ths title of
the‘symposiu *~“The Meaning'of-ﬁeaning.l We find this somewhat
risky assumption recurrin“ in a book of-the same title (3),-
.which appeared subsequently and adds a 1ittle more psychologj o
and someethnoloby and phllology to the material in hand (3)
Strange to say, Messrs. Ogden and Richards olino to the naive‘;
assumption that there can be but one correct use of the word
althouph they are quite aware of the faot that 1t is actually
used in the most various ways.' Unfortunately thelr 1ist of

4

these ways (4) confuses uses of the word and theories about it,‘

but barring the theories (such as: that it is a relation that
it is a character inherent in words etc ), we may gather from

‘thelr account that “meaning" 1s used in the sense of connotation,

: (2) C F Ogden and I. A Richarde "The Meaning of'".-
Meaning,“ London, lo23.- - ' '

. (3) 1t mibht, 1ncidentally, be remarked that the mean-
ing of "Meaning®™ is rarely the subject of debate; in the papers
by Profs.Schiller and Joachim, as also in the above-mentioned
‘book, it is rather the orlgins of certain meaninge which are un-.
der disoussion. \ :

- (4) of. loc._cit. . 306



denotation value, consequence and other apparently disconnect~
ed notions. This whole Babel of synonyﬁe. %aken frcm'the'wofks
of philOSOpnere psycholODiste (5), pr0pa&andiste and hackwriters
(8), is diSparaglnoly labelled "the meaning of Philosophers n
(Thls slioht confusion betveen philosophers who try to define ,
the term and other vriters who merely mglox it has led To the. |
ambiguity in the list referred to .above.) But, although an 1nf '
venfofy-of all possibie ueee of “meaning“ by all sorte of ueers
is not properly descrlbed as. "The Meaning of Phlloecphers 'it
may well be taken a8 material for the philosophical analy81s of
."Meaning" in the broadest sense. Prof Hoernlé (7) has oalled
our attention to the need of a "patient and exhaustlve phenome—
nology“ in this etorm-ravaged field., A feN writers notably

Freée (8) Pierce (9),“Lady Welby (10) Pusserl (ll), and Me%nong
' : L ' L -, 18) -

(5) "f. The long excerpte from the works of H. Muen-
sterberg, W. McDougall, J. J. Putnam, E. B. Titchener and J. M/
_Baldwin who are all primarily if not exclusively psychologiets.jf

| (6) cf. 'The footnotes on pp. 286, 300, and 30L.

- {7)R.F. A. Hoernle "A Plea for a Phenomenology of
heanlng," Proc. of the Arist Soc. . S Vol XXI, pp. 71-89.

_ ' (8) Notably-- Grundgesetze der Arithmetik " “ﬁber
Sinn. und Bedeutung,"” n{ver Begriff and Geéenstand “ "Funktion
und Begriff " “Begriffssohrift m _

(9) Artioles in Baldwin 8 "Diotionary cf PhiloSoPky
Psychology.";‘

- (10) "Whet is meaninv?" "Sense, Meaning and Interpre*
tation." (Mind, N. 8. Vol. 5) Article, "Signifies" in Baldwin's
"Dictionary of Phil. and Psych e s : ,

(ll) "Logische Untersuchunoen.

(12) vtber Annahmen.lhn;Tg



‘have made painstaking efforts to.divide the sheep from theif
-goetej but the result has not been very happy. For the obetrep-'
erous £Lock instead of. dividing neatly into two ‘or three clae—-
528 eaoh accordin~ to its kini have divided into the most ter-
rifying hierarchy of icons qualisians 1egieicns eemee ﬁhemee
and delomes and there is 1ittle comfort in Pierce 8 JOyoue dis—‘ 
covery_that ipeteai of 59,049 such monetrositiee we need only to

deal with’éixty—six'(is).

L Hueserl dietinguiehin& eeoh type of "meaning as a
separate notion, has as many theories as he hae epecific "mean-
ings." (%4). But this has brought us no nearer to our goal,

which is the definition of meaning in the most general sense.,

We haveletill'the sheep and the goats and all their several
relat1Vee, what we are seekinv is a generalized form an. Urtier

fhich ehall exhibit the eeeential traite of all the varicue

epeciee. For even 1f we elaborate the phenomenolocy indefinite-'_ ;ff

ly, and accounted separately for each new . kind of "meaning,ﬁ.we.'”
cculd never be sure that the inventory was exhaustive (15) ‘The. .
phencmenolcgioal treatment ie always inductive, and we ehould .
have no oriterion of a perfeot induction. f7"gn':"ti~}'. e;*i

. (13) From two unpublished letters to Lady Weiby, 1904
and 1908 respectively, quoted by Ogden and Richards "The Mean*, 7
ing of Meaning," Appendlx D,§8, pp. 435-444. . e

(14) E. Husserl, Logische Untersuohungen“VOl. 11,
Chs, l and 3: Vel. III, Ch 3 - , .

(15) of . Whitehead and Russell, Principia’ I"Ieﬂhe‘ma—tlca- vel. L
(84 E4.) p. XV: "In practice, generality is not obtained by . .
the method of complete enumeration, because thie method requires
more knowledge than we possess,® S ‘ ;



' Phenomenologieally, we are no more likely to discover';f S ﬁ
this generalized form of “meanlno" than to find Goethe 8 Urtier. |
in the Zoo, as one of the speeial klnds it does not exist.
Herein lies the.prinnipal error'of philosephers, tggmg;;gr_we '  B

are mosd anxious to avoid-taking one kind OfHMesning as_the

fundamental or only legitimate one. What we are 1oekine for is

the formal possibility of meaning,which must attach &ven to the e;f”

wost abstract mathematieal symbolism (16) Words phrases ges;_-e”
'tures images, etc. may have any amount “and sort (or gsorts) of B o
‘actual meanlng that satisfies the formel condition but 1% is | ‘
.interestins to'note what is really given in a Bo- called "mathe--"
matics without meaning," or “string of meaninoiess marﬁs“ the _";

word "meaningless" here refers to the fact that none of the.

specific kinds of meaning is in question, whereas any specific -

kind may be read 1nto the symbolism (17) | And it is due to this ;

. (16) R F. A. ﬂoernle loc. cit., Do 77 "But is it
not an exaggeration to say, or imply that for the cognitive in-
terest of the mathematician the signs are just meaningless marks?
If not, what of the: variable marks and of their mathematical -
concepts? The symbels eliminate irrelevant diversity but retain
a minimum of meaning defined by the rules of operation. "Minimum®. =
is not quite the right word; it is not & matter of degree of "
meaning, but of condition for it. ‘o

(L7) This fact has been recognized thouoh in a very ‘
different context, by Prof. J. M, Baldwin; 1&13 pwbuk? due 5 h1g
pesychological theorles or to his exceeuingly utilitarian evalua- .
tion of the sciences, that he. regards this kind of abstrautness
as belonging esseﬂtially to "play."

cf. "Thought and Things, or Genetic Logic," Vol. I,

p. 1856: . -"The play object does not mean an individual in the same
sense that a memory ovject proper does, It is--to use a term now

made familiar--an "experimental"™ object. It is held and controlled
with the express psychic proviso.or reservation that its meaning

is yet to be made up. It 18 constructed, but not assigned,..the. and S
individuation, therefore.,..holds it as an cbject fit foqmalterna gtand
tive meanings. It is this construction,essentially characteristic

of the play-mode, and of the higher semblant of art-consciousness,'
that I propose to call Schema." . ‘ a




peculiar situation that none of the meanings of meaning ‘phenom-:

enologicelly discovered has been the "meaning" of,pure logio."

Just as all our thinking, or for that matter 'all ex~

4perienoe, is lowical 80 We may say that all our experienoe is

mganingful. The fact eeeme to be that meanine in ite profound-
est sense 1s one of the fundamental notions of logie, The only
‘way we can expreee logical facts is throuch the employment of

eymbole, and 1t ias the formal condition for meaning_that makee

the distinction beteeen a mark on paper which is a zmbol and

one whioh ie due to spilled ink or the murder of a moequito.
Whitehead and Russell vould heve usg believe that such a eymbol

s -QE beinv an ﬂinoomplete eymbol i. e, not expreseive of a - :
true or felee aeeertion is "meaningleee"(la). yot we feal it
makee a considereble difference Nhether they write 2d_"‘or “/VVVP;
'The latter is meaningless in a much fuller sense, nagzly'tnat

'we do not recognize it ae a eynbol at all It mey be shown,

_even without recourse to a theory of types, that oertain eymbole?i

euch as ¢[(bx) enpreee nonseneel vut it could not be ehown in ;

the symboliem of Prinoipia that /VVV\expresoee noneenee becauee*r

(always Nithin the symboliem) /VWW\does not expreee.r

The fact that meening is one of the fundamental notione :
of logic, together with the general haz1nees that oharacterizee

'the coneept in philOSOphioal thought hae led to a peculiar and

(18) of.‘Principia Mathematica: pp. 69571.



nnexpeoted gtrain of mysticism in the most highly rationaliZed
‘eysteme'of‘fhonght the "eoientifio“ philosophy based upon :
mathemetioal<;ogio. Mr Russell generally uses the word “sig-
nifioance“ in plaoe of our “meaninv n. because the 1atter had

been - reeervei as & synonym for denotation {19) (and is employed

a8 the English equivalent of Frege 8 “Sinn " which rather ‘COn—
fuses the issus (20)) Now, eianificance attaohee to anything
that is 'true or false, and Yo such things only (31)- . But the
logliecal principlee involvina truth and faleehood defy symbolic
expreseion and mark “The eeeential 1imitatione of formalism n’ N
.(23) It is here that the eesential mysticiem comes to 1ight,A

'truth end falsehood, i. e. 8ip niflcanoe oannot be eymbolized

but must be taken ae a eort of logical surd an allOaioal factor
in everz eyetem (23) Thie myeticism finde its heroio expreg_.Jl
eion in the paoes of Ludwig Wittgenetein to whioh Mr. Ruesell 1

(19)‘%.\%,&.@. aj Mehmh%? rEven anons comepw g
It is only those thats denote tnat have meaning n. i

(30) c{,.. hmc of Matiil App. A, "The logical and
arithmetical doctrines of Frege," p. 502: "The distinoction .
between meaning (Sipn) and 1ndicetion (Bedeutung) is roughly, -
though not exactly, equivalent to my distlnction between eon-. -
cept as Buoh and what the concept denotes.‘- ‘ .

© (21) “Princ. Math! p. 48: "Here X, . may have any value :
with which ('X is a man' implies 'X is a mortal') is 81wnifioant
Wi. e either true or falee. o

- (82) This eurrender to the supooeed intancibility of
meaning is found alsoc in Husserl's ‘Zogieohe Untersuchungen; o
(Vol. II, p. 183): “"Was 'Bedeutung' ist, das kann uns 50 un~
mittelbar gegeben sein, wie uns gegsben ist was Farbe und,

Ton ist.. Es lisst sich nicht welter definieren, es ist ein
deskriptiv Letztee n cf. Chapter -9,

_(26) B. Russell Prino. of Math., p. 18



in the main asssnts (24). Here meaning is taken as something
essentially inGXpressibls truth a8 the Unknowable, and all’

philosophizing becomes a Huntinb of the Snark (85)

Thus the proElem of meaning in_the brbadest sense .
merges'into the'problem of the fundamentsl notions of ever&

formal‘logic} Hhat are the indispenslble assumgtions of all

logie? ”Gan'they be expresssd at all, or are they insoluble -
Uittéensteinian mysteries? These ars the questions we mast

anewer before we shall be able to oatch gur Urtier, the"possi—-'

bllity of meaning that attaches to all eXperienoe because 1t

is contained in_every symbolism (26) . Therefore I shall not

(34) B. Russell Introduction t0 “Tractatus Logico
Philosophicus,!t by L. WittJenstein p. 341 "To have cconstructed
a tneory loE,ic,\which is not at any point ob\nou.sly wrornig is t hawve .
achieved a work of extraordlnary difficulty and importance,. .. -
This merit in my opinion belongs to Mr. %1ttuenstein's work “;-.

(95) wlttgenstein Traotatus Log. Phil . 6 1 The '
prOpositions of logic are tautolovies.

‘ 6.13 TLoglc is not a theory but a reflexion of
~the world, Logic is transcendental. - .
o 6.4 The sense of the world must lie, outsids o
the world:

S 6 522 There is indesd the 1nexpressible._ This
shows itself; it is the mystical, - -
L _ 6,525 The right method of philosophy ﬁould bs T
this: To say nothlné except what can be said, i. e. the propo-"fﬁ
sitions 'of natural science, i. e. something that has nothing
‘do with philosophy, and then always when someons else wishe

say something wmetaphysical, to demongtrate to him that he has
01ven1u>mean1nﬁ to ¢ertain signs in his propositions. : .

&.54 My propositions are elusidatory in- this - :

zay: He who understands me finally recogznizes them as senseless
when he has eclimbed out through them, on them, over them.

(20) Hoernlé “Phenomenology of Meanin 'p. 71: '"It is
remarkable that the prominenoe ot siéns ani symbols in our 1lives,..
. , . R (next pace)



begin with the sort of phenomenology of meaninv for which Prof
Hoernle pleaded bef01e the Aristotelian Sooiety, but rather, I

shall be@in with an analyels of logic and 1f this yielde the

aeeired result 1. g. a dlscovery oi the 10Jicel baeie of any

and every kind of meaning I hope to use the epeciflc instances

of meanlng, the flndlnos of a oonscientioue phenomenology,\to '

-

check up the hypotheele by varloue applications (87)

-

Pere I wish to Tuard a,alnst a mlsunderstandino which
is almoet 1nevitable for a reader of praématio leenlngs or other

anti—rationaliet sentimente, this is the error of supyoeing that;

I consider meaning eesentially as a lozical relation “and hope

by 1og1cel analysis to. exhaust all its constituent factors.'_I:’
do not believe it to be ever a purely lo:ical affair any more -

than judgment, or empirical existence, only, llke these it has -

logical form,_and I”believe thatmpe;tain,logiealmfpgne}megéne}a—,

_ (note 26) . ' ' - -
has not attracted attention more per81stently in this fzeld of ,
inguiry. Yet 'brain-work' is eminently sign-work, sigd~using,:
Slgn 1nterpret1ng, 1f necessary, si@n—inventina.
: Also Asrs, K. B. R., "La nature de la penses loaique ‘
{Rev. de Met. et Nov., Vol, 1'? pp. 808-823) p. 809: "Toutes . -
nes nensees scnt symboligues; eur ¢e point, les philosophes
tombent de nos JOHIS de plus en plus d'accord LI

_ (2?) E. Cass _gr “PhiIOSOphie der symbolischsn Formen.“
p. 13: "Diese Form E 'autet nicht ledizlich die Suwme oder die
nachtrdgzliche Zusammen_fassung der Elnzelerschelnungen.dieeer
Eeblete sondern das bedingende Cesetz ihres Aufbaus. Freilich
giebt ee zuletzt keinen anaeren Weg, sich dieses Gesetzes zu
versichern, als dass wir €8 an den Erscheinungen selbst aufzeichen
und es von ihnent abstradmieren aber eben dleee Abstrettlon arweist
es zugleich als ein notwenaibes u. konstztut1Ves Homent fur den
inhaltlichen Bestand des Einzelnen. ' -




tions, are its prerequisites (28); it is these integral but
abetractable-fofms with which the preeeet analysis shall cdnf '

cern itself--expeocting thus to discover certain necessary

thoueh not sufficient COnditioﬁs_fer the phenovmena of meaning.. -

A% first the'fundamentals of logic Will appear to
be quite unrelated to the nature of meanlng, only ag the pic-
ture nears completion, the connection may be expected to
EMETFE . Therefore throuvhout the greater part of this etudy,
the part entitled “IOgietic " owe will pernape do best to for-  5
oet the ploblem of meaning altoéether until we return 1o it
'in the final phllosophical part. If it eeems uncertain at
the outset how an analyeie of such an epletemolowlcal concept
can follow from general logistic ooneideration let me but _
,point to the closely analogoue etructure of Wlttgenstein & trea-
,tise (29) Aa hlB mysticism in regard to meanlng, truth, real—‘
1ty and knowled@e followe (psycholo 1ca11y if not 10uioally)

, (28) B. Ruesell Introduction to “Tractetus Logico .
Philoeophicus " by L. Wittgeneteln p. 8: "What relation must_
one fact (such as a eentence) have to another in order to be-
capable of being a symbol for that other?t This last is a log— -
ical question EERL _ IR : " _ g o

(89) B. Ruesell loo 01t., p. 7: "The lOgical
structure of propositions and the nature of logical inferenca-
are first dealt with. Thence we pass Buccessively to Theory’

of Knowledge, Pr1n01ples of Phyelcs ~Ethics, and finally the . .
ﬂystlcal L _ S : e _ -
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upon the analysis of propositiohs 80 the somewhat different '
philosophieal concluslons which I heve reached have resulted ' :
from a very eimllar study of 10Jical systems (Wlth incident- :L"
ally, very similar ﬁlndings There is, furtnermore some
precedent for this 1nairect approach to the subJect. -Fqi;_
centuries metaphy81cs has been rldden with ee taxn apparently
insoluble dlfficulties—-ploblems of 1nf1nity, continulty,_

ohange the One-and- the Wany, and so forth The greatest mih@s"
of the ages have vainly constructed one metaphyeical-theory'
after apother‘to ansser theseé Persistent qﬁeetions;‘the‘theorieew

simpiy would'not.give a definitive_end adeqeebe-enswe; (30),

It was'net until the perfectly iﬁdependent'deveiopﬁente of

mathematieel 10010 happened to touch theses traditional mysteries '.'

that & little illumination was cast over the old darkness; in-"

‘fiﬁlty has ceased to be a magic word, oontinu;ty and change have ff
escaped from the bondage of Eleatioc theory. The'One—and-the-i
Many has assumed the more menaﬁeable form of theory of claeses

The preblem of meaning is’well on the way toward beeomlng sueh

a persistent enigmai Philosoyhers'heve usually treated:it from 1_?

o (30) of. B. Russell, "on Sowntific Yethod in PhiloSop‘vj
In "ysticism and Logic.™ (London 1917) p. 113: "In some
problems, for exampleg-the analysis of space and time the netu:e :
of perceptlon or the thecory of judgment—~-the dlscovery of the
logical form of the facts involved is the hardest part of the work,
THVG%VE& and the part whose performance had been most lacking
hitherto. It is chiefly for want of the right logical hypothesis
that such problems have hitherto bsen treated in sueh an unsatis-
factory manner, and have given rise to those contradictions or
‘antinomiss in whieh the enemies of reason anong phllosophers have
at all times deliuhted "

11



the point of view of psychology or epistemelo 'y 3 the former__
kind of inquiry hee yielded interestinr resulte but only---- .
for psych0105y. We cannot fairly expect one 801ence‘fo estab-
1ish fecte'for‘another, and it is éuite natural and proper
that the definitions of peyeneiegiets should be inadednate for
the noie general-nurpoeee of the metaphfeioian..'Episeemoiogy,
on the other hand is a hybrid'scienee eomnosed of half a |
dozen other disciplines and ie therefore not likely to deal
simply and clearly with any subgect, let alomne one which is
elready, in its own-nature, se eomplex as the eubject efrneen-
in;; It hae led us so far, only to- an ineomplete and rather
;unpromieinb phenomenolory. Psyonoloay is too 11mited episte—,
1mology £oo. ambitioue to eolve this latest riddle of the Sphinx.f
But follow1nu the exanele of those men who have unravelled gome
of the olaer-philoeophical snarls, I would first of all inquire
ehat are the looical relations underlyina any eituation wherein

\ -
meaninq is manifest and nevin5 thene clearly before us, we. may

find with &reater ease the extra-logical factore that determine
the varioue ectual meaning—situations.A It ie for thie purpose ’

thet I shall beain vith an - analyeie of logic iteelf

12



7 Chapter 3. ) ‘
The Nature of Lozic and Lo;istio; :‘r ;

‘ .;f a 1ogicai analyeie of meaﬁing seoms 1ike'e'somee 7_”
whattambitioua undeitaking, due to thelexieting-oonfueion ot
ldefinitions and terminologies relatlng to it, surely a logistic
analysis of logio wust offend even more by the sin of reckless~"
ness. There may be many conoeptione of meaning, but there are
gven more of logioc. But whereas the former are usually too
oairow to be acceptable, the latter are apt to oe too great—fto
contaih_all sorte of notions which go beyoﬁd the indispene;ble
heeds:of "mere " logic, To go from a'superabundance of eleﬁents'
to a-relatively ‘small nucleus 1s an easier taek than to begin |
wlth a haphazard insufficlent number and add Btrictly relevant ’
material thereto untiiiaefioit is made up;’ analysis is usually
a eimpler and safer process than syntheeis. Moreove;, opinione ‘
on the nature of logio are far better established'than those“V”
whioh concerned us in the last section, we are dealing with ev
more or less familiar and time sanctioned V1ews 1nstead of pre-rz

11m1nary gropinbe._'f_‘-_-'?“'T

i It must ba admitted that, however well exoounded and
philOSOphically respeotable these opinions may be, their number
is certainly 1egion. A glance at the definitione in the dio-
tionarf is enough to convinoe us that LOgio in 1ts present state
suffers from multiﬁle personalityel_Thefe we read that it is
"the soienoe or art of exact reaeoning, or of pure and fonnal
tﬁought, or of the 1awsiaocording to which the piooeesee of

pure thinking should be conducted, the science of the formation

13



-and application of general notions; the science of general-
'iZdtion judgment claasification, reaqoning, and systematio o
arrangsment." (1) And this'generous definition is not-evénil
exhaustive. From sténdard'works on logio, whore dﬁraory défi-_‘
nitions usually'figure_by way_bf'introduotion, as also from
numerous minor writings dealing more.particularly with the’
nature of the disputed disoipline, we may gathér thatlloéio

is anything and everything. Yow 1t 1s psychology, now epis-
femology, and now it walks in the image of metaphyéics; (3}

it has;even been 1dentified with préfessional etiduetfa (5).

The differencea of Opinion in this field are 1argely. |
Qe to the faot that logic, besides being theoretlcally inter~ =

esting as a complex structure‘in itself, is also the most

(1) - Webster's Standard Diciiohary, artiole-—"LogiC.F 

(3) of. Couturat's review of the 2nd philosophical
congress at Geneva, published in the Rev, de Met. et Mor, 1904 -
(p. 1083)--"I1 est facheux . que ce mot (LOgique) solt employé de’
nos jours dans un sens 'lache,' pour designer toutes sortes
dl'etudes qui reaortissent en realité a la psychologie-a-;a~$heer&e—
de—tereonmaisairee, a la théorie de la connaissance ou méme a la
métaphysique. (et emplol confus du mot est unes des causes pour |
lesquelles la plupart des philosophes neﬂligent ou lgnorent si -
complétement la vrai logique ou du moina sa, partie essentielle,_
qui est la Logique formelle. : ‘ R ,

i

' (3)R.Arms, ., "The Relation of LOgic bo Mathemahr—S"
Honist 1919, p. 151: 1"Loglc does not contain an ‘ought,' nor
‘yet an 'is', it 18 an accepted code of validity, a kind of
gentlemen's agreement the violation of which should lead.to
scientifio ostracism...we guarantee the acceptabllity of the
code by-defining it as what is accepted.™ , B

14



catholio ecience in its applications (4). ,Many of our solences,
Buch ag physics mathematics, peycholOgy and others are cbmmonly
divided 1nto “pure" and “applied * The modern tendenoy---espeo-
1a11y in thie country-—— is %o exalt the "gpplied® science, and
to esteem the "pure" syetem only in so far as it may be expected
soon. to yield practioal results. To the average layman, “radiof
activity" is not a branch of physics but- is the science of
developing and improving the wireless teleghone. Peyoholovy‘ie
the science that teaohes us how to control our psychic states,
and reokon with the peychic etatee of others, - Mathematioe, to
moet non-mathematicians, 18 the eoience of "figuring" and -
eolvinu preotical puzzlee Logio, beina older than moet ecienoee
end more eaeily applied has met with this’ fate long ago and in
eVery 80hool (5) Its bearing upon the practioel proceeeee of
(4) cf J'S ﬁhll"S stenm of Loaio“(let edition)
p. 10: m™As the far greateet porulon of our knowledge, whether
of general truthe or of particular facts, is avowedly matter of
inference, nearly the whole, not only¥science, but of human =~
conduct, is amenable to the authority of logic... Our defirnition
of 10¢1c therefore, will be in denger of including the whole.

field of knomledge unleee we qualify it by_some further 1imita-
tion. . L0 o o
(5) Ma_r\o'\feccht. "a logica secondo le vedute d.i
F.Errigues" (Riv, di Fil, III, p. 500): ‘"La questione ss la
Logica abbla un valore reale o puramente formale ,——-conduce &
una netta partitione della logica; si hanno cosl;-una 'logioat. .
nel  senso formale, che concerne 1 problemi che si riferiscono
-alltaspetto logico del processo conoscitivo,---e una fappli- -
cazione della logica,! che comorende l'induzione scientifica...."®

15



thinkinw 1s 80 obviocus that the aesociation of lopioal forms

with actual judqments is well~nigh 1nevitable, 1n fact, it

takes a considerable degreerof eophisticaticn to think of the o
former‘es.seperable from the latter (6). That is why the |

most disinterested intellectuaie,_the echoiaetio :ormulatorsi

of 1ogic have considered it as the study of judumehts.- In an
ede'when the sclences in general were not advanced enough tc

be clsaxrly divided into Fpure" and. "applied,® it was natu:al“
that no fine dietihctioe should be drawn between the sfudy of
judoments and judging,.i.'e., between the_procees ahd 1£B |
resulta,’ Hence the disjunctive character of Webster's defini-

tion: "The science or art of exact reascning or of pure and

formal thought. n The two alternatﬂve notions are somewhat

scrambled in this elucidation; the disjunction Would have been
better stated as: “Tbe science of pure and formal thouoht, or o
the art of exaot reasonina " Thie sho ) plainly the “pure“

versus the “applied" aspect—«tne conceyt of logio es science S

(6) The first writer to my Lnowledre,_uho has drenn‘f“
the distinction is G. Frege, nho writes in the preface %o his |
Grundgesetre devArithmetiip. XV:  "Dass die logischen CGesetzé -
Richtschnuren flir das Denken sein sollen zuzr Erreichunr der -
Wahrheit, wird zwar vorweg. allgemein zugegeben;aber.¢s gerfth
mr zu leicht in Vergessenheit, Der Doppelsinn des fortes - .
'Gesetz' ist hier verh#ngnissvoll.....das Wort ‘'Denkgesetz! )
verleitet zu der Meinung, diese Gesstze regisrten in derselben-
Weise das Denken, vie die Naturcesetze die Vorginge in der
Aussenwelt."

 of., also the comnentary on the title of ¢. Boolels

wcrk "The Laws of Thourht,® in Russsll's article on "Mathwnﬁaincsan&
the Ietaphysioians "(1n'TﬂqefpeienaanéLogmﬂ) "He was... mistaken .

in supposing that he was dealing with the laws of thought.  The
question how peonle actually think was quite irrelevant to him,
and if his book had really contained the laws of thought, 1t
;aa curious that no one should ever have thcught in such a Way
efore,." . ‘ . .
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and as art, The little confusion in the 1exioographer's L
wording is, perhaps, a fair index to the gradual amalgamation
of the two viewpoints which has taken place.. We have here

rhe eoﬁrce oflProf J. M. Baldwin's.aSSBrtion_thatrﬂgggmgrggﬁ-

ment of the operations of thinkinn, that is, of the discursive

or reasoning faculty oenerally, under the term logic, is so0

conventional and established, that further defence of it 18 not
neoeséory; | (7) The asserted conventionality is oertainly not J
'to be denied, whetever we may think of its implications for
aoientifio procedure.

v

sciously aoplied to thouuht in general it cannot ‘escaps the

consequent application to the particular systems of thought N
whereupon individual 1nterests happen to oentre. A philOB-;u'
Opher mith predelictions for psyohology sees judgments essen;:r‘iﬁ
tlally as psyoholo ical faots, for him the study of judgmentB 

‘is "that inquiry whioh pursuina genetic and funotional methods

investigates thinking with a view to trao ing the derivation,

(7)) J.ouM, BaldW1n "Thought and Things; or, Genetic .
Logie." Vol. 3, p. 3: Compare the dictum of an otherwise
radically different-minded logician, namely Hegel: "Dass das
Denken der Gegenstand der LOOik sey, darfther ist man allgemein
eln_versianden." ‘Enoyklop&die der phllosophischen Wissensohaften
I Theil-. Logik. (Bnd Ed. 1843 P. 31)

"
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development, and embodiments of Belief." (8) A scientist |
whose gye ig direoted chilefly toward the outér world of objects;
whioh.aré "seté‘of prope;tiea;" sees In the arrangément of thié
world an instanoce of-logical relations, and decides that tthe
subject matter of logic is theiéfore the relétions_of sets of
properties," (9) (Logic in this'oase’is hot limited to the
gggggi géts; it deals with all possible such sets;)‘ To an
idealiét,'who finds the Law of Reality in the law'of his own
thinking, the study of pure thought is_idenﬁical with the ' -
study of actual being., "Die Loglk £411lt daher wit dér Meta-
physik zusammen.....Betrachten wir das Denken als das wahrhaft '
t8) J; M, Baldwin Op. cit., Vol I p. ?.' Compare

with this the definition of J. S, Mill, "Loglc " p. 13 (1st ed.):
"Logzic, then, is the sclence of the operations of the under~

stan&iné, which are subservient to the estimation of evidence]
both the process itself of advancing from known truthe to un-
known, and all other intellectual operations in so far as
auxiliary to this,...The analysis of the instruments we euploy
in the investigation of truth, is part of the investigation
itself; since no art is complete, unless another art, that of
constructing the tools and fikting them for the purposes of the
art, is embodied in it." (This would imply that the manufacture -
of canvas and brushes is an integral part of the painterts art.)
Also G. Uphues, "Erkenntnis—kritische Logik," p. 10
"In der Philosophie der neueren Zeit erhllt die Logik eine
andere und neue Aufgabe. In ihr soll nicht mehr die- berelts
grworbens FErkenntnis erwiesen, sondern es soll der Wex gezelgt
werden, wie die Erkenntnis erworben wird; aus der ars demonstrandi
wird getzt die ars inveniendi,®
Psychological research is not the only task which has -
latterly veen laid upon logic, the poor mald-of-all-work in
philosophy; E. Kieseritzy, in an article "Die Emanzipierung von -
der Folgestrenge" absolves her from all her usual duties, and
ordains, instead: '"Die Logik hat...dle Aufgabe, den Sertgrﬂnden
des Gewissens nachzuspﬂren. _ .

: (9) Wrinon, D., "On the structure of Scientifio o
Inquiry," Prooc. Arist. Soc. N. 8. Vol XXI, pp. 181-310, See p., 301
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AllgemeineL alles Naturliohen und auoh alles.Geistigen, 80 -
grelft dasselbe tber alles dieaes dber und lst dle Grundlage
von Allem." {10). ' o

Logic has even been conceived as a branch of Anthro-

pology (11);

_ These arbitrary limitations of logic to some Bpeoifio

material which exemplifies 1ts laws, has given rise to the

beliefs (a) that there can be several kinds of 1ogic (12),

(b) that there can be experience which does not conform to :
logical prinoiples, and {¢) that logic itself may be an’ un— |
finished thing, a product of evolution. The seoond supposi-
tion is pased upon the first for if there can be more than
one log ic, then no 10510 is ‘strictly universal, and if we

hovernot,one universal logic, it may be doubted whether the |

(10) 9 W F*He_o,e_l " _Op. cit. pp. 45- 46.

(11) J. F. Fries,"Systenm d. Logik) p. 1: "Der -
Ausdruck ‘reine Logik! 1st unbestimmt., Wir kénnen darurter
eben so wol eine anthropclozische als elne philosophiache
Lehre von den Denkgesetzen verstehen. _

. (13) Prof. Baldwin (Op. ¢it. Vol. I. p :5) holds

that there are three kinds of logic--the Metaphysiclan's =~ =
logic, the Logiciant logic, and the ¥nower's logic. This sort
of distinctlon when applied to other sciences, gives such -
results. as: the ground—hog s meteorology, the meteoroloaist's
meteorology, the motorist's meteorology; or again, the Christian
Scientist's patholoyy, ithe rhysician's pathology, the sick man's
pathology. It is hard to understand why Prof. Baldwin, 1ln the
case of -logic, -casts his vote for the third type; in the in-
stances of meteorology and medicine I presume that he consulte .
respectively the reports from Washington and the verdiot of his
physiclan, - . .
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sum of all the logics reelly covers-all experience, or whether
there be a teeidue of genuinsly "aLZogioel,“ “myetical,“f T;
wirrational® reality.' The third pfOpOSitiQn is likewise
dependentlen (a); for our world is eonceitable minue any one

of 1t8 special constituents; we:oen postulate e meterialietie
worid in which no "Geiet,“ no teleolbgicai,“v°ué" is eperative,
or a monadio order whieh‘does not centain "Sets of properties,®
or a dead aetronomical universe whose. members register no mental
processes, Every such ourtailment of the actual contingent
world would-make void one of the treditional oonceptione of .
logic. ’And if-ﬁe can poetnlate a werld-without logic, then -

we can imagine that logic is something euperéﬁded.to‘our an- -
vironment, and like'anything else in it, a produethof‘evolutien.'

If logic is the laws of thought, it may hold o’nly‘jfor human,

not for angelic cT martian or amoeboid thouoht. If it is a

"gentleman 's agreement“ or a “determinatlon to be rational n (13)
it is conceivable that different oliquee of gentlemen might
eign different agreemente or that in. a moment of weaknees they

might waver in their determination. ;f-,f-7f~ B

But after all 1t seems hardly plaueible that validity -
of thought is determlned by a social contract eubject to ohange
through a maJOrity—vote amonB ecientiste, or by a5e long habit?"
that in the days of the Pfimeeval_siime the law of eontradiotton

(13) R..Avws, 200, cit, p. 153: "Logic is the
artioulate development of the determination to be rational."
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did not hold,so that the Slime was both slimy and not elimy, -
and at the same time was nelthexr slimy nor not—slimy, and the
creatures who formed the useful habits of logical law were not
the creatures who formed them, It is not necessary to dwell
onAthe fallacies besetting such aodtrinea, eSpediélly as other
writers have stated them in all their absurdity (14). The
relevant factor for us is, that they all point vack to the

classig oonfusion of lobical principles with the‘“laws of

thought ™ (15). That the latter did ‘not opsrate before thought :
had "evolved,™ nor govern mental processea‘other than thought,

nust géftainly be granted,

‘The mystic's assertion, that there s an irrational’

factor in Reality, is less obviously untenable. But the

basis of thia contention is, again, epistemological rather

(14) W. P. Montaoue,“The Antinomy and its Implica-i
tions for Logiual Theory ) p. 234: "When Heraclitus proclaimed
his doctrine of universal flux he, made no exception of any ‘
single thing in the world; everythlna changed.....But the first
and greatest of dynamists did not hesitate to set a certain -
kind of limit to his universal flux, .. '
All things ohange, but the laws according to which all things
changed were theomselves changeless. They were changeless - -
becauae they were tha measure and oondi*ion of the change in
things. [ : Y B e

(15) Ibid D. 2371 “The laws of 5asoline enoines'rf
were juzt the same in the days of the anoient Athenians as .
now, = We know them and they did not. Not physios but man's
knowledre of nhysics has changed LA R
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than logical; the term "irrational" 1s used to assert the

reason, not from Form a8 such (16) Pure, Content is as mach
an abstraction as pure Form; and the true myetic has a deep-
seated "horror abstractionis. He would have ue-believe

that the forms of Ultimate Healipy‘axe incommensurahle with

those of thought--and incidentally, that he is gifted with

a sPecial epietemoloeical talent which allovis him o apure-

hend without thinkinb, 80 that he can appreciate both the

Reality and 1ts incommeneurability with our vuluar 10710.

Unfo;tunately the mystic is ueualiy under tpe impreeeion

that logle 1s the art of twisting the syllogism, or worse
Yet, the habit of drawing inductive ooﬁcleeionsrfrom sense- .
experience, so that in most instances, his claim to "irra-
‘tlonal" knomledge msans nothing ‘more than non-syllovistic ;
thinking., In a symposium ‘held by the Aristotelian Society

a few years ago Evelyn Underhill givee a general eXposition -

(18) Symposium "Can the New Idealism dispense'
with Mysticism?" T--by Evelyn Underhill, Proc. Arist. Soc.
Suppl. Vol. III (1923) pp. 148-160. _ ‘ o

¢f. p. 160: ™"The insistence on the prime jim-
portance of humility.....appears to be the emotional expres-
sion of the profoundly felt ftruth that these experiences are
supra-rational; and that attempts to square them with a reason
developed through the frictions and demands of the here—and-
now will inevitably frustrate themselves, This is declared by
zysticism to ve a statement of fact....and it adds. .that
the world into which the self thus obtains entrance is above
reason and beyond reason " '
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of the mystic's attitude, wheTein she txies to avoid what
.she ccnsidefg nthe éxcésses tolwhich_iflhns alnayé_been‘ ‘
liable; the tendency b0 vanour\off into‘an ecstatic feeling—'
state ulthout communicable content to reject fhe'time—world'
to de~-humanize exXperience, to confuse a blank placldity Nlth
'pure immcdiaoy.'“ (17) .To Miss Underhill, mysticism does
not'really'ccnncte much more thnn a religiously—tinted'Honism;

It ig as wuch a system as any philosophical doctrine (18),

and being a svstemzmiiwnn§§m9mp;912§9m§ iggg‘oiwjh;nh;ng.
Her claim for "mystical" reality is merely'that it d 28 not
conform to the. cateeories of tnlnkinb. "It is'notorious that -

in all these supreme ways of knomlné and feeliné, cnly a part

of what is apprehended can be ekpressed,... Yet in all a

reallty exceedin? our analytic and deacriptive pomers 'shcwsv

'itself" as wlttwensteln says to tranacendantal fesling,...c-
since pr09081tions cannot'express anythlng higner than them—
celves. (19) (I must confess that the last assertion leaves
me tncroughly mystifled as I do nct knoﬂ what is the "height“
of B: nrovxded B is a prop031tion and Nhy, 1f R expresses

e. %., a relaticn between Socrates and the rest of mankind

that relaticn cannct be “higher" than E.):c.ﬁ'

(17) .E..Underhill,'ioc. cit.; p.‘153

(18) Ibid. p. 153: "It is enough if we insist that.
it (mystical apprehension) gives a higher synthesis, a closer

approximation to ultimates, than those other systems by Whloh
man seeks to apprehend the unlverse.“

. (19) Tbid, p. 153 infra,  See also the bcok entitled
"Myaticism® by the same author. :
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I has, of ocourse, often enough been remarked that
.even mystioe try to convince us by 1ogioal araument by an '
appeal to our understanding, rather than by hypnotiem or:
magio (20) It reason is entirely wrong, these philosophers
are eimoly lying; if 1% is merely insufficient, then they are
telling us. a part of the truth——namely that part which we
also, who are not mystics, can reaoh by the exercise of reason.
In neither case are tbe dieparaoers of reason making a great
oontribution to our wisdom. Their feelings, whioh reveal the
mystery to them are unfortunately a8 private as oy toothaohe
would be in an otherwiee toothless and painlese eooiety. They
oennot even evoke sympathy through analogy, much 1ess oommuni-
.oate the revelation (31) ‘ o |
: (zo) B. Russe'll, Introd. to Wittgenstein's Tract.
log,.-phil., p. 33: "What causes hesitation is the fact that,
after all, Mr. Wittgenstein manages to say a good deal about
what cannot be gaid.....The whole subjeot of ethics, for example,
is placed by Mr. Wittgenstein in the mystical, inexpressible re-
glon. Nevertheless he 1s capable of convaying his .ethical opinions,

L I .

(81) Bergson confesses to this inability of expression,
despite the fact that he writes a book to express his dootrine.
-~ "By intuition," he says, "is wmeant the kind of intellectual .
sympathy by whioh one. places oneself within an object in order
to coincide with what is unigue in it and conseqguently. inex- S
pressible. ", .. We may sympathize intellectually with nothing
else, bub- we oertainly sympathize with our own selves, ‘(}1Bergson,
,"An Introduction to Metaphyeios” transl. by T. E., Hulme, g
&w~¥a-ems-%eﬁ&ea 1918, pp. 7-9,) Since this "intelleoctual
gympathy" is identifioation of subjeot and object, the upshot
of this passage-seems8 to be that we certainly are identical with
ourselveg, and probably not with anything elese-~a oonclusion
which oannot be said to oontradiot ordinary loglo.
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_ Thus we are driven back to the orthodox view that there
is one great and only Logic and everybody ia ite prophet
Without some. fundamental awreement we could not even beglin a
dispute, And without some ‘basis of forme commnon to all exper-

lence, we would not 80 much as exiet for each other. Now any-

thing that, we say, may exisyg, ie guch that 1t may exist for us,
‘although we may be forever debarred from eny knowledge of it;‘
but if we can make any aseertion about it, true or falea i. e.

if it exigte at all then it has some forml_thouah this may not

be one with whioh we are familiar. It may be a form whioh ie

not oommensurable with the forms of thought; ‘this is what Kant
'poetulatee for his "Dingwan-sioh,“ which ooneequently is rele-

gated to the "unknowable A univéreal logic must be‘more gen~

eral than the “lawe of thouvht " or the laws of the real world

or of any othexr thing, and therefore I propose o treat 1ogio as E

the soienoe of forms as such., It is in this epirit that Royoe

has defined LOgio-win hie words, “Locic is_ the General Science

off Order, the Theory of the Forms of any Orderly Realm of Objeote,

.real or ideal ® (28) Thie will involve the analysis of syeteme h

'(22) J. Royoe,“*RaT%wmcﬁmsof Logio,“ in Windelband and -
Ruge's "Fncyclopaedia of the Phil. Scienoee" (Eng. transl, 1913)
Vol I, p. 89.
¢f. Also a passage wherein this highly generalized
view of logic is approached by G. Mouret (1L'Egalite Mathematique,
Rev. Phil. Vol. 32, p. 116}. Althou%n Mouret still deems it :
necessary $0 concelive pure forms as applicable to all reality
rather than as-independent of reality: "Dans le sens ow je prends
la logique, c'esi une scisnce speoiale qui n'est ni la psychol-
ozgie, al la grammaire, ni la mashewatique. Clest une science ob~
390t1ve et abetreite qui a son domain propre, et ce dowain..,.ne
AR _ _ | (next page)

25



qua systems, the discovery of relations which hold for all

‘possible worlds (or parteﬁof worlds), i. e, for any and every

universe of discourse. iThe_tergedof pure logic thus conceived
are neither ooncepte' nor_“eete'of rroperties,® nor thouahts,

rior things they are variables, capable of denoting any of

'theee entitiee disjunctively. The "system" of the mystio,.in
8o far as it has any form is just as truly expressible by the
'symbolisme of logic as the system of the rationalist idealiSt

or pragmatist. Looic is the etudy, not of epeoific eyeteme

but of that by. virtue of which a system is a syetem i. e. a.

study of Latterns-—conoeptual, physioal, peychioal or what-not =

The generality of logie, in this eenee, is foreshadowed in an
'analogy drawn by B Fussell in hie little eesay on.“The Study
of hathematice," where he tells us that “the rules of lovio are
to mathematlce what thoee of structure are to arohitecture...:"
Literature embodies what 1is general 1n particular eiroumetances
_whoee universal eignifioanee ehines throuah their individual
'dress, but mathematics endearors to present whatever is moet

oeneral in 1ts purity, without any irrelevant trappines " (33)

Now it eeems to me that a syetem of lobic which is unlversal 18.7

= (note 82) ‘ C ' - ' :
peut etre que l'ensemble desg objets etterieure de la connaiseance N
considérés indépendamment de leur nature particulidre, olest-d-

‘dire les rélations et lee goncepts généraux. Les lore de la
logigue sont, par conséquent., les lois communes & toutes les
_eciencee et la logigue est la soienoe abstraite par excellenoe

: (23) B Russell, 7“The Study of Mathematics“_ln_“Mye— B
tiocism and Logiec,® p. 61. e .
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one which, carrying out these analogies, gives us a skeleton,

awpatte;nf“Which exXpresses dis;engtixelymeiﬁh@yntbemleW§“ef

mathematics of etruoture of literafy arst, of thought‘(syi-

loaietic or non- syllosistic acoordlng to their abstraot form}),

or of anything else whatever. This 1dea1 has been etated and.

inf&tiated by Dr. H ﬂ. Sheffer (34) who calls such a varia—

ble pattern, wh ch yields a variety of systems by 1nterpreta—

'tion.-a “svstem—function." It is interesting to note the

gradual and groplng development of this notion, for the “eystem- )
function® is really the same thing as Russell'e "relatlon—number "
(85) Both versione of the idea Beem to encounter dlfficultiea
_of'lanauaoe and to bear a name that does not readily sug geet

it but requires oonsiderable eluoidation. The term “relation-

number“'ls probably derived throuah a oertain simllarity between

(24) H, M. Sheffer, "General'Theory of Notational
Relativity," 1821. Unpublished paper in the Library of Harvard
‘University, p. 8: '"Deductive systems, it is well known, may be
determined by means of postulate sets in various ways,....These . .
distinct determinations are all 'eguivalent'--any two of the :
postulate sets are uniquely. interchangeable. May there not be,
then, a set of 'superpvostulates,' of which Hilbert's, Vebleu's,
Huntington's, and other postulate sets are special cases? There
is. And a8 a wmatter of fact, the 'invariant' ¢f these postulate
sete turne out to be of an extraordinarily eimyle character.

(25) With thie p0531ble dlstinotion, that Dr Sheffer
does not explicitly define it, or treat it, as a class of systems;
T am inclined to belleve that "he is talkinv about EREJEQEP3¥H'-
ag such, not the class of things which conform to the pattern; -
Yhereas mr. Russell treats relation-number {1ike all other num-
bers) as a olass. _

See his "Introduction to Mathematical Philusop%a“ pbb
"The ‘relation-number' of a given relation 1is the class of all
those relations that are similar to. the. given relation.”
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the new concept and the somewhat narrcwer but'mcre familiar
one of "ordinal number“ {28); "system-functlon“ g an expan-
sicn of - thc notion which Russell ‘has christened "pr?os1¥u"ﬂ11f"

El

function.“ Personally, I prefer the simpler exprassion "log-

ical pattern," although T shall often have cccasicn ‘to refer

0 system—functions, eSpecially where’ my thesis is a direct,

applicaticn-of Dr. Sheffe:'s more genéral theofy.’

‘The following analysis of logic claims ‘then, to be _-'.

a slmulfaneous analyeis of all possible things, given in ‘

_@§§E2§9§M§§Em§ (8?), and the:efore'nct an analysis of any_'

pafticular systém'or fhin It is therefore an analysia Cf .
1051 1n the mcst universal sense; and this I consider the |

icorrect (though as Prof. Lewis calls iv, the‘“heterodox")

meaning of the dlsputed term “loplstic. f_ff; ;.j

: , (26) B. Russell, "Introductlon to Mathematical PhiluSoFH3,
p. 57 - "If n is a finite cardinal number, the relation-number _
of a series which has n terms is called the ‘ordinal‘ numnber n.“f'
(87) This ileleS the yossibility of renderlng the_‘
whole subject in variable terms, thus including tacitly svery
actual system, For the relation of abstract to variable terms,
see Chapter 4, S o C ' - -,
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1T ANALYTIC PART
Chapter 3.

Abstraction and Interpretaticn._e-‘
- 'Abetraction has played a major part in philosophy
ever since the day of Plato and Aristotle. Metephyeiciane

have a tendency to consider it a faleification of any. eubject

matter under discussion, an "abetract“ deecription is an _
.inccrrect,cne, and a science which deals in abstractions is
‘fvicicue="_ Logic:hae frequently been-cchdemned as'"merely
abstract ) hence as givina an untrue account of 1te material

It eeeme impossible for certain philcecphere to believe that

eny science could be deliberatelx,abetract.

Now as a matter of fact this deliberate abstract- o
1neee of loaic is Just the feature which dietinguiehee it frcmd'
metaphyeice, for she subject of metaphysics is tbe world in
ite entirety, the synthesis of all aepecte of ell thinge (1):.3
cf logic 1t 1is the world under its formal aspect only. In
'metaphyeice ebetractneee 18 indeed "vicicue i becauee any
purely fcrmal treatment neceeearily omits what the philoecpher
_claime to include' the ccntent of experience (or Reality,ror
‘what-not) But in lcgic it is highly commendable, beceuee 1t

cmite what the lcgician avcwedly “ould not include--namely,
'(l) of, R..F. A, Hcernlé,'"Matter, HMing, Life,'and o

God" p. 34: "It is just because science abstracts that it can-

not be 'synoptic!, or take the place of philosophy, which seeks

to transcend abstract points of view in order to see thinge
together and to comprehend the world as a whole." '
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anythinb ‘other: than the forms of experience (2) (cr Reality, .
or what—not) That is why metaphyeioiane have alﬂaye been
prone to confront the loqioiane with a charge of "mere" _
abetractneee and looioiane have failed to feel the etinm of
the reproach, and_haverreturned an equally irrelevent verdict

to the sffect that the metaphysicians are'"vagne}"i,;

- - The aotnal.qnaiitg,of.eny experience ie;neoeeegniiy;

and strictly private. What is commnicable is only‘the formal

aspect-~the oonceptuel'element_wherein A‘e;exPerience_end B'g
oog;gmpond Therefore it is true thatren ideal metenhysice E
_is ﬁmuoeeible—-unlees we are to take it in the Bergsonian
eenee in whioh it is an activity, a pereonal feelin and is
ex hypotheei 1nexpreseible.‘_1n this case, of course, noitwo‘
:persons can have the same mequhyeio 'any more than they can
.feel the same tooth—ache, and it is no more a dieeipline to i
“be “pursued“ or tauoht at the universities then the local and\
momentary aohe of my tooth Whether metaohysioiane in general
would amree With euch a definition is a matter open to grave:~
Ldoubt.. 1aken in the ordinary sense, i. N ae an attempt to
{describe the "given" world under a syntheeie of all its.ﬂhnfﬁ‘
(z) UPzinc. Math' 'zd Edition P X‘{X '-"Conete,nte;ldo'
not ‘ocour in logic; that is to say, the a; b, ¢-which we have

been supposing Gonstant are to be.reg arded ae obtained by an
extra-looioal assignment of valuee to variablee "

-
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agpects (3}, metanhysics is irremediably limited by the
impossibility of communicating at least one of these aepecta
namely the purely qualitative, or subjective. It can at
best describe the forms of things with the conetant_avowal
_that they have such a specific and onique content. This

appreciation of the concrete is not required in logle,

All our thinking is more -or less abstract, more

or_less _concrete (4). We are constantly recognizing "pat-

b

" or logical ﬁorgg which are dispia?ed-in our exper- o

ience, or recalling such empty forme and fitting the data

of experience into them._ The former procese'ie abstraction

and the latter is interpretation. In metaphysics we aim at .

the maximal amount of interpretation, we are limited in thie .
by the fact that the subjective elament cannot be defined o

and thus conveyed to other minds, but we strive by "hintse

]

and suggestions® to transmit as much as posaible of the" |
indeflnable content to make our deecrlption of the world k

as concrete as - pcseible. In log iq; on the other nand, it is

‘ (3) cf R. F A hoernle “Studies in Contemporary y
Metaphysics," p. 87: "PhllOSOphical argument of the best
sort is material not formal, It seeks 10 uss the very stuff
and substance of actual eXperience as ite datum." . -

(4) This faot has been pointed out and treated at
len@th by Fr. Paulhan in his series of essays, "L! Abstraction
et les 1d8es, Avstraites® (Rev. Philosophigue, Vol. 27, pp.

26 = 57, 171 - 188, 545 - 585, & Vol. 28, pp. 62-93), .
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our ideal to treat of the form alons (5), this also is im--

possible as we shall sae, because We _are inevitably bound

to Boma msdjum of exnression which lends an 1rrelevant

oontent to our structars. We wmay know that-a propositich _:
is_logically "the same" whether it be stated in Gsrﬁan,_Eng—
lish or Hottentot; but the fact rewains that in‘stating s

we are bound to gome one language, with its idiosyncrasissi'

of grammar and vocabulary. There is. no "Interlingua" which: -

is an abstraction from languages; the later sritings of

Prof.‘Peano,‘as most of us discover to our sorrow, do not
escape the provincialism of existing tongues, but are siumply
bound to an (n'+ l)th-specifis version'of Aryan'syntax. We;

ma.y regard "la.ngua.gs" in a broader ssnse, to inclule a.ll

modes of expression--gesture tone, mathematioal symbolism :

or whatvnot——and yet we- ars caught in the sane predioament

we can use only one 1&nguage on each ocoasion, and we must

use one at 1east (6)

) (5)‘.cf Russell B. "Logic as the Essence of Philoibpkv“
(Dﬂouriﬁwwlz& Lo“hLEﬂbﬂthorld“) p. 53: f"Pure logic and i

atomic facts drs the two poles, the wholly a Driori and the wholly
empirlcal. But between the two lies a vast intermediats region,.."

(6) of A. B. Ksmpe, "A Memoir on ths Theory of
dathematical Ferm," p. 4: "In order to put form in evidence
some "accidental" clothing is of course necessary; if, however,
we employ more than ons species of clothing, each speoies beling-
uniform and united to forms of every kind, the likelihood of
ites accidental nature being ovsrlooked will ‘e reduced to a
minimum,® '
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But in splte of this barrier Between our ideal,
logic and any acfual system, i$% Beems certain that everz
logic abstracts from_experience. The nature of abstraction,

which is a'psyohologioal process, and of abstraotionsl,whioh

are supposedly its fssult;.would fill man&ﬂvoiumes of_the
world's collected philosophioal muddies. "Qf course tne pos-'
‘sibiiities for.oonfusion are in this caseralmost endless,
and lO&lOi&nE have not failed to avail tnemselvss thereof.
The psyoholosy of abstraction and the character of abstraot
entities have spsnt centuries togetner in the psycholovistio
3melting*pot-—until the aforesaid entlties, which the old
.logio honored a8 "concepts," emergs as "general ideas, " f -

'“composite images, " "Voretellunoen " and fictions of every

sont_(?).

7 I do not propose to venture on any theory in reaard -:‘
'to the procsss of abstraotion. That is a topic for psyoholo-1
'gists, for our purposes, - one "genetic“ doc*rine is as'good asf‘
another. Ths upshot of the process is the same - upon any - '

theory-—lt 1s the fact that ws postulate or assume, or imagins

or reoognize certain con‘”ant elements in the world Without

(?)Ths abuse of concepts is well crzticlzed by B
A. Voigt in his article "Was ist Loglk?" (Vierteljahrsch. :
fur wissensch, Phil.", 18) whers we read on p, 305: "Wire der
Begriff aus einer Reihe von Vorstellungen durch Abstraction
von deren Unterschieden entstanden, so misste er selbat eine
Vorstellung sein., Man beachtete nicht dass die Thatigkeit der
Abstraction auf Vorstellungen Uberhaupt nicht amwendbar ist.
‘Man kann wohl Theile einer Vorstellung weglassen, nicht aber
von Eilgenschaften einer Vorstellunyg abstrahieren. Eine
Vorstellung ist und bleibt immer konkret," e
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constantS'of BOMo sort logio 18 not possible;‘that is the

fundamental meaning of the Aristotelian dictum “that A= AN
Whether these constants really ‘exist in nature, or Nhether :

they are’ "mere ideas" or "Annahmen" or Bergsonian "faleifi~'\
eationg " .does not affect thelr log ioal 1moortanoe in the

least.‘ Bergson may condemn logic as an immoral pursuiﬁ be- '
eause it“emploﬁs constent entities, s ince anything cdnstant L‘. 
is of shady oharacter in his eetimatlon,-but he cannot zive us

a 1ogic of inconstant entlties.' He can only dispense with logic |
altogether and put hie faith in stranger thlnus.- Platoniste and
Hefellans for whom all conetants are Ideas may raise logic to
the exalted statlon of “Geietespfnilosophie", emplrioists and
Praﬁmatists more frankly and prosaically psycholowistic treat
it ae a branch of “mental sclence. But all sohools seem to be
in aoreement upon this one p01nt'r that'10g1c deals with oonshanﬁ'

communieable entities which are somehow abstracted from our hete-

rOOeneous private mundane exPerlence,_f_“

) These constant-elementa are the "conceutsﬁ‘of the _
classical logie and the variohs "1maﬁes" and ideaa" of the new. -
The word “concept" has been kept but has had to submit to many -
deflnltione. In the 19th oentury it practioally beoame a truism
that a concept must be an iuea in somebody's mlnd involvinr the
act of judoment (8 ) (That is why logic the study of relations:‘

R (8) This 1nura1ned tradition finds its echo even in
Bussell‘s opinicn, Cﬂystioism and Loric’ P 212) where "a univer-
gal of which we are aware is called a ooncept ¥ Without a his-

torical erplanation it Nould seei eniamatlc that whereas Hr.
_ , , S (next page).

Lo
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,between concepts, has been 80 generally characterized as
the_“laws of thouvht ") o ﬂ,;~“

3

© Now unfortunately, an ldea ik eomebody 5 mind , even
if 1t may be "conetant! throufhout the whole series of ita:Vf-
'appeamanoes, is Just as private as the aohe of somebody's.,
‘tooth (9)' Perhaps the tooth—aohe of yestelddy is the same -
_as that of . today end tomorrow, that alone doee not make it
;communicable. The usual plea of the mentaliete is that A s
conoeption is enoth 1ike B's that they tally in certain
_respeets and thue to a degree are "held in comwon." - Here me
Ihave come.to the p01nt where the nonfpsyohologietle 1owloian'

would draw a dietlnction- ~ the ooﬁ

ept, $0 bim is juet that

and only that common element in A s and B's conceptions in

virtue of whloh they are "slmllar"——this only ie publio as

-neither A's nor B s but is the . abstract element of both

A '8 notion may be “Jeneral " it.may be compounded of nast ffﬂJf
imagee and 80 forth but that does not make it abstract.
The fact that it can be “alnalar“ to B's implies that the *l" .

_two have an - element in common for all similarlty reets unon

(note 8) : ' :
Russell deals with "hard data" as not essentially subgeotive
although they depend on gensing for their being known, he still
regarde concepts as neceesarily conceived i.e. as”unlvereale'
of wnich we are aWare.

: (9) cf Frege "Grund5esetze " p, XIX: "Wenn wir
nichte erfassen kénnten, als was in uns selbst 1st, so wire- !
ein Widerstreit der Meinunben eine gegenseitige Verstandigung
unmoolich ‘well ein cemeinsammer Boden fehllm" Q .
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of logicalAabstraotigp (10).

Thie notion of the "pure ooncept n which is not
an object and not an idea, has caused great ontological
difficulties. In what sense may 1%t be said to "exist," if

it 1s neither physical nor ental?

The pﬁre'concept—-fhet part of our world (ideas,

thinge eeneatione or anythinﬂ else) which is truly public,

i. e., abetractable, can ex1st in any literal sense of the

word, only in conneetion with sonme gggﬁegp (ll). xgg\gQQT‘

cept is the form of a eontent 'B. Russell, in the course of

analyZing propositions discovered the imooesibility of treat-

inr forms as constituents in things...ﬁgggg,ﬁ he says, ﬁigﬂ

not another constituent, but ieégge way the constituents 'are .-

put together. It is ferme, in this'eense, that are the'prOPerzi

(10) The- dependence of eimilarity upon a common -
element is emphasized Yy Russell in the “Introd. to Math, Phil,"
p. 6l: "Two relations have the same 'structure,? we shall say,
when the same map will do for both.....And that as a moment's
reflection shows, 1s the very same thing aB what we heve
called 'likenees

~et infra-- "It is often eaid that epace and time are.
subjective, but they have oObjective counterparts;--Where such
hypotheses are made, it is generally supposed that we ocan know
very little about the objective counterparts, In actual faot,
however,~=-the objective counterparts would form a world having
the same structure as the vhenomenal world..,...the only dif-
ference must lie in just that essence of individuality which
always eludes words and baffles description, but which, for
that very reasom, is irrelevant to science.” ‘

(11)  of. E. ' Cassirer, "Substanzbeoriff u. Funktions-
begrifi" p. 6t~  MDer Begriff fritt der sinnlichen Wirklichkeit
nicht als ein Fremdartiges gegentiber, sondern er bildet einen
Teil eben dieser Wirklichkeit selbst; sinen Auszuyl deesen, wae'
in ihr unmittelbar enthalten ist.": : :
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object of philosophical logic.?.{13) Empiriciste have re-
eeetedly'denied thar Buch an abetraetion eould be knowh,
since it'ie neither a eense-detum nor an "idea"; ehich argu4
ment entails, to my mind not & summary diemiseal of con~
cepte -- the fact remaining that we do apprehend guch common
elements, else we could not communicate with one another —-
but an 1ndictment of our traditional peycholooy, which has
failed 80 far to account for our acquaintance with pure

concepts. So, although we way not say. that concepte exist

independently of content we’may yet eafely maintain that

they are objee ive and appreheneible and can_ therefore be

studied apart from the special medium that happens to give '

hem metaphyaical euyport If logic is the etudy of forms

ae eueh as we have defired it in the previous ohapter it -

ie the etudy of concepts in this purely abetract senee. -

I have so far retained this mueh abused word
"conceptn— perhape unhieely - because it is the word employed
by Frege (13) who has given the cleareet exereseion I have yet
found to the position here advoeated In his- “Grundgesetze der
Arithmeti'k," he thus confesses his philosophica.l fa.ith' "Ich- |

(lB)’B Russell "Lo e as ﬁ\e E.SSEHCE. af lhslosaphﬂ
in “OurKnow]eaae o{theExternal World#, R4% ' o 27,

{(13) Frege usee_“Begrlff.d' "Ooncept" is our moet
accurate “translation of that word., T
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erkenne ein Geblet des Objectlven Nichtwirklichen an, wihrend
die psycholooischen Logiker das Wichtwirkliche ohne weiteres
fﬂr subjectiv halten'%14) o '

"Wir k¥nnen zwischen physischen'u ‘logischen
Gegenstandén untcrscheidén........Jene gind im elgentliohen :
Sinne wirklich diese 31nd es nicht, aber darum nlcht minder
objectiv; sie kénner zwar nicht auf unsere Sinne wirken, aber -

durch.unseie-logiéchen_Fﬂhigkeiten erfasst werden.® (15)

"Bégriff u. Beziehung sind die Crundsteine, auf denen

ich meinen Bau auifdhre." (16)

A vcry similar view is expressed by G. E. Moore, who -
leaves us in no doubt as to the obJectivity and oonatancy of..
concepts.';_ o | o |

"The concept is not a mental fact nor any part of
a mental fact... Concepts are pOSSlble obgecta of thought‘

but,....it is 1ndifferent to their nature nnether anybody o
thinks them or not " (17® ..L“Just as concepts are themselves
| (14)‘fPrefa¢e p.-XVIiI@f,JI;
(15) Vol. 11, p. 86 -
(16) Vol I, p. 5 | STy
) gk
(17) "The Nature of Juagment " Mind, u 8,8. p. 179
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immutably what they are, so they stand 1n infinite relations
:to one another equally immutable . (18)

, Dr{ Moore ié not_oontent&to‘buildlmerely fhe:edifioe
of logic upon Ffege{s corner-stones of_oonoept and relation;
he would haverus belisve that the reel world of things, ideas,
'etc., is "composed of nothing'but concepts,” (19) ‘To these
metaphyslcal lenoths we need not and will not follow him..
It ie at this point, notably, that the greateet of English
logioiane who so far had been in agreement with Dr. Moore,-
departs from his doctrines. TFor Be rtrand Rusee11; the aotﬁai_'J
'world is not composed entirely of conoepta-—io fact, ﬁhere"*
are "hard" data, wore indubitable than any oonoept, which are
eeeentially private and momentary. And out of these, rith f~..
the aid of “universale" (Dr Moore's "concepts") Mr. Russell

constructs the world of thlngs and ideae.

How just as it seems impossible for Dr Moore to

forego the short step from logic to metaphysic 80 v1ce‘verea,_',~;

\:[“if'(ls) loc. clt R 180.v_‘

(19) p. 182, It is hard to dleeover 3uet what ig.
the status of relations in Dr. Moore's system; we are never:
told explicably that relations are concepts, yet his swseping
statement that concepts are "the only objects of knowledge®
would seem to imply that relaticns, which certainly can be -
known to us, are included awmong such objectes. How concepis: :
can be related by further concepts is at first sight very puzzling,
but as the subject is net even touched upon in the paper undst '
consideration there is no room to debate the question,
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Mr ‘Russell cannot resist the converse temptation, to bring
his outfit of actual things 1nto loxic (20) His symbols arc
supnosed to dcnote "oarticularc " cxistents in the actual
world a8 freely as universals. -Instead of naked concepts
snorn and shivering on their Platonic heights Mr Rquell

would use'individuals classes of 1nd1v1duals classes of

classes of individuals, etc., ag’ the terms of hlS logic._

This makes his system aooear more acnlicable to metaphysical
problems than a structurc of pure abstractions, and undoubt-'
edly lends it much of its peculiar charm and 1nterest for thc
_philocoPher, but 1t also 1nvolvec him in well-nigh insupcrable
metaphy51cal difficulties—-problems of truth of existence, L
of denctatiun 'even of logical material *+se1f--so that Prof
Lewis is not unaustified in remarking that "one wonders whether

the last state of this philcscpher 18 not Norse than his first n

‘The intrcduction of individuais inko 10gic,involves'
us in a gravc paradox, - For in the recent new edition of Prin-

cipia TIa,thematica, we read, (p.’ XXX) that "constante 'do not. o

occur 1n logie, " but “are to be re7arded as obtained by an

extra—logical assignment of_valucs to variables", yet “1ndividcl

(20) “Prlnciples of Mathemah¢ap47 "A oroposition S
unless it happens t0 be linguistic,; does not contaln words,
it ‘'contains the entities indicated by words.”
~ ¢f.® Fussell: Principles of NatbcmahcspYIII°
10n fundamental questions of philosophy, my positlon in all
its chief features, is derived from ¥r. G. E. Moors.
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uals" are - "constants“ in this sense——i. e. are the several\
values for the 10Nest type of variable~-and every atomlo o
pr0pomhﬂ concerns an 1ndiV1dua1 Now logic is bullt up on
atomic propon?wons therefore logld is built up on things

that cannot coour in log ic.}ij;it dealt with-qonoé té;_wé,
_mlght SUppos e that these-are'inhérent in individualé, and
rthus build our. logic on things that are wore than 10@10&1 and
of ﬁhlch the more—than—loaical aspects may be disreaarded

_But Mr., Russell will have the individual the whole 1ndivid—:
'ual-—in facst, his uge of the word “individual" suagests that

he will have no abstraction therefrom. Thus he would really

'base logio on things. that cannot figure in logic--like build-

1ng a house of materlals tnat cannot enter into house-buildlng.

It may be the better part for philosophy, but 1t
certainly is a very danberous one for loglo, to traffic in |
‘real poets lovers unicorns and non—axistent bald potentates. 
Logic, after all, can deal with these entities only in so_far :

as they are definable' Wr, Russell would have us. believe that

"when I say.'I met a man' “what' I met was not a concept of a
man;.} " and that therefora it is a real man not a concept
;that ficures 1n the propos1tion. But this ar"ument is mis-k.”
leading. There may be a~concrete, aliqgio;l fact whgre1n the
reai\man "with a'tailpr.and a bank—acoounthr a‘public;hoﬁse.'
and a'druﬁkan wife" was a_donstituent; in the prOpogifion ﬁe

find inyfthe communicable abstraction, the concept of our man,
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If he himself, with his concrete 1ndafinable partlcularity,
were to figure in the pr00051tion we should have to be perr'
sonally acquainted with him-~in fact he would have to be
physically present«—lf the proposition were to have any meénf
‘ing for us, The.confuéion is due vo Mr . Ruééell'sitheory
thaﬁ "only_fhose prOQOSiticns-haveIMSaning which oenote}u
What ic denoted is ccrtoinly a man, but what is conveyed is -
a concopt; ancbso lOnrias this oonveyance %akes place,_it_
need‘not trouble us--as lo%iclans——whether anythlng is de=~
noted or not R

In;trying to introducs "partioulars" into logic

we have,.in fact, trespassed upon the field of’interpretatione.

Interpretation is the oonverse of abstraction, given 2 ourely

formal system of concepts, we seek some concrete situation _jf

which shall exemplify this fcrm In other wcrds we are now

in search of the form with a. oontent This ccntent can never

be supplied from our 10gical outfit~-no infinity of concepts
no complexity of relations w1ll brldwe the gap between the
'pattern and the thin 3 we way," as Dr. Moore desires, analyze‘ 
the world into simpler and simpler concepts ad infinitnm but.
"all the klné‘s horses and all the kinJ's men" couldn't put it

tOuether again. Intcrpretatlon seems tG_involve a going outﬂ,

side of logic for part of our material, When we interpret an

abstract form, we are no longer dealing with this form alone,

but with some situation where_thc form appears in conjunciion
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with some non-logical element, a oontent.f?j"f

: "_ The relation of form and content reieee e veryrinter— :
:eetlné and dlfficult problem. At-firet eight,it seems obvious |
that there can be such a relation;rbut'if there is then it
'oan be exereeeed eymbolieelly, as R(Ic), and thereby we hav
transformed cur content into a. lowioel term 'i. e;'we have
f01malized it, and ere no longer dealing with a content éo'

_it aupeers that there can be no such thinh as the relation

hetween form end oontegt. Just what 1s the nature of oonorete-
experience if not the reooanition of euoh a relation, and how

-We are to ‘apprehend the formed content or realized form in any '

eenee other than that of a relation R(fc) I am at oreeent
'qulte uneble to ima~ine (21) Perhaps a olearer enelyeie of
what ie meant by a “relation“ would reveal thet oertazn rele- _
thone cannot be established juet as Mr Rueeell'e anelyeie |
.of olaeeee revealed ‘the feot that oertain apparently possible
classes oould not be’ formed but whether the 1nadequaoy lies.
Nlth our notion of "content" or of "relation“ I muet at’ pres-lfi
.ent leave unde01ded merely p01ntin“ out for estuter minde fi,‘
that here ie a real philoeophieal dlffioulty, and hoping thet
the eolution mey ehortly follow from some broader polnt of viee

(Bl) Josiah Royce‘aypeare to have found hlmeelf"non--
plussed ‘at just this point of logical inguiry, as he suggests
in his article on "The Principles of Logic" (Windelband and Ruge's
"Eheyeleperdia of the Philosophical €ciences,’ English transl,)
B o2t  "This relatiocn between validity and exisience, which
"is no other than that of form and content, is the ultimate and

irreducible pOlnt beyond which the analyeie of knowledge oannot'
‘pass," _ : S _ :
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Ghapter 4,

"Variables, and Levels of Abstraction.

ﬂathematios, and that type of logle¢ Which ie Some =
times called "mathematical," are generally oonsidered the most
abstract of all sciences, Prot. Whitehead in nis 11btle
'"Introduotlon to Mathematics® tells his readers repeatedly
that every sort of mathematics is “abstract " (1) Now in a
sense this is_oertainly trve., But aooepting the word "abstract"'
in tﬁe“precise sense here employed, we may find rsason to doubt
whethef i£ is the only sense, or whether there is another 1egit- 
1mate:use of the word—-somsthing we might designate as:“philo- _ 7
soph;oaiﬁ-abst;actioa in contradistinction from the "mathemat-
icai“'type.‘ This queetion of gourse, beoomes impoftant oniy
if the "mathsmatical" meanan does not arpear adequate for all
the purposes of philoeophy. _So 1on5 as it seems to meet our '

neede we: have 1o reason to seek different msanings.;,~ﬂ~

Lo

N The philosophioal purpose which throws some suspioion”ao
upon the adequacy of mathematical abstraotion is the analysis
of logic. ThlS subgeot has been deslgnated by Mr . RuSSell as‘
a propsr realm for formal 1ogio,--"and this n he says, Fisaf"n'
the same thing as mathematics.“ (2) If however ths sort of.”

. (1) See Ch. I "The Abstract Nature of Mathe#na?ﬁ}.s",'a.na
the statement on p. 836 "Gsometry, like the rest of mathoe
matics is abstract." : ‘ R o _

. (Z)Maﬂmp»ﬁ 34-Metaphysioians," in "Kystioism & Logio"‘
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88" which belongs to mathematics proves to.be

1frelevant or insufficient for the extremest sort of ‘logistic

ana;ysis We ﬁay have to reject, after ali; Mr. Russell's
definition of lovic;'and reinstate some principle of abstrao--'
tion whlch he has at present releoated to the burninb~plle of

"metaphysical lumber.® (3) (Ve should not, of course hav97

ﬁo drag any Suoh discarded notion back into mathematics.)

' The sort of abstractness which belonos to mathematics

is all summed up in the notion of the variable (4) ' On ‘this

hanw all the law and the prophets.' The logic of Prineioia v

Mathematica, being inSplred by mathematical ways of'nlinklng,

1s based on the principle of the varlable._ Now this principle R

does not as a matter of fact lead to any hiuh dewree of L

abstraotnesa but only to cenerality (5) It is perfectly

Possible to ennunciate a PIOPOSition&l functlon—-i. e. an”:ﬂ'-’

(35 "Loaic as the Essence of Philosophy, ﬁ:'42

- {4) A h]%ﬂniehaaci,, "Introduction to %athematics "
p. 15: “Mathematxcs as a peience commenced when first someone
probably a Greek, proved propositions about any things or about
some things, w1thout apecification of definite particular things n
* Also Russell, ®., "Mathematics and Metaphysicians,"
(In"Mystlcism and Logld) o, 75t "If our hypothesis is about any-
thing, and not about socme one or wmore particular thinos then our
deductions” constitute mathematics,® _
: cf. Alsc his "Principles of Nathematics L 5'
"Wathematical propositions are not only oharacterized by the
fact that they assert imklications but also py the fact that
they contain variables." _ A ‘

,(5) Carlyle in "%artor Resartus " facetiously givea
Prof., Teufelsdrikh. the title of "Professor of Things in Gensral "
He probably was not.aware of the implication that the German
sage was a Professor of Mathematics., : :

45



asgertion involving a variable—-and rsgard it as an alsertion
about Smith Jones Qr Brown who are gupposed to be living
individuals, in no wise abstract. What we derive from the ﬁse
of variables is ambiwuitz Ambiguity is abstractness in a very
.Speoial sense--1t 18 the abstractness which belongs strictly

to the gymbol, not to the thing symbolized., But a symbol, if-
it is 1o communicaté a tfue or falss proﬁositién, must denope

sometﬁing; it is tﬁe_thing denoted, not the symbol, which, in.

Mr, Husééll's opinion, figures in the actual proposition~;and'
he régards légic as a system of prdpositions, not of symbdlé.-
Ldgic'is a special way of aeaerting pfopbéitiona._ Its way'df
asaerting ‘them is abstract; but ite subjeot matter, the body

of propositlons may be perfectly conorete.

This symbolic abstractneaa is the only kind deaig-
nated by Russell’, in one of his Lowell 1eotures under the

"prlnciple of abatraotion" (it is there not given in terus of

vari&bles and values, but of class and membership 1n a class,

'chiefly, I presume, in consideration of the audience and ‘the -
‘allotted time), and 1o ig evidently quite aware of its speoial-'
_1zed oharaoter, for he remarks that his notion "might equally -

well be called 'the principle which dispenses with abstraction”’fg)
| : v R Sy

When, however, we come to deal with ;he fUndamenﬁal

notions of logic itself, it becomes evident that these notioné

ks
L

- {8) "Logic ag the Essenco of Philo&qﬁq P 43
- (eof. reference above, p.4§, No+e. o
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are themselves truly abstract. We are not talking in ambiguous’
terhe ahout:j ny ohe of a class of objecte 1. 8. about any -
value of an ambiuuous denoting symhél; we are talkinc about

the ultimate common factor without nhich two members could not

belong to the same claee. Ruseell discards thle ccmmon element

}

on the oround that "we do not knoa whether the property exista"; ;
to thle We might reply that we do not know juet what he means

by a progerty- because he has not told us, but we do know that
mhether the common element be oorrectly deflned as a property

or_not there ie somethina ccmmon tc our two terms It may be:

é;P?QPGTtY or relation or what-not; at any rate, it unites  the
two terms in'a class, or under a concept (the ambignously denot-
ing function) . Now'for ell methematical'pﬁrposee ‘the faot

that somethlng may be aeeerted of an unsPecified one of the‘

_several terms Nill eerve to ineure general1ty, but then ag in

_euch an ambiouous assertion is poeeible, we are lookin5 for a

-perfeetly definite and unamblguous notion Such a oondition

‘miuht be eaid to lie upon & further “1evel of abstraction“ f

~

,than the terms whioh exhibit it (7)

o (7) Nevertheless, even Wittgenetein, whose interests
.are philosophical rather than mathematical, perpetuates this °
confusion: "The concept number," he says, "1s nothing elss '
than that which is common to all nunbers, the peneral form of |
numper,”

The concept number ie the variable number.,,
_ ﬁTraotatus,, 8.033) . o :
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I have borrowed the term, "level of abstraotion,
from Dr. Sheffer, whose .short unpubliahed paper in the Harvard L
Library (8) (to which I have already had occasion %o refer)
is the ohly tfeatiseﬁknown vo me Which.définitely setg forth

‘the notion of what I have called real abstraction, to dis-

tinguish it from the symbolic abstraction exemplified in the

logic of mathematioa., A'little.study of this paper, (Which '

unfortunately is too. brief in relation to its novelty and
importance to be comprehensible without further el#ucidation)
is indispen31ble at thls point, in order to explain the mean- '

'ing and derlvation of such "levels,"

“'The_process by which Dr. Sheffér prbceeds from a
givén class of entities to a "élass-fﬁnction," from a relat;dn -
to‘a “relétiqn—funotion,ﬂ ffom_a particular_sfstem to a "system-
fuhctioﬁﬂxis not’divergeﬂt from Russell's procesé of mathématiéal
generalization;hinrfact, guch names &as "olass—function “:“éystemf

_function,? are ooined upon: the analogy of the familiar “prOpo-"'

Bitional function“ of Principia Mathematlca. When we deal with .

a lOUical base (Kpﬁm), we have before us a complex variable o
o‘F' T
structure—-variable not only in respect of a certain classhsys-j;

tems a8 it WOuld be were we to write, 8. Zuy . (K Rz) whichr
would ambiououaly denote any of a class of systems having three

elements and_a dyadio relatlon——but in reSpect of certain

T (8) “General Theory of Notational Eelatlvity“ _
Cambrig{Mass.) 1931
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classes of classes of systews, namely the class of systems

having 3, 4, 5,....n elements and a dyédic relation, the
class of systems of 3, 4, 5.... nJelements énd a triadio
relation, etc. etc. Thus our symbol express1ng the locical
base depends upon four 1ndependently variable factors. And
yet we are operating upon precisely thélsame “1ével of .

abstraction" as the logic of propositional functions.

:We now'ooﬁeAto the notion of validation--a strictly =
logioal equivalent.for Russellfs danoerously metaphysicai notion
of. truth (respectively falsehood)--and as we mibht expect
itha respective generalization the validation-function or
“validand",_and we are told that "a validation—function c{, )
represents; therefore ambiguously, either the positive - B
validafum, t4', or the negative validatum, ‘a,' _(9) VThis -
vaiidand oharactérizes any and‘every possible combinatiop ?f“
1tho élements of K, suoh és: "R a b Cov..," meaning either
“R ab c...+," or "R a b c...—.ﬁ Any sueh speclfic combina-‘
tion is a postulate on the logical base KR, and "R a b °"’, “ 3
»denotes ambiguously two possible KR—postulates namely thsii_ ‘

positxve and negative determinatlons for “R a b c....lj

But on the following page we find that comblnations

suoh as R aa, Rab, Ra b c eto. may be characterized by

'_ () H. M. She'ffer, loc . ci‘t.‘p". '7
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alphas whose values are determined not with respect to their
possible interpretations, but only wiih.respect to sach otherr
Thus we haﬁe "R aargﬁafa)n‘and ﬂR.a b <£ (éb)ﬁ whioh may be
determihed with respect only %o ‘eadh other--i, e,, so that
either da a = a b, or o{\a. a ¥da b, without introducing the

range - of ambiguous denotation of elther alpha. Such an expres-

sion as "R a a6£(aa)" Dr Sheffer calls a "superpoetulate" (10)

How when we establish a relation, like the one . ocited above,

petieen euperpoetulatee we are dealing With the notion

unambiguously denoted by "Cf" npt witﬁ either_value of

ambiguouely. The ambiguity ‘here belonge'not.to'the symbol

‘but to the concepi symbolized This oonoept‘;ﬁ;'ie not -

either m}“ or, h=t; it is the concept "either;plue-or—minue L

And at thie point I think we have proceeded from symbolic

abetraction to conceptual abetractlon--from the diejunctivelz

given valuee_of a variable to the conceot of 2 dieiunotion (11)

Since the paper on notatiunal relativity was written'
Dr.,Sheffer has I believe worked out oertain further gener--7

'alizatione euch as that from an R(m) (an R of any degree) to-i

(10) loc. cit. p. e’}

(11) Tnie view may be contraeted with that of DT
L. Wittgenstein, who holds that the abstracted concept is the
variable, {Stc foel note, T, 477 )

shog-—piriIosopiricus 6688
WThe‘oeneeo%—aum%e@«iewﬁe%hiﬁwﬂeleewmheﬁu%h&%mkhioh_¥amm3ﬁﬂﬁb :
Uliﬂlpnumbanﬁm4ﬂﬁrw®ﬁBTE&M§e?mmﬁf“ﬁﬁmb€f‘“ '

Inemaonoepemnumbermieuehemv&riab}emﬁum%ermmmm
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one truly abatgaot R~condept (18), whioh he denotes by the
Greek létter "ﬁ“,'ahd which no longer. involveé the'notion of -
degree. This i8 the sort of ahstract concept which seems to
me indispensible for the study of the fundamentals of logio; -
if fundamentals can be reaohed at all, they are presumably '
suoh "guper-elements” (to‘qoin,a word on'the‘analogy of "super-
postulate®) as the notion designated by "P* (which I think
-may be:;aid to mean something very close to }elatedness per Be)
of by a posaiblef~though'yet uninvented-—absfraotion therefrom.
But as'fhia pait of Dr. Sheffer's ressarches is étill unpub- S
llished and inaocessible I have no Bource whereupon to base
such (probably premature) speculations., My purpose ie served ;
:1f the case of the super- postulate, involving inter-related‘
though uninterpreted Validands, 111ustrates the possibility ofr
further Flevels of abstraction” than' the usual 1eve1 of ambig-‘.
uous denotation.i ;; | i -
Mathematics, which is based on the use of variables,
could probably be constructed partially on an alternative‘li?_ 
'system of abstraot ooncepts. The choloe, in this case, of the -

“variable“ level ie a wilse and natural one: though psrhaps not

the only one possible.' The fact is that every abstract ooncept

may be replaced by a variable, though the converse does not

(13) It should be said in falrness to the author of
that pager that {so far, at least, as the paper is concerned)
he is innocent of all metaphyslcal notlons about the Btatus of
R, R-concepts, eto.ﬁ~My sins upon my headY : _
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necessarily hold (13), We may always paea from areuperpoefu«
late to a poetuiate, from this to an aeeumption—~from a rela-
tion—ooncept (which Dr. Sheffer calle a "relation-funotion-
function“) (“P") to a generalized relation—function ("Rpp®)

and from thie t0 a special relation—funotion (euch a8 RZ) and
finally to a specifio relation (such as “beeide,“ Ywithin,".
etc.) . In .other words although agstraction 1e dlfficult
enough, once the ‘abstract idea is familiar, 1nterp1etation ,_-
ie,oomparatively‘easy; And it'certainly would be folly to

go further in the direction of psychological darkness and'
nefaphyeioal abstrnSenees than the subject—matter in queetion
'demande. If as mathematicians we are able to work with a |
“principle that dispenses w1th abstraction,“ we do not need

William of OQoam to ccnvince ue_of our good fortune, -

It is intereetlng to note, however ﬁhat'eeen _

Mr. Rueeell may become 1nvolved in the subtletiee of "real

.abetraction. Readere of the first edltlon of Principia have i"

ever been puzzled about the exact meaninb of the symbol. ¢x (14)

The qariable propoeition, or propoeitional funotion is rendered

by Px; in a reoent ‘talk with Prof. Whitehead I came to the con-

olueion that the meanlng of ¢k cannot be rendered verbally, w"'

at ;east under the 5rammatioal reetriotione of any language.
(13) It hae -for examole, go far proved impoesible

to abstraot from KT Lo a eigniflcant notion “K"

~{14) Compare. p. 40 (second edition)
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‘known to me. But the new edition of Principia gives, 1f noi

an interpretation of the symbol, at least a definition of 1ts
meaning: e may define a functidn ﬁ R as that kind of sim-
ilarity between prOpésitions which‘gxists whep oné'results'
fromrthe.other by the sﬁbsfitution of one indi%i@ual for
another," (;5) This seems to we to make ﬁ? a_frue.abstraotion,

for the similarity of propositions (more properly--that

structﬁral elemant, common to several propositions, whereon

guch éimilarity rests) certainly is not a'variablé;fhaving

propositidns or_propoaitional functions for its valuwes. = .,

(5)Rine Mo, XXX
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Chapter 5. e

, PrOpositional Logio

There is among modern logioians of almost every

sohool a tendenoy to treat the

”rooosition as the fundamental-

element in lowio (1). Whether, like Frege, Russell and
MoColl, we call this basio unandlyzable element by the objeo~‘.

tive name proposition, or regard it, with ¥, H Bradley, as

a-judgment, or with Husserl as an "got," we are talking about-

the saﬁ;-thing-—somethino’whioh is_either truo or false,

Truth and falsehood belong esgentially and exclusively to

propositions (or, to generalize our telms truth-value belongs to
) 3 .
P;opont1oh5 m-poﬁoﬂ+wn&{umﬁwmfhe old logio, which revarded
oonosots as its ultimate constituents, viselded true or false

statements, just a8 any science doas, out 1t was not a science

of truth and falsehood any more than physics or geOgraphy.

Like eVery scisnoe, it was expressed in a body of prOpositions
but these wsre its medium and not its matter. But of late it

appears to be the general conoensus of opinions that proposi-ss

: (l) cf. Louis Conturat, Sur les Rapports Logiques
des Concepts et des Propositicns® ("Rev. de Met, et Moral,".
Vol, 24} D. 15: "Tandis que la Logique classigue reposait B
tout entiére Sur la notion fondamentale de .concept, la Logis=-
tique oonsidere cette notion comme complexe et derivae et... )
la subordonne & la notion de jugement, qui est beauooup pIus
générale et vraiment primordiade."

Also Hugh MeColl, "3 Loglque Symbolique 8t

ses Applications" (Bibl. du Cons res Internat. de Phil." III) ‘
P, 135: "Il est certain que]esfwwnﬁﬁknn quelles goit simples -
et indivisibles, ou complexes et a1V1szbies sont les unités
sur lesquellas nous basons, et avec lesquelles nous exprimons,
tous nos raisonnements."” -

{2) 1Ivid. p. 17: M"Ainsi une fonctlon proposition-
glla est dans chaque cag -particulier, susceptible des deux
valeurS"f al et §gﬂ¢x, et de oelles -13. seulement (oomme _
toute propos;iton_) _ - L X Lo
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tiong are logically prior to concepts (3.), and are thue the
content és-well”as the form of loglc; that therefore-truthii

and falsehood are oonstitutiva elements in ite fielq, belong—
ing to the material of the science as.well as to its ‘conclu- 2
sions,and_implication,-which is the most important relation
obta;nihg between nropositions, must be'a,basib unanglyzéd.
'notion. The proposition rmust be taken as a whols, not broken =~
up into ooncepts, for in the latter process 1t 1oses its
character of being true or false, and can no 1onger figure

a8 a term of an implication—relation (4)..

T (3 ) W. M, Kozlowski in a raview of Kazimir ‘ _
Fwardowski's book “Represantationset'Concepts * (Rev. Phil, -.
Vol. 489 pp. 435- 65 treats this general opinion as a definiye
gonclusion: "Ce n'est que derniérement qu! on est parvenu a
la conclusion que les jugements partioipent.-a la formation
des concepts. Quant avzrelaliens qui existent entre les jugements

8t les concepts, il y a trois opinions diverses. Les uns,
comme M M Suppé et Erdmann, identifient les concepts avec 1ea
jugements; les autres (M un’ Bergmann Jerusalem, Wundt) oon-
sidérent les concepts comme résultats des jugements. Les .
troisiemes (MM, Rickert, Lipps, Bosanguet, Ribot) voient dans
les concepts aes Jugements potentiela. e o _

. 0&1.. cf. G. Frege, Weber Begriff u. Gegenstand LE
p. 205t "Nun. haben wir bei der Beziehung dieselbe Schwierigkeit;
die wir beim Begriffe vermeiden wollien; denn mit den Worten
‘die Beziehung: des Fallens eines Gegenstandes unter einen
Begriff' bezeichnen wir Keine Bezishung, sondern einen -Gegen-
stand,und die drei Eigennamen 'die Zahl 3,' 'der Begriff
Primzahl 'die Beziehung des Fallens eines Gegenstandes unter
einen Begriff,' verhalten sich eben so sprdde zu einander wie
die beilden ersten alleln; wle wir sie auch zusammenstellen,
wir erhalten keinen Satz’." S e S
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propositions is historically explioable because logloc has
recently pessed through ‘the utilitarian stage (5), when - _‘
ite chief duty was supuossd to 1ie in imparting new knomledge
tc eclentists, in fact this stage can hardly be considered _
altogether outgronn——Pragmatlsts §till turn to the supremely
impractical and intellectual discipline as to an_oracle, and
we have not entirely lived down the scandal. called “induction."
Now the old logio of concepts made 1mulicetion appear as an
analyzable relatlon dependent upon the inclusion of one con- .
cept within the other, this. made obvious the fact that the.
conclusion was entlrely contained In the premiecs(s)Hamllton
by explicitly "quantifying the predicate,f'destroyed every_
iilusion of novelty in the conclusion--he.pnlled tne white
.rabbit out of the'conjurer 's slesve and showed plainly that
syllogistic reasoninn was mere analysisET)Consequently the
old logic of concepts sank in the esteen of the utllitarlane
who were holding the philoeophical f1e1d° not the oonoept 7
which 1s “static" and "sterile," but: the proposition, which e
conveye real information enocld henceforth be exalted

(5) J. S, mn "System of Logio," {18t. ed.) p. 13-
"If a science” of logic exists or is oapable of exieting, 1t
must be useful M . ‘ S A AT

(8) This viewpoint is defended by A Sid vick in
his article on "ConceptsandWeaning® (Mind, N. 8. 4 "When
We have two 'premises' and do not yet knom exXaotly what con-
clusion they support, that fact implies some failure in our
apprehension of the meaning of the ‘premises' themselves,

Their joing meaniné really contains the conclusion.® (p. 298)"

(7)'3 "auantification of the. FYEdLC@:Q is an

Vto}c,{ .np_}whl' olnﬂ”mg ,wa—a.b'hj me 1he,npkv-&$+u.$ b“""} ‘+5

, ‘VTSC,C:QY\'\Q'L&“_ w\ n\obt‘:‘,\-n 1@31'& 13 dwe. 'f'o H‘&h\ﬂ'fOV\
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(5 '\,Jhﬂe. Hamt?"i'mn and. JP\JouS proved that . L
conceptual louic was analytio the algebraists reduced the 7
logle of classes to a mechanical scheme, and arrived at thell
same reéults for extensional terme and relations ﬁhichlthe
conceptuallsts had reached upon the intensional view, Here
agaln a calculus of prOpOHitiODS had -to be brought to the

rescue, and implication, with 1ts promise of Ylelding new.

information, bedame the logical_relationrpdr exgcellence (8).

_ These are the developments whion have set the f._
stage for the 1ogic of proyositions—-for Boole's “prOposi-
tional 1nterpretation“ of his logical Algebra, choll*e‘_
"Caloulue of Equivalent Statements, ot Frege'e "Urtheilekal-‘
&ul " and finally the elaborate masterpiece of Whitehead and

Russell "Princlpia Mathematica. : There 1s now a well--

established v1ew that the study of pr0p081tions and of the

relations whlch obtain between propositione is the only t,ﬁ

legitimate claimant to the tille of "logistic, " and 13, 1n .]

fact, formal logic itself. Prof. Lewis has called this the B

“orthodox" view of logistic (9)

. (8) cf Lewis c. I, "La Logique et la Methode
Hathematique" (Rev. de Het.. L2t Mor., 29) p. 469: 'Les
travaux.de 1'école italienne,comme ceux qul s'inspirent de
thitehead et Russell fondent toute la logistique sur la
relatlon dfimplication,” :

Also B. Russell,"Princ. of Hath", 'p, 1ll:
"Symbolic Logic" iS eesentially concerned w1th inference in
general n

(9) C I Lewis, ﬂSurvey of Symbelic LOgic,ﬁm?i 354
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Now 1f it be true that 1ogic deals espentlally

with propoaitions and their interrelations it certainly is a '

_peculiar fact that the caloulus of prOpoaitiona was originally
nothing but an alternative interpretation for a system of
marks oapable of other, more cbvious and natural applicationa
(10) Conturat thought to fix the deslired propositional mean- .
ings, by adding a postulate which would rule out all other :
contexts the much debated “postulate 10" of hia "Lt Algebre

de la Logique“' "X # 1< X= 0, X % 0 <X=1.0 (i1)

'Aﬁ first it appears strange that this formula,.whiqh“
sets £orth a purely structural trait in an otﬁerwisé widely h
adaptable system, should really linit the possible adaptations
df.that'system to a single one. 4As a matterlof‘faot, every -
_other interpretation of Boolean Algebra that Has as yet been
.found breaks down on the addition of “postulata 10" (18)

'But the reason for this lies not in the unique charaoter of

T (10) A. vOiot, op. cit., p. 307- “So Wie die
Objekte k#nnen nun auch die Urtheile und Begriffe .zu einander
in Beziehung gesetzt werden, d, h. Urthelle gebildet werden,- :
deren Ohjekte Urtheile u, Begriffe sind R

(11) - 85 : o _ _

(18) ¢f. ¢. I. Lewis, "Survey of Symbolic Logic,"
D, 86: "It is a curious fact that the one obvious law of an
algebra of O and 1 whioh Boole dees not assume is exacfly the
law which would have limited the logical interprstation of his
algebra to propositions, The law if X § 1, X = O and if X § O,
X =3 1 is exactly the principle which his successors added to
his system when it is to be considered as a calculus of propo-

sitions. Thie principle would have made his aystem completely
1napplioable to logical classes.," : _ o L
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propositions and their relations, but in the fact that Contu-
rat's axiom Introduces into tho'oystem a Btfuotural fallaoy,
which tho customary wording of the pr0positionai interpretation
happens to oonooai buf #h ich anj othei iuterprefation makos
immediately obvicus (13). We are then porsuaded that the
applioation oannot be carried out simoly on account of some :
.difference of form between the two systems we sought to co-
.ordiuo%o.' o | “ : ' L
The fallaoy, Nhion is hidden by the “partioular“

reading in terms of prOpoeitions and truthwvalues ghows

iteelf upon a mere preclse and literal reading of the symbola
'than has 80 far been customary. Let us take Conturat's rule o
together with cne of the most important theorems of the - ;i |
:Algebra?i:ilk (a) o <x < 1 | (Theorem) e
T ) x1<x )
e C Kfo<x

L[}
o
.,

| (Postulato 10),13'

The interpretaﬁion of (a) 1s usually written, L¥ falsa proposi— R

tion impliea any proposition and 8 true pr0position is implied

by any proposition. (14) The symmetrioal appearance of the

aymbolic expresoion and the assymetry in the form of the render—-:

ing should make one auspicious of some 1naocuraoy_in the trans-"
(13) An attemot to construct another interpretation

-which should commit the same fallacies and thereby appear equally ‘

plausible, will be found in the aopendix to the present chapter. (ﬁﬂ°*)
(14) This is the verbal interpretation given in

Prinoipia Mathematica where the symbolic expression readas:

®3,08" ; g w2, p :’q"‘(“a true proposition is implied by any

proposition") % B8l " . s, P 2q ("a false proposi- o
tion implies any proposition“) N .
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lation, Ae a matter of fact, the oorrgot wording is--"any
folse.proposition lmplies any‘propositioh, and any proposition .
implies any true prOposition.* .This emphasizes thé variable _
nato}e of d and 1. In the Calculus of Clasges this is not.. A
paralleiéq. The—empty olaéo and‘the.universe oiaéa arse oonstohf
entities. Tho secoﬁd‘exprossion, howevef, cannot be réod in
like maﬁner-—we do not mean, "any propooition'is ony true or any

false proposition o but--any prOOOBition is true or false. ﬂThe'

fallacy lies in ueina 0 and 1 both as indioes of truth-value

and as ggggg_in a ¢alculus whers every term has a truth-value.
?fof Lewis, foilowiﬁg Frege , tran&latea "o 4X" and “X*(i“ as,
respectively,.“the false implies any prOposition“ and "any -
Vproposition implies the true,” ; ThlB is, of course, a slightly- 
ambiguous way of statiné that a (or any, or every) false prop—
osition implies any proposition, etc. But we cannot use "the- -
false“ and "the true” 1n the sense of the olass of all false {f
(respeotively true) propositions, and then write_“x = 1 "' If o
0 and 1 may really be used as ;ggmg 1n the oaloulus, and we :.H
aocept the postulate that any term X either = 0 or o 1 then we -
‘have not only a two-valued algebra but a two—termed algebra,
whioh would be perfectly valid but oould nardly esoape thelgjfir
charge of triviality (15)

(15) AFrege regarded iogioal algebro‘as;'sfriofly-
speaking, two-termed; every proposition being a proper.name
whose denotation is "the True" or "the False,n

" RO 5 - a'! (nenne ich) einen Namen, weil es-

das Wﬁhre bedeutet, es 1st ein Eiéennahme " GGrundgeaetze "
P.. 43 . . : . :
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Thus it appears that Conturat's tenth postulate
-does notllimit ﬁhe possible intérpretafions'of Boolean _
,Aigebra, buﬁ 1ntroduoea a8 fallacy'i#to the sfsfeﬁ whioh _:‘.
the propositional treatment happeng to hide,;butrwhioh
beoomes apparent by any other application The caioulus‘
of prOpositions is, -in faot, only one among sove:al meaﬁf
ings that may be given to the abstract form developed by -
the aléebraiaté. That it can thus be treated, "1"3' evident
from the application of the algebra to pr0p081tions as
Boole suggested it in his MLaws of Thought"; for he does .
not employ ‘any postulate here which has not its oounterpart

in the calculus of olasses or of relations (16).

RN

Princinia Mathematica makes another attempt to B

formulate a scheme whioh ghould lend 1tse1f only to the ;._ 
prOpositional rendering Whether any other interpretation f.
is possible I do not know; I have as yet never seen one that.
seemed entirely unobjeotionable, but that is ne proof to the

contrary.  It iS interesting to note honever, that in so;”7

. (16) G. Boole "An Investigation'of the Lawe ofl-%
Thoucht " p. 163; nInstead of olasses of things, we shallgg‘
have to substitube propositions, and for the relations of ™
¢lasses and individuals, we shall have to consider the con-:
nexions of propositichs and events. BStill, between the two
gystems, however differing in purport and interpretation,
there will be seen to exist a pervading harmenious relationm,
an analogy which, .1s of itself an 1nterest1no subject of
study, and a oonolusive proof of that unity of oharacter -
which marks the constitution of the human faculties.®
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far as the caloulus has any olaim to uniquéness, this rests
upon the same “twoﬁvaluedﬂ character as COnturat's, and the
notions of truth and falsehood play the same equivocal parts
that they played in the 5uise of O and 1.’ Only their machi-

nations are much subtler here, for there are no syirbcls for

"trule" and "false." (17) If p is true, ~p 18 false, and

vice versa; but which is true and which false cannqgmpgmigg;-,

cated. Sometimes the assértion—sign 18 taken as the index

for truth-—“if 1 F (p 2p)! cccurs, it is to be taken as a |
complete as&ertion convicting the authors of error unless the
proposition 'pap!' is t:us {as it is). '(18) Elsewhere, -
ﬁowever,'we are tdld that 'p is ﬁrué' 18 ggg the exact philo;.-:

sophical meaning of " F p.". (19) But granted, even that .

. {17) The same criticism applies to the works of
G. Frege, upon which, in large part, Russell's loglc of prop-
ogitions was modslled., I have chosen Whitehead and Russell's -
®Principia Mathematica" for my“household example’simply because.
it gives the latest version of the idea supgested by Frege, and
because its symbolism is incomparably more convenient than -
Frege's. That he %00, .however, was confronted with-the prob=-
lems of truth-value is obvious from passages like the following
("Grundgesetze der Arithmetik,"™ p. 43): "Den Urtheilsstrioh
rechne ich weder Zu den Namen "noch zu den Marken, ‘er ist ein
Zeichen elgener Art,.....(p. 50) So haben wir nun:.den Fall, dass
der Satz ans dem Urtheilsstriche und einen Namen eines Wahrheits—
fwerthes zusammengesetzt ist. Durch einen solchen Satz wird
nun behauptet dase dleser Name das Wahre bedeutet n

(18) Prinoipia. Ma,thema.tica. p. 9 | e
(19) Principia M&thematica P 92: "The gign ! ' is

called the assertion-sign; it may be read 'it ls true that!
(although philosophlically that is not exaotly what it means),n
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truth is axpressed by the aseertion—aign;'there is no corres-= _'
pending ejmboi for faleehbod;-for if We-tranelate'ﬁA,pﬁ_esi“
"notep-" or therpronoeition'whiCh contradicts p, then we:may
write ® F aup“m-#hich in fact, is a perfectly 1egit1mate
expression according to Principia. Now the assertion of
“not-p“ ig not the same propositlon ae‘ﬁpris false"; theklat- '
ter'ie a prOpoeition_about , and its contradietory is notr -

"p," But "p is true." Neither in "p is false" nor "p is true"

is "p" asserted; it figures in both these aeeertions as an |
unaeeefted propesition,'“ae a subordinate part "of an asserted o
prOpoeition.* (80). The GOnfueion arieing frOm the use of
p“ to expreee the complement of "p," whlch 15 a term in the |
caloulus and may have either positive or negative truth value, |
and the neﬁative truth-value for “p“ is eV1dent when we try:
to eymbolize the ‘statement that “pqp is true implies that P .
ie false. n This can be stated only, "k '-Np :n~p._ (81) |
Now thie statement may be read in eeveral ws"e—-(a) "‘p is |
fﬁlss' impliee 'p is false,'" (b) "not-p implles not—p " .
{c) "'p s falee' impliee ‘not-p 1s true ' n'not—p is trus’ -
tmpliee ‘p is’ falee. o The reason why this eort,of eqnivo—‘fe
(20) Loo. cit. 1nfra'- In thls reepect the eymboliem
of the "two-valued Algebra® is superior to the oompact econom~
ical symbolism of Principia; for ite great variety of forms,
generally criticised as ueelese redundency, allows us fo drew
the distinction, thus: "-~p =1 <p 0. “‘.
(21) “Principia Mathematioa’ P. 93: "The eign 'P'

is called the assertion-sign; it may be read 'it is true that!
(althéugh philosophically that 18 not exactly what it means) .,
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catlion is not immediately apparent lies, of course, in the
faot that all four readlnge yield valid pr0poeitions. fet
‘1t is possible to construct a genulne oontradiotion due to'
the double meaning of the negating_ funotion, e. g.,F* pa>q.
This ls, by definition, " f'f ~AD v;q." VTheitermer“p“_and
ﬁqﬁ are feal veriable85 restricted only to the field ofiﬁrop—'
ositions of a certain type. Therefore "g" may take the valus
|1.'»-';p-l."i'(BB) ﬁow if we:read LIS %A,pqu“ as, “either'p is
false or q is true,” and give "g¥ the value “,up“' then if'p"
ie, in fact _not false, we must conclude that g p is true,
hen not—p is true. " According te the formal properties of
the calculue, " k -fuvpv%vp" ehould be perfectly valid 1f 7
" __p" can be asserted at ell i. e., if "wp" is a proposition
(33) As long as we treat n popt as the complement (oontradio-
tory) of "p", such oontrediotione oannot ariee, it is only

m.th the 1ntroduotion of truth—value ag something expreeeed

by the eymbole of the oeloulue, that oontradiotlone (whioh

lways rest on unpereeived ohancee of meaning) can arise in -

an otherwise coneietent syetem. ;é__~;\

Truth-value however, is Just the element that seems-

to eet prop091tions apart from all other kinde of entity,l-?,:

Truth—value ie indiepenelble if we are to have inferenoe,f

(28) P andan are of the same type. : '
of. Principia:*1.71, "if p is an elementary '
propoeitlon ‘r‘p is an elementary propoeition. :

(23) 'F'r-n\c 1“’\3%1’\*4— 34
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and inference is deemed necessary for any system deserving .. -
the name of logic. It has been sufficiently pointed out o
that ths calculus of implioations'given by Principia does-.
not deal with "rsal“ implioation but substitutes for it a
rrslation which wight Juet as well, if notibstter,_oarry
anothsr name- (24). "Real® imnlication,'exprsssed‘in ths.,
form--"a, therefore b," remaing in the "a%jogioal“ back—
ground and escapes symbolic fixation in losistic systsms  .-

as wsll as in any other (35).-

_ Boole in his’ propositional calculus doss not use _
the notion of implication. He calls attention to the fact_ o
that “a ncvsr or b always“ is true Whenever the relation |
of implication holds, and that in his calculus of truth-.-.f
rvaluss it appears instead of the implicative rslation._ﬂ Ji:'{
In his systsm not every proposition equates to 0 or 1;5?.
hence the propositional intsrprstation does not require anj
unique postulates. The germs of "matsrial implication"_ S
‘and "formal implication“ are all wsll started in the Booleanlij

system - bud hs doss not confuse the oonditions for an impli-_5‘
o , S PR L

A (84) Lewis, C. I., "La LOgique et'la msthode math-"
ématiqus, p. 470: Wette relation a'est pas celle gque rous

avons ordinalrement dans 1lesprit quand. nous disons‘A impliqus
B' ou 'B peut gtre infere de A, 'F

" {35) ¥Princ: of Math® D. 35- "Ws‘nssd, in faot, the‘
notion of therefore, which is quite different from the notion
of implies, and holds between different entities....When we
83y thersfors we state a relation which can only hold between
asgerted pr0positions and which thus differs from implication.
Wherever therefore ocours, the hypothesis may be dropped and
the conclusion asserted by itself LIV
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cation with the occurrence of it (26). Couburat, who prefers
%o deal with actual implication, takes it as a fundamental
_notieh. He does not attemot-to define 1t, But'if we know
that a impliee b, we may deduce the theorem that if a is true,
b is true--in his symbolism: "(a < b) < (a.b' = 0})," or
"(a«(b) < (a! -+ b= l) " As soon as 1molication ie defined—-
as Russell and Whitehead define it in terms of negation and ‘ 
die;unotion--it hae 1ost ite power, eo‘to epeak; it is no
longerrthe relation which lets us infer that this yeer is ﬁhe'
Year 1935 becaugs last year was 1924, What has taken it
place is merely an ordering relatione-traneiﬁive, ﬁon?symeefeg

rioal and 80 forth.r

'Thé uhiqueneee and importance of “reel“'imﬁlicatieq }

reete upon the fact that it allows us to 1nfef'eomething.;

There ie, 1n the oonclueion of an inference, nothing "new" .

except in relation to some apprehendin@ mind, ehat is new is

‘;y reQOgnized befo:e (2?). Peyehelogioally,.impl;oatipneis .f

(26] G, Boole, "An Inveetioation of the Lavs of S
Thought 170 "To e*preee $he conditional preposition,
'If the proeoeition Y is true, the provosition X is true,

"Since whenever the proposition Y is true, the
propoeition X is true, it is necessary and sufficlent here {0
express, that the time in which the proposition Y is true 1e
the time in which the pro;oeltion X 18 true,".

(27) Ypring. of Math., p. 33: *In the discussion of
inference, it is common to permit the intrusion of a psycho- .
logical element, and to consider our acquisition of new knowl=-
edge by 1t8 means, But it is plain that whersver we validly
infer one proposition from another, we do so in virtue of a
relation which holds between the two nropoeitiona whether we
perceive it or not." : : o o Lo
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the all- important fundamental relation between aeeertione'

logioally, 1t ie a complioated, specialized and secondary one.. s

. It is interesting to note how the 10510 of propoei— i
_tione, once it has been perfected to the degree of yielding
an almost faultless caloulue, returne to the status whioh it
had at the beginning of its ambitioue career—-being one’ of:'
several interpretatione of some purely formal syetem. The
peychological element of aggertion, whioh makee proposiﬁione
appear indefinably different from any other obaeote notably
from propoeitional conoepta and the "true™ implioative func-
tion which depends upon agsertion (23) are both charaoterie-
tios Which will not be caught in any oaloulus' but thie'iso
not due to the ehortoominge of- formalism but to the faot that.
theee are interpretational elemente, which cannot be rendered ”1
.in abstraoto any more than the sound of Mone-lined Cf" or the.

feel of velvet Aseertion is related to belief desPite Mr.

Russell's eomewhat vague allegation that there ie a non-psy—'dﬂf.
'ohologioal sense of aseertion in this "non-peyohologioal eense "
" }: p" eimply meane that p has eome plaoe in the system, and
the aeeertion sign is an item of punotuation. In ordina:y "'_
writing, we take “aeeertion" in thie senee for gnanted,-and7.‘ E
instead of indicating 1t by any epeoial devioe we'ha#e a.
symbol for non—aeeertion~-the inverted commas which denote that

the word or phraee they enolose is either not to be believed,

. (R8) og.Prino. Math! po. 34f35Fdﬁflﬁ
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or 1s to be treated as a term of the discourss, As for '
implibatioh, it loses all its peculiﬁr gignificanoe if we.f-‘
divoxoe it from the”psychOIOgical-element whiohAHusserl hasi
distinguished as "Urtheilsgefﬁhl“;_ﬁhat remains, in purely
formal_terms, is a rslétioh between.terms (of any sb;t)

which ?ﬁlidatea or invalidates aaeertions;’and Beveral oom-
piex ralationa'betﬁeen'concepts nhich underlie implication. '
8o these attempts whioh have been made at & unique proposi— |
tional syatenm have all been made at the expenae of formalism-
and it cseems rather unfortunate that logic should be char-

aoterized by certain arbitra:y alxogical elementa,

The search for "logiocal fundamentals“ reveals the -

BATY analysis. The attempt made by Wittgenstein to diacover f
the philosoPhical basis of” logic, ending as 1t does in per-
taot alfogicien, or mysticish, is a fair illustration of this
faot. So long as we do not ssparate form and content to the .
'best of our ability, we cannot hope to find the maximallz

abstract forms wh ¢h are really indispenaible to any and every

aystem.‘ Russell himself has defined the “logical oonstants“-‘

as the forms whioh propositiona (or olasses of propositions)

have in common (89), now these forms are not pcculiar to

(89_) A'“‘Logic as the Essenc'é&“‘f.-éf"_‘-’Phﬂosor,\{x‘] " o
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propositions, In so far as they are exemplified in’the
propdsitiona% syatem oniy; they are special. cases of more -
generaliﬁed forms béionwin@ to wider and wider systems. o
And a process of true abatraotion .which is. inapplioable

to the propositional calculus without very quickly destroyina
the nature of propositlons and the implioatiVe function, is
the only process that is likely to reveal the ultimate (or

at 1east provisionally ultimate) “data“ of logic.
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. Chapter 8,

Logical Data. '

In view of the preoeding chapter, iooic appears no -

‘longer as_the study of the relations. that hold between propo- .-

eitions and enable us to draw inferengee,mpgtmge‘mnemgtggmwgﬁ.

forms regardless of their content. The material of logic, Cy
which is gtructure, is inherent in every possible thing, fact,

81t tipn--"orderlinese and system are much the same in their

most general characters, whether they appeal in a Platonic
dialogue, or in a modern text-book of botany, or in the commer-
cial conduct of a bueinees firm, or in the arrangement and dis~

cipline of an army, or in a legal code, or in a work of art, or

even in a d4nce or in the planning of a dinner. Order:is order.'

System is syetem. Amidst all the variations of systems and of
ordere certain general types and characteristic relations gan . !

ngﬁggggg."r-(l) It 18’ through this approaoch that we ehall find
_logiera deeper and broeder science . tnen the.study of related'ex.
pr0positione, the latter may interest the epietemologiet but
the etudy of order,‘or as I prefer to oall it-:-the study of

forme (aa I am not oonvinoed that order ie at all pointe an in—
diepeneible notion) is of primary luoportance in all philOBOth*- :«gl
ontoloéy, coemology, aeethetice, epietemology, and ie, ineident-

ally, the guiding principle of every empirical science (2)

(l) I, Royce,‘ﬂxgﬁg'\cgof Logic“ (Eng. Tranel ) P 73
_ . W

(2) ef, A, B. Kempe, "A Memoir on the Theory of Mathemamoﬂ
Form," p. 89: "Two systems whlch are of the sams form have pre-
cisely the same properties, although the garbs in which they are
severally clothed may, by their dissimilarity, lead us to place
the systems under very different categories, and even %o ragard
them as belonging to ‘different branches of science.'® .
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In pure analysis we have no prescriptive proposi-

tions, such as Axiom 4 of Russell's "Principles of Mathemat~

ice“' "A true hypothesis in an 1mplication may be dropped ,-
and the 00nsequent asserted " (3) or the rule fcr the con-'

letxuction of classes and relatione given in Principia Mathe-'

matica: M"Just as e class must not be capable of being or
not being a wmember of 1¢self, 80 a relation must not be ref- '
erentﬁcr relatum wiﬁh-reepect %o itself." " (4) We arrive

only at desoriptive propositions, expressing the character

of the system in questioh; The peycholcéical or practical

effects cf this character, e. g. that it "yielde informatioﬁ n
"allovs us to 1nfer " eto., are qulte a001dental and irrel-_
evant 8o far as lowical thecry is concerned. Thus in a purely
analytic logic we do not take ogeretione as fundamental but |
expreee in descriptive terms the relations which underlie and

velidate them. Operations always give rise to a calculus, but

nct every eystem is suoch that a’ calculus may be derived from 1t

Thefrelatione which justify Operatione are alnayc‘rether sPec— f‘

1allzed and complex (bein in fact such'thet an M—adlc relaticn'

ccrresponde to an (M 4 l)-edic cperation), (5) and ‘therefors it

is an arbitrary curtailment of any analysis to regard an operation

as “undefinable. _Thie‘is the priccipal limitation of_Boolean
(3) ». 16

(&) p.ss ,

(5)" Rdyce e Qda}i‘tg“ IOJ Laguc. N rbwéa.,fwe&
q g&o-m_eli-;,.\,‘ . ;TMs, {-}mw. Iﬂwﬂ\ Soc. ‘Jrf 6
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Algebras and, Propositiocnal Caloulus, The limitation is. justi~
fied by thelr purpose, which ie'tc set up a system of infer-
ences, inclusions, subsumptions of what-not, but it debars

them from any application to the analysie‘of'logio.

' _ Prcf C. I. Lewis, in his "Survey of Symbolio Logio "
maintains that the 1ogic whioh he calla "heterodox® is dis-
tingu;shed from the "crthodox“ type in thet_the latter dependa-l
for validity upon the meaning of 1ts symbols and the g;ggh of
some cf its own propoeitions, whereae.the forme: gind depends:".
purely on the'cbeefgahce ef certe1n mechanioal rules of oper-
etion,‘such as sebstitution. The rules always repreeent an
erbitrery, nalfogicaln® element (8). Wow it is juef,the resort
;to "alfogical® priﬁciplee which seems o me ﬁo'confine‘prcpcf
eiticnal {("orthodoxt) logic in unnecesearily'nerrow limits; is
1t true that “etructural“ 1ogic also mugt face this metaphye-‘_
ioal dead-stop as soon as it would reflect upon 1ts own valid—e”
ity—-must recognize some deus ex machina that governs 1ts'““

.fundamental operations?.

| Strictly speaking, a truly deseriptive logic hae no-

rules of operation. Ite character may be etated entirely in

(6) t‘Survey, p. 381: "In fact, eymbcllc logio....must
be developed by operations the validity: of which 'is presumed
apart from the loglc so developed." (An interesting disoussion
follows of the circularity of Justifying procedure by the pos-
tulates of the system itself,) - :
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tution is only "mental shorthand," based upon our pragmatic
habite of thought;_ Kempe, to whom we owe the deecriptive -
method, uses the notion of substitution, but it is perfectly
feasible to dispenee with this notion, as Dr Sheffef has, :I.
thlnk conclusively shown.- Both Kenpe and Royce have suggeeted
rather than carried out the "descriptive" program., The idea

as £h?¥ proﬁounded it“wae 8411l vague aﬁq contfovereial enoﬁghr
to need a certain amoﬁnt of juetificetion, and the thiee or
four artlclee wherein they offer it are largely taken up with
the problem of mediating between the new view and the estab-
lished logistio, That is why ‘they tranelate~their notlone as
quickly as possible into terms of 1ogica1 operation—-of con~
junction dlsjunction, etc.. The notion of substitutlon seems
fundamental as yet (7), but that is a weakness of Kempe's. preeen-

tation rather than of his system. We _may do away with the pre--f

ecription that certain forme .way be eubetituted for others, &. g.

(ab o) for (xy'z) and recognize, instead the fact that one ie

“here a replioa of the other in respeot of ecme relation (8)

v -

(7) A.B, Kempe "A Memoir on the Theory of Mathematical'
Form, p. 483 "Fach row of the tabular representation of a system -
is derived from each of the others by definite substitutions, '
Instead of writing down the various rows, we may give one only,
and state the law or laws according to which the other rows are
derived." The analysis.of the system, however, is made without
the operation of substitution, and from the tabulated results of
this analyeie the rulee for eubstitutions are de‘ive&'

‘ (8) A.E. Kempe, op. cit, p,ee-"lf a, b, 0, d.....and £
A Y, & ....be two systems of units such that a and & are unique. /
with reepect to each other, as also b and B, ¢ and VY, etc., and
and if, a and b being any two units of the firet evstem, when .
a A< b Wwe have also a ¢ I—-<CopP, thentﬂ b ‘,l 3 seseomay be
oalled a replioa of. a, b, ¢, d,.....” _ _

«'d
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If they are not distinct in the system, they may of course

be interchanged; but there is no occasion te-interchange_them‘L:
80 long'ee we are mefely analyzing the eye;eml.net aiﬁing'af s
the deduotion of epeeial theoreme;_eo‘the question.of "sub~

‘stitution” becomes entirely irrelevant, = . . -

» ~ What Yolds for substitution holds aieo for other
operations--in fact, substitution is by far the simplest of
these, end‘is indispensible for all processes of proof. But+ .

in ahalyzing a system we are not proving theorems; deduction

is alWaye relevant $o ignorance and special interest, “Logi-
oaiiy, a‘theoeem whioh can be deducedifrem"a set of piemiees '
is eimply a redundancy—--a statement already given in the
premises, but more conveniently worded for us in the form ofj"

the "theorem.". To ‘analyze the eystem meane simply tO*determine

.what entities 1t involves and what are all their interrelations.
_These relations coneﬁitute the spacifio character of every
term involved- therefore a eomplete statement of them is a_"‘

deeoription of the system.

The aLIooical rules of Operation then, are’ not fund-;
amental elemente of logiec from the "heterodox“ point of view.~ '
But that does not finally eettle our acoount mlth the mystics

of’ lobical theory~—those who 1neiet that the basis of logio ia
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ta1fogical," (9) We still may hold, with L. Wittgenstein, . -
that.there‘are'relations which ocannot be'expreseed by any

eymbolismnwthe fundamental relatione of any eystem'whatever._ 

B Mr Wittgenstein 8 myetioiem seemg. to me the reeult'..

of one great diffioulty——that he attempted to diecover the

fundame ntelswof.. logic through Proma@iiene_llgem The first

thing he encountered Was naturally enough, the destruction

by analysis of what he considered his eyetematio unit—-the
proposition (10). Then he encountered the notion of meaning,r
whieh seened agein iike an elementary constituent -but wae

not to be found among such elements as analysis revealed It
had followed its 1ord the proposition, into some metaphyeical:f.
1imbo of the Inexpreeeible..‘ : ' '

: (9) See for eanple, 0. Hazayte eeeay, "Die Struktur
des logischen Gegenetandee" (Kantstudien} Erga#nzungsheft 35).

p. 10: "Jedes System ist alogisch unterbaut, das eine mehr,
das andere weniger., Auf je mehr inhaltlichen Vorauesetzungen

88 beruht, wm_somehr Alogisches ist in ihm enthalten, aber auch
das relativ am reinsten formale Hystem muss sich eohon in se1n5r\'
Relationeﬂrundlagen an A10gisohee ﬁlammern._j .

‘ (10) The evils of rewardinw the propoeition as the unit
of loglcal analysis is well pOinted out by Miss Wrinch in her pa-~'
per, "On the Nature of Judgment.' (Hind, N.S.4 4) On p. 335 she
says: "In a judgment, i1t 1s thought that the verb of the propo-
gition must function as a verd and not as an ordinary constituent,
Now there ie a definite point in this criticism, and in bringing
forward any theory of judgment the verb of the proposition miat
either function in a special way or some answer must be made to
this criticism. In the propositional theory of judgment the verb
functions in a special way...It scemg to me that it is only as a
deduction from the assumption that propositions are unities that
one can held that the verb must function in a peoculiar way. Func-
ticning as a verb and not as an ordinary constituent means, it -
appears, acting as a binder. Actinz as a binder of certain con=-
stituents means waking them a anity. Thus the criticism seoms to

the proPoeition toiether into a. unity.
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. The analysis of logical System as such can only be

carried out through a-eerieewof abstractions fron all possible

varietiee of eyetemgt “The method first suggested by Kemne_ie

ideally suited to this purpose, because the purely desériptive
att;the puts us at the best vantage-point for y;ewing the

forms of eyeteme and oomparing one'with the other, In thie

wagy, their aooidental discrepancies are most easily eeen
and by a Process. of constant elimination of~uneesential ne=
tione we may arrive at those fundamental onea ﬁhioh have been

thought to evade- formal expreseion.r

The most formidable diffioulty in analyzinv a given tn_
eyetem liee in the faot that eyeteme are ueually given us as‘a
heterogeneoue jumble of simple and complex relations whose
terme now are irredicible entitiee now-combinatione of auch o
entitiee, arranged accordlng to eeveral, and Bometimee very
many, different relatione, in a oattern as fantaetio and confue-
ing as an old- faehioned wall—paper.‘ To arrange and claeeify :fi
the terms and relatione in a eysten of any complexity 13 well—'
nigh hopeleee, “and ueually unprofitable.' The eurelt way toﬂ?~ni
'analyze any and every type of eystem is to eeleot one relation‘_
dyadmttriwdio, ----m-adio, which holds between some “elemente“.,
.of the eyetem and then array all the elements in suoh a Way :
that they may be tabulated in all their poseible dyadic or |
triadio,—ff- or m-adic oombinatione; thue_it will appear upon-‘

inepeotion whether the relation in question hoide or fails for
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each individual ocombination. The relation in question may
thus Ee taken as an ordering relatioh, R, ih:the olass of
entities, K; and havihg deteimiﬁed (KR)1ﬁe have a primitive -
fully—determined systeﬁ (1), There may, of épufae, be
geveral ordering relations, R,'S,-T,-etc. of‘different de¥ _
grees,.so that the gizgg gystem maj be described in dyadie, -
$riadic, ----m-adic combinations. Thus our.given system'ﬁay

be (K RI, T

. n,———fetc). Often it is possible to desoribe

the same system entirely in alternative terms, 1, e, in termg.-

now of a dyadic, now a tryadic, fetradio, ——=—m=-adic relation: o

(11) 'For this method I am entirely 'indebted %o Dr.
Sheffer. The special avplication made of it by Kempe in the
tabulation of elements of the "base-system," being restricted
entirely to.a triadic relation, or by Royce in hisPAnalysis of
the System £ " in terms of tetradic O-relarims amd F-relalens; have ex=
hibited but not generalized this universal type of logical ‘ar-
rangement. On the other hand, such a loglcal procedure has -
been suggested, but not applied by Vittoxrio Benini in an article .
published in 1888, in the "Rivista Ital. di Filosofia.," ("Dell’
Analogia considerata dal punto di vista loglod), Benini's idea -
is to00 casual and sketchy to pass for an anticipation of the "an-
alytic method," but it certainly contains the essence of the
"hetercdox® logistic, in 1ts grandiose projects for an Analysis - .
of the World, The whole passage (pp. 36-38) is well worth con=-
sideration, but for lack of room I quote only a fragment to set
forth the theory: "In questa serie pogsiamo 1maginare tantl -
gruppl distinti, al quall si pud applicare la legge suindicata,
untandola secundo 111 gruppo che si considera, ---Ora mettendo
a raffronto tutti questi gruppl possianno calcolare il grado
delle somiglianze e delle differenze in cio procedendo per
analogia. -Qualora si potesse stabilire gquesta serie suddistinta
in gruppi e rigoros_amente determinare simill gruppi, si potrebbe
anche costruire una vera classificazione delle scienze fondata -
sulla essenza delle cose e non sMmceriterj arbitrarj. Anche questa
classificazione sarebbe frutto del metcdo analitico." o
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We may then abstract from these several relationa (in the case
of an ambiguouely expressed system such as "KR" I ehould eay. :

relation-functions) to what Dr. Sheffer calle a relation-'*'

function-function, and deeignatee by the Greek letter . Thie_

may be imabined to stand for the notion -of "Ordering Relation~

Funotion® without reference to degree (18). Wherever we have
a pattern, i.¢e. a system~funotion, we have soms determinate.

form, and where‘sueh_form is assumed but is” ambigucusly given,

We are dealing with a'syetem—funetion—funetien_LKEL.-"

From the system-function—function or as I call it'

the 1ogical pattern as such, we may abstract one epep further =

to the (K) where we do not assume ﬁhe cxistence of a determinate -

form i. 6. where [ has disappeared. 'Here I think, we reech"

the minimum notion of relatedness, which not only every eyetem

o (12) The generalization of a form or true abetrae- o
tion gseems %0 be a very elusive idea. Ur, F. C. Russell ex-
pressed the extreme difficulty of the remoter levels of abstraec-
tion in a comment on E, T. Dixon's "The Foundations of Geometry™:
"A three-fold infinity of right lines differing in direction can
be drawn in ordinary spacs, to each of which pertain two corres--
ponding universals of direction, one converse to.-the other, Now
the conception of direcgtion that Mr., Dixon proposes for service
38 an slementary geometrical datum is the universal that subsumes
all theass lower ranking universals as partiouwlars. O0Of course he
has difficulty in even trying to explain what he means.....
Owing to its excessive abstractness his conception is wholly
unfit for service in elementary geometry. One has to become a-
cod geometer befors ths conception can even be approached.®
%"Loaic as Relation~lore," The Monist, Vol, 3, p. 279) Dixon,
80 far as we may judge from Hussell's artiele (unfortunately I :
have not been able to procurs Dixon's book) is exploring the '
remoter levels of abstraction which make the analysie of logic
pessible, .

78



but any material for a system, that is, every logical material
nust heve—vthe entirely indeterminate notion of relatedness |

contained in the assuwption of K——the “togethernessﬂmoﬁwtplnge‘

in a universe of discourse. I call this primitive togetherness
of elements, coessence, It mey be ergued that this is‘one of
the notions which cannot be symbolioally expressed; to nhioh I
reply, it is expreseed in the symbol (¥). (13) We have here
gone beyond the notion of any ordering relation (’, "eoessence“
cannot strictly be called a relation, for it is implicit in

etery relation or relation—funotion]end its presence, being

univereal and neceseary, does not contribute to the "pattern.

We may consider it as the modulus of Relation.'

This appeare to be the uwltimate-—or af leaet provision-

elly ultimate—-eubetretum of all relations. But relations ere

not-tne wnole material of logic (14); relations demand relata,:
or.as kemne has expressed it, nnits.w Every“eystem is beeed ‘1‘
upon soms collectlon which I indicate by “K“ (to eignify that -
no ordering relation is here considered-—a system, Wnioh 1nfj_?
volves more than a collection doee is-expreseed in:its mosti“:'
fgeneral form by “(KP) ) Now the units of e.system maylor ﬁayf
(13) If it should.prove sossrble.to ebstrect:furtﬁer ‘
from the notion of X, then the symbol denoting the abstracted .

concept would expreee the notion of coessenoe,

(14) I am quite aware thaka contrary point of view
may be held, as for example, that of Olivér Hazay, expressed

in hiS eesa‘j " Die S*}vuKi»w des logischen QG.gﬁft\S"!a'ntﬁue. . i
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not be suoh that we oan distinguish one from another; i.. 8, .
in a eyetem (Ka, b 0 -——n, Rpy) we may have a = b or a # b'.

this is determined by the ordering relation R, If a.(KR)-func-_.
tion,;say @, that holds {or fails)-with argument a holds (reepec-
tively fails) likewise with argument b then a and b are not
diatinguiahable in (¥R). ‘They are what Dr. Sheffer has.
called "ieotropic“ in the eystem._

But the fact that we deal With two entities, a and

b, indicates that a and b must be in some sense distinguishable,

else we should write simply "a". That is why I have takenA
'oafe; above, to say: mnot distinguishable in §KRQ " "isotrop—

16 in the system." The sign "a" expressed equivalende, not

identitf; equivalence ag the word implies; is a value-notioh,,l
nd value 1s alwaye relative, to some parameter. In thia oaee
the parameter iz the ordering relation (or relatione) of the
syatem. In What sense, then, are a and b distinguiahable?-

In the 8ense that all their poeeible relations are not ex—"

‘haueted in any system where "a z b" is signifioant.- If(KR)ie
such that two K-elements, a and b, are not distinguishabla, o

then there is some system (K'P) including the same two elements,.
wherein a $ o Thus we can derive a hierarchy of syeteme
beainning with any (KR) which is not entirely "allotroeic“

(or, in Kempe s terminology, not a perfectly "disarete heap“),
guch fhat overy succéseive eystem\shall,contain,the game ele-~

ments as the.first (and poseibly'more besides), but eaoch system
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yields more information about these elements than the one
below 1t iobthe hierarohj. Ideelly such a series of systems
must reech a polnt at which emery'element is distinguishable
from every other; thie oondition 1e'impiicit in the statement .
"a = b," or else we are writing noneenee._Awﬁen we speak of -
elements a and b, such that a =-b, we are really traneoending '
the limits of our system when we denote these elewents by
different lettera. One of the difficultiee'Wittgenetein o
encounters is that of staying in the bounde of one'eyeteﬁ,:_”

rather than of eta&ing in:the'bouﬁde of logio,

| But eupposing that we write: "a = a. ; Is not this
-a statement of identity rather than of equivalence? No; be—
cause the dlfference of eign which dietlnguiehee a from b ’
is not the onlyleymbolization of diet1nctneee._ The numerioal
dietlnctneee of a, a, a, a is juet as olearly 1ndicative of
the diversity of the four elements named, as a, b e, d (15)‘
In a relation ."aRa" we are ot dealing with one a, but w$th
'two; one being referent and the other relatum, we. might prop—'
erly write "aref," and ", rel. “-uthe use of "am in both oaees K
connoting, here, that the two terms are not otherwise distin—
(15) cf Kempe, "On theﬂehﬁm1between the Loglcal '
Theory of Classe;ondrheGeometrical Theory of Points” {Proo, .
London Math. Soec. Vol. XXI) p. 148: "The equivalent entities
may be represented by like lettere &, &, a,y,+v; OF we may

represent them by different lettere and denote their equiva-
lence by an equation thue' a b M :
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guishable in the system than by their resyective positions.
This principie,.whieh is the converse of the Identity of
indiecernib}ee, might be termed the principle of ﬁhe DiB;:.
tinctness of Diecerniblee. Every lowieal eyetem is such"

that either a = b or a & bi- I will 1ndicate this disjunctive
notion (which liee.oﬁ the same "logical 1evel”ae the notion‘ |
"J?’)_by'the symbol, (?ﬁ Thus for any a and b 1ﬁ‘any eyetee;_e
we ma&"write: "a(‘)% " But when we have éXhaueted'eur hier-
'archy of syeteme we must come to the level where Ordering L
Helatlon ie no lonoer assumed and with tnis disappearance of.‘;'
the value—parameter the notion of equivalenee—inequivalence -'
'alee disappears =1} that “(“)" becomes meaningless. We have

reached the fundamental dietlnctness of unlts which juetifiee-l

the use of JUSt 8O many dietinct marke on the paper. “This R

primltive dietlnctneee may be thoumht of as the “modulue“ of

Individuation, juet as coeesence 1e the "modulue“ of Relation.-ﬁ

Like coessence, it is given with every sygtem’ the distznct-” S

'nees of aimleeah_iaa_hexme (these may be a and a, where a = e)
is exoreeeed by the eymbol R (or ite derlvativee by abstraction)

If there ie any notion metaohyeically prior to theee

R

"logical data, (as we may term the immedlately given concepte.”f

Nthat underlie all logical etructure) it is the metaehyelcal-

datum of “eomething,“ of a Fthie " or perhape of "Pure Belng“-—'f

¥

whetever our philoeeenical creed eommande. I will deeignate it

as generally as poesible by the term "Entity."_ It will be-
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observed that any one of these logical data is indivorcible = =
from the others (18). Even "entity," unless it be thought

of as a sort of Schellinbesqus ﬂAbsolute" (whioh Hegel, who
_steered perilously near the same. Inferno, chose %o call “die :
Naoht in der alle Kfihe achwarz sind“), muet poseess the rud-

iments of IOgical form-—true selfwidenfity and individudlity.
‘—-But I may be pardoned for oonsignlnn this to the metaphysi-

A

cian % scienoa of whioh I am at present innocent -~Certain

1

it is that coessence and distinctness are mutually inplied (l?)

If there be any "a110aical" factors in 1ogic whioh

esoaoe symbolio exoression, these are the ouilty ones, or_atl

(16) Such indivoreibility is the oriterion for the
really integral arts (what Busserl calls "Momente® in con- - -
trast to "Telle") of a situvation. This ¢riterion has been ... -
previously employed by Schmitz-Dumont in his analysis of
Thought, where he distinguishes ten elements whlch are irre-
ducible one %0 another: ﬂJene zehn Begriffe sind correlativ
zv einander, d, h. ein jeder von ihnen erh#lt erst dadurch
seinen Sinn, das dis neun anderen stillschweigend mitgedacht
werden. Betrachten wir z, B. die einfachste Formel derselben. -
Dieselbigkeit = (a = a), a hat nur dadurch eine bestimte.
Bedeutung, dass es von allem Anderen als a ...unterschieden
wird; ....dile Formel a = a ist also sinnlos, wenn nicht die
Formel O(a b) mitgedacht wird L v e

(17) ¢f. F. C. Russell "Logic as Relation Lors,™
(Monist Vol., III) p. 277: "This rigorously prime operation
of distinction is not only pure relation-ing but it is that
sort of relation-ing that is at once a distinculshlng and a
conjoining. o
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least are among them, But I can 8es no reason for calling such
fundamental factors "el ogioal. They are the very warp and
woof of logic. 'Their expreesion,'ae Wittgenetein'hes pcinted
out (only to add, thereupon, that they'are "inexpreseible“)

lies not in any epecific eymbol but in the structure of sym~.

‘bolism,(18) They are not represented they are presented (19),

A1l specific terms and relations may be individually lacking,

but where there is any lOgical etructure there must be Entity,

R
,0.O.,e.,a.,e,eng._e.,h._,.._:e,nd._‘.D..i..e.tipc_tn_e_ss- Their symbols cannot be with~

drawn; because their symbols are the positions of all the
acoidental (i. e. verieble) symbols of the system. I shall

callithie sort of expression "positiomnal eymbclizationiﬂ}'

| The level at which "positional symbolization® ie'f
considered at which the Mogical data®™ are in evidence is;
of oouree prior to any eystem that allows of “Operatione.
We have here no relaticne complex enough to give rise %o de-‘L
duoticne eubstitutione etc., what there is oan be known by

1nspecticn.- There 18 1o prooeee. So the question naturally'.

(18) Tractatue 10vico-philoeoohicue“6 124: . R
"in logic it is not we who express, by means of eigne, what
we went ut in logic the nature of the eseentially neceesary
siene itself asserts.n Lo . _ o
) (19) Ibid, 4. 0313- iy fundamental thought is that
the 'logical conStants' do not represent; that the logic of the
facts cannot be representsed.® :

also 4,121: "Propositions cannot represent the

logical form: this mirrors itself in the props. "That which
mirrors itself in language, language cannot express,f-——--—-
"The props. show the logical form of reality.“ ”They recreaent
it . _ o . .
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arises: how_do we derive from this material the indispen-
sibie'"laWS of loglc®? Must we not add arbitrarily at 1east-.‘
Ariqtotlee rules of identity, of contradiction and- of ex~
¢luded middle? The answer is, that these ere_formulated for
us in the logioal data~--they, like the moduli of form, are

empirical;y given in the material. It is empirieally impos-

sible to write "a" and in the‘ggmg rosition to write scme—-
thingfﬁther thaﬁ_ﬁa.r. A thing is what it is; every symbol
'expreesee this fact directly; It remains whet 1% is, Jfor.if
we write another symbol we are not writing "it," but another.
A thing ie or is not; we cannot—-emplrically--escape this 7
condition. The explicit statement of these "lawe“ may be

"alfbgioal" and date from Arietotle but thelir exempllfication

is present wherever anythinv is, and is older than the nind of

~ Ea

nan, They are poeitionally eymbolized i, e, resented, in-

'every eymbolism.

Pure analyeie then brinoe us to no.“allogical“' :

basie of logical syetems but to a level which we might eall

“1nfra*loJica1“ only to. distinguieh it from the levele at whioh

we have 4peoific patterns. Looic proper may be said to com= - ¢

priee every gituation that has specifioc form 1, e, all eyetems

and patterns of systems ("system funetiene").. Thus it includes

any "level" at whioch (70 is eignificant; The "infra—logioal"
level is that level at which (%) is not significant, At the

minfra-logioal" level we have our primitive material, but no
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possibility of "reasoning"; everything is obvious, With
the study of specific patterns begins what ie usually oailed.,
the .study of Loglo. o
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III . PHILOSOPHICAL PART
L Chapter 7 '

The Logical Basis of Meaning.:

| Since the analy51e of lOUiO&l systems has not revealed
any "alﬂbbical“ elements we may dlemise the hypothesis that
meaning.ie ‘one. of these supposed mystical inarediente of loaic.'
-Yet it cgortalinly is a fundemental'notion. A 1ogio or mathemat-

ics without meaning, 1. e. etrlctly a2 mers “string of marks

)would be w1thout theoretical interest of any kind 1% would ‘be
,"particular," and trivial into the bargaip, The reason such a
"gtring” ie}intereefing even when it ie'not assumed to have any’

specific meaning, ie that it exemplifies thln&e Nhich are true

of many eysteme, any of which eyetems it may "mean " (l)

The “string," in ehort ie a pattern. And the eyetems

1t ie capable of SlJnlinHJ are all cut by that same pattenn,--<"

thourh often of very dlverse cloth. .Thue the calculue of

-olaesee,_of‘conoepts, and of prop031tions are all eyetems ;;1;ﬂ. e
wheieof Bbo1ean Algebra is the pattern. Sinoe_any euch calcu- S

lus is itself ambiguouely e;preeee@, i. e, sinceeite terms_aref 

= (l) cf Frege “Grundveeetze der Arlthmetlk n Vol II L
p. 100-101: ‘"Warum kann man veon arithmetischen Gleichuncen Ane
wendung machen? Nur weil sie Gedanken ansdriicken. Wie kﬁnnf
ten wir eine Gleichung anwenden, die nichts ansdrfickte, nichts
wire als eine Flouren%ruppe die nach gewlssen Regeln. inreins
andere Figurengruppe unseuandelt werden kannte!....Darum ist es
billig, vonlArithmetiker diese Arbeilt soweit zu fordern, als er
sie leisten kann, ohne in jene bessonderen WissenSHebiete (der
Anvwendungen) dberzugrelfen. DazW geh8rt vor allen Dingen, dass
dann-so allgemein sein, dass er mit HAlfe der veometrischen
Axiome, dexr physikaliechen und astronomischen Beobachtun en tmn
Hypothesen mannigfache Anwendungen 1n dieeen Wiesenechaften
finden kann,"~ S .

ey mL"‘/Jt’-:’nf
Fovmd. fun et
SMN*,u7réuA
d pnd digncy
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yariablee, it is in‘itself a pattern rather than an actual
system; it is e "system-function", and the Aigebre; in which-
not . only the terme but also the ordering relations are var-. f 
iablee is a “system funotion funotion " oa pattern whose N
coples are patterne.{ The etructural element they have in
comion is what Mr, Russell has celled.(rather unfortunately)
ﬁrélatidn—ﬁﬁmber.ﬂ'if . |

Coe

e have eeveral terma to denote thie relation-uDr._

Sheffer has oalled it "intervalenoe“ between two or more

gystems or syetem-functions- Kempe calle one system a "repliyur

"ca" of any other syetem with which it is intervalent (3),

but for the etruetural character iteelf by virtue of whieh

“intervalenoeﬂ exiete by virtue of which eystews gan be

"replicas" of other eyetems We have.only Ruesell's term,i'ﬁ
"relation-number t mhioh eounds“father foimidable to the
unmathematical logician (3) I shall therefore more eimply
‘if leee eubtly, speak of it 88 "Gonfiguration.“ (4)
o (3)”Theory of Mathematioel Form," p. 29  _ : :

(3) B. Rueeell enzfmdwchou fo - Maquewa.’ﬁcﬂ-l ﬂ‘ﬂ"”"r‘“ﬁ f’ 56&

(4) ¢ nepondenoe of confi atione ie the real e
weaning of an “Thus we may gather from the foregoing
chapter that a Iogic of analogy, which certain writers (not-
ably A. Chide in Ris essay "La Logique de 1l'Analogle" and
V. Benini in his "dell Analogia considerata dal punto di vista
logico") hail as the logic of the future, is not--as they be-
lieve--another method of inference; it oannot transcend the
given information, but cen conly discover tha jelations between given
materials. Cnly when we withdraw the demand that logic should

- glve niew propesitions for 01, can we oredit the words of Benini (op.
G¢it,, "Rivista Italiana di Filosofia" Vol III, p. 238): "tre,uaes.
sono le earti della logica-la deduttiva, l'induttiva l'analogica;
la prima & gloria di Aristotele la Seconda di Frandesco Bacong,
la terza sara di qualche filoeo&)dell'avenire. : .

etk
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lencs, or correspondence betwsen configura~

“tions, 1 ~ Two systems, e. g. § and T,

may be such that (a) for every eleeent a in 8 there is cne__r
and just one element a' in T, sichthatd=d,and that (b) any rela-
tion R which holde between a aﬁd b in.S nolds between a' and

b' in T. The two are then replicas one of the other. in the )
sense that two parments of the same etyle material and eize'

are replicas. Such systems are not dletlnguishable by any
-internal factore but only by reference fo eomethlng outside f.
the eystems, Juet ae the two oarments, if they ﬁere ideally
perfected 80 that neither showed any accidental traits would
lbe distinguishable only by their spatial and temporal rela4 -

tions. Here the one system 1s'e duelicate of the_cthen;i,f'

or tﬁe two eyeteﬁs S end T, way be such that (a) for o
any element a in S thers 1s one and juet one element a' in T -
such that a = a' and that (b) for any relation R that holds ’
‘between a and b in S there is just one relation R’ that hclds
between ‘a' and b' in T. This sort of ccrreSponcence between
conflguretlons is exempllfied by twc garments of the same cut
but of different eizee (cr materlale, for the molecular etruc-
ture of materials enters into the "configuratien" of the,object,
-thoegh itnie easier for our pereose of illuetratine'"eatterne“
to ieﬁcre winute relaticns) Likewise we may have S and T euch

there 15 jush one
that (a) for every element a, in S 4 element. a', not equal to

a, in T, and that (b) every relaticn R that holds between a end b
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in 8, holds between a' and b' in T, A good example of this
situatioﬁ is a melody rendered‘io different keys, Here every
tone of the first rendering ls different_from the one which
corresponds torit in the second; yet the relations are the
game, and the melody is “the'eame u althouwh'it may gound
different in ‘the diveree ranbes-—pleasino perhape in onse,

and not 1n another. T

These are the simulest types of replloas-—where both
elements and relations of the two intervalent systems’ have
_mutually a one-ons correspondence and some feature is’ common
to both eystemeﬂ—elther the elements are aotually equivalent
or preoieely the game ordering rel&tione enter into tho two
eeituations, or both., The case where no oommon relation or
eQuiveleﬁt eiement exists, but the elemente and relations of T
'botﬁ ehoﬁ a perfeof one—one oorresoondenoe ie a little more

oomplioated but still belongs into the eame olaes, whioh I :

shall oall the olass of likenessee.;__*ua.

But there-are intervalent syetems wuere-one element
of $%e S oorr83ponde to gome group of elements in T or Where'
for every relation R in 8 there are eeveral relatione X Y
Z in T; or for a group of elemente or relations in S there
is but one - olase or relation in T etc., eto, We may have any
degree of_complioation.‘ The two systems will then be very

,different_in apﬁearance; i, e, they will not appear as like-
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nesses; only logical analysis will show their intervalencs,

A hlghly'oomplicated example of euoh oorreepondence between
configufations may be found by comparing the world of (acfoal
or possible) sense-experience with the world of phyeioe. - Ve
can hardly reooénlze the one in the other upon mere inSpec—.:
tion; yet it is the world of 31ghte sounds, eto. which the
.physioist describes in Terms of 1nfiniteeimal motlons, and

B. Russell in his essay, "Sense Deta and Phyeioe " has made ;

a brllliant tnough sketchy attempt to reverse the process (5);
In fact, it has been said that the great task of the metaphy-
.eioien is that of mediatang between the varioue systems which 3

.oommand our belief (6)

It,le 1ntereeting‘to note that, by 1ﬁtegrating'uﬁite

and groups of units more and more, eny syetem however complex

may be brought into corresoondence with any other eyetem no

matter how simple., Thie ‘rests upon the fact that there are

'certain fundamental oharactere--whioh I have (uithout any olaim

to finality or oxhaustivenees in the matter) here determined

(5) The methed here suaoeeted has been utilized by
subsequent vritere--oompare cC. D, Broad‘e “Peroeotion Physice'
and Reality." '

The most thorouﬂh-701ng'reeearoh on the problem
of intervalence between the worlds of physics and of sense, is
Prof Vhitehead‘ "The Concept of Hature,.® :

(6) R. P. A. Hoernld, "Studies in Contemporary Meta-
physics," p. 15 "The task of philosophy is to point out by
analysis of the bearing upon each other of conflicting types
of experience, how their conflict is actually overcome, and -
‘how, therefore, in principle it admits of solution."
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a8 coessence and distinctness of the material, or_entitz)in

quesiion-~fundamental characters common to all systems, We

can always invent some classification of units, some general=-. .

iggyionlof_relations that will make the more oomplex systet
intervalént with the simolef one, though we should be forced
to ths utmost degree of abstraotion--even to the "losioal .

'data" which constitute the universal basis of Structure, If (o 1)

we limit ourselves to finits systems this 1s obvious, sinoe
we may bring collections of any Iinite cardinality into one- .
one OT one-many 001re8pondenoe, or if we consider one iniinite.
and one or more finite systews for tnsn we can divide ths"
infinite system into a finite number of infinite groups and
'correlate these with elements or finite roups of the other.
_system or systems.r Whether two or more infinities oan always
(or even sometimes) be brouéht into oorresbondenoe I would

not venture to say (7)

R

Thus it appears that shether we oonsider the univsrsa-'

as finite or infinite, we.may le itimately regerd any finite

'structure as a micr0003m, if our philosoPhicel taste calls for -
such an analogy.:fn"" ok ' :

. (7) The discovery of configurations and correspon-
dences between configurations has had a very gradual develop—
ment., It seems to present peculiar psychological difficulties,
Its classical expression is, of course, the "ambiguity" of
Bcolean Algebra,., This is not, however, its f{irst appearance,.

In 1847--the year of publioation ‘of Boole's first book (The
Matheuatioal Analysis of Locio), too early for possibls plagiarism,

A. A. Cournot published his work "De L'origine et des Limites
de la Correspondance entre L'Algz2bre et la Géométrie " wherein
we find passages like the follow1ng-‘

(p. 138) "1l (Descartes) voulait appliquer 1'a1gebre E la
géomdtrie; mais il est clair que par celi méme il donnait .
aussi une méthode uniforme pour appliquer la geométrie a
_1'algebrs. S ‘ T o
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Thus ft appears that, whethsr we consider the'un1Verse
a8 finite ox infinite, we.may lez itimately rcﬁard any finite
structure as a microcosm, if our philOBOphic&l taste calls fcr ‘

such an analogy.

: (7} The discovery of configurationa and correSpon—
dences between configurations has had a very gradual develop-
ment., It seem8 to present peculiar psychological difficulties.
-Its classical expression is, of course, the tambiguity® of
Boolean Algebra, This is not however, its firssg appearance,

In 1847--the year of publication of Boole's first book (The
Mathewatical Analysis of Log icﬁ, too early for pOSsible plagiarism,

A, A, Cournot published his work "De L'crigine et des Limites
de la Correspondance entre L'Algebre et la Gécmétrie f wherein
we find passages like the following: - :

{p. 138) *"IL (Descartes) voulait appliquer 11 algebre é 1a
géomdtrie; mais il est clair que par celd wdme il donnalt
aussl une méthode unlfcrmc pour appliquer la geometrie a
1 algebre. . ,

(p. 145) "Ncn—seulement 1tidée de Desoartes etalt féoonde
6N CONseguences amportantes soit gu'il saglt de 1! application‘,q;_
de l'algebre a la zéométrie ou de ocelle de “la géomdtrie & - . -
1'algebre, nais elle contenalt le germe d'une abstraction. SEL
plus élevée, dtune thécrle qui domine par sa generalite. ;;Tf‘
alaébre comme 1a gecmetrie. o L, )

(p. 364) "Toutes oes pretendues conventions ne sont ellea quef‘ £
l'expression necessalre de rapporis que 1l'lesprit est obligé BN
sans doute de representer des sigunes de forme arbitraire, mals -
qu'il saisit seulement, en vertu “ds 1z puissance qu'il a "de . I
géndraliser et d'abstrairet Voila ce Aul partage les géometres:ﬂ~f
en diverses écoles; voila le fond de la philosophie des math=" .-
_ématiques et c'est aussi le fond de toute philcsophie. _;hﬂ{;

(9. 397) "Aussi non- ulement les concordances et les dis-'rﬁa
cordances ceuvent se rattacher a des chefs géneraux; se classer
et s 'enchamer logiguement, mais au fond la distinction meme SR
des chefs de concordance et de discoxrdance se rattache & uns’
corrélation fondamentals dont nous pouvous entrevoir la raieon
.philosophique, tenant &4 ce que les nombres et 1'etendue figuree
manifestent & leur manidre les memes 1ddes fondamentales dont
le type 68t dans la théorie genérale de l'ordre; ce qui nous.
met sur la vois du sens volld, mals profond, de ce mot de Pas-
cal: 'La nature s'imite---Les nombres imitent l'éspace qui -
sont de nature si différente.!ﬂ'.-'.! _ ‘ o :

It is interesting to find that Cournot takes his first: -

‘Suggestion from Descartes who, however, was Quite unaware of .
the philosophioal implication of hia mathematical Btunt '
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ce, besides being practioaily valuabls “"
beocause it ellowe ue to claeeify 1erae nunhers of correepond—
ing syetems towether, end describe innumerable eituations by

the formulae of one mathematioal etructure ie metaphyeically

imoortant beoauee 1t is the entire logical beeie of meening.

In 8o far as meaning contalns a formal, ox etriotly "relation-

al" ingredient, this ingredient is the_common configuration -
of symbol and object. It ie by virtue of this relation that
the eystem of phyeice "desoribee“ the world we know through

eenee ite formulae mean our world

A eerictly logical analysis euch as tﬁie profeeeee ‘
to be, can never determine the empirical existence of ite -
objeoct, but only its poeeibility. This ie true of “meaning"
ee 1t.1s of enythlng_else. InterValenoe determines the E__—

ibiiitx of meening; not its actual existenos; the latter
depende upon extra-logical factors--upon COgnitlve ability

and pragmatic intereets.‘_Meaning never exists apart from a

@}n@a It always involves a peychologioal eot Unfortunately
ourklenguage_hae only'tﬁe one word, Meaning, for both the re-
lation between eyﬁbel and objeot and the mental act The
Gerﬁane'heve reeereee the word "meinen" for the eubjeotive

‘gense and gene:ally use "bedenxen" for the’ rart played by the -

symbol (8). Bub that character by virtue of which anything

(8) The use of ymeinem for ybedeuten” is sometimes
found in German literaturs, but 1is sirictly speaking a vul-
garism; so that the philoecphicel distinotion may be fixed
by mere obeervence of the better ueage..
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can be a symbol of socmething else, ie interValence between =

'the two things in queetion.

B Intervalenoe is & symmetrical relation, Therefore

We have no logical reason to reuard A ag a eymbol for B
rdther.thanlB as a syambol for A (8). Qﬂchﬁpiﬁﬁ;iﬁmﬁﬁ¥ﬁ'
.matter depende upon'oonditione of expediency.' For instance,

.We find in almoet svery Sunday neﬂepaper a little diagram
-eoneleting of a equare field equally divided into 64 emaller
gquares, and dotted with varioue fantaetic 1ittle marks._ To_

a devotee of the cheseboard this eymbolizee a chees -situa- o
tion and suggests certain moves by which the game advances;

to the uninitiate it ie a hiphly 1ntrioate disposition of
little marke on paper, quite imposeible for hie mind $0- re-
'tain;. If, nhowever, we explain to him the precees of the‘_}
:game, intrbduee him to'the.figuree;ieto. and show him the
cheee—eitdaeion on the board-which'eerreepends-to the hie-
‘r0g1yphios in the pioture, the latter will beoome olear ati
-once, and ite relatione be eompreheneible, for we ha&e ex- - o
plained it through symbolizing it on the chese-board. To a
bliﬁd pereon,'fhe pioture can be known'gglx fhroﬁgh this”of

_ (e) Huaserl does not subsoribe to thie view ag

we may judge from the follewing passage in hie“Legwche.Mnfa«SMckunﬁan
 Jedermann bekannt ist aus seiner inneren Erfahyupydie Ungleich-
wertigkeit der beidersatigen Bestandstlicke, worin sich die

Ungle ichseitigkeit derRelation 20 dem Ausdruck vmd dem mittels der
" Bedeutung ausvedruokten (genannten) Gecenstand epiegelt "
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some equivalent‘eymboliem (10) Similarly, we usually re-
'gard a eta5e-drama ae a plcture of real 1ife—~as eymbolio
of a real situation the motions of the acgtor who elidee to
”the ground at the touoh of a dull rapier-point,_gggn the,
death of the pereon whom he represents. We know that he,
the man on the stage, is not Prince of Denmark is (we hope)
not melancholy, and does probably eeee not love the lady

strewing flowers on the floor but he symbolizes he means

;Hamlet The whole play means eerioue, human 1ife. Yet such
a meanino-relation may be reversed as when one obeervee,
| _ ‘ "All the nerid'e a stage,
rend all the men end-women merely plajene;

They hawe tneir exite end their-ent;ancee.“'

‘.Yet, ordinarily, we are not in doubt as to which

:of two eituatione is referent and whioh relatum in the mean-

ing:;e;etion. that determines their respective perte? The . .

answer ie,'value and perceptibility.‘_We nee symbols, ueually' '
of no intrineic value whatever, such as & etring of marks or.__f
.a succession of neises, which are eaeily perceived in ell

their relationl %o one another, to symbolize things of real

'value which are temporaﬂy or epatially too remote, or too big,

(10) The chess- game iteelf is a plece of symbolimm
as a little reflection upon the names of the pleces and their
characteristic moves reveals. The pieces represent a mediaeval
'soclal order, and the progress of the game is planned so that
it symbolizes the progresa of a pelytical’ esnblich.

A cymic, reflecting upon a battle, might just as
well say that Mt is all a mere game of chess," We would then
say that "a game of chess" ie all the battle means to him,
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or _in themselves too complicated o be apprehended and an-

_elyzed by(direot inepectioﬁ (ll).IILogically we are simply_ir
consldering one of two intervalent systems (L2); we might as: |
well have-ohosen to contemplate the other. But psyohologié"

_oally we are using that whioh is uninteresting but ‘easy 1o

,graep, to aymbollze that which is 1nterest1ng but eva31ve.

The relation betWeen symbol and obJect oF of inteﬁ-
valence between tWO syetems presupposes a syetem wnich com-—- o
‘poises the two in question. There is.notﬁing abou% thie'ioterﬂ
valence relation, or meanan-relatlon, that is not purely log-
ioal—*a relation of forms ,‘oonsidered as pure forme in a Bya-
tem., The meanino—relation does not offer the diffloulty of '
form and oontent touched upon in Chaoter II. Iggegggggggggp 15_
net an aot\of importlng a oontent into a glven form; it is the .

.§q§m§f relatigg'a form with one speoifiomoontent; to ;he ganms

or ancother form; wiﬁh anothef given'content}‘ Either'of both -

forms‘ﬁay be_ae.“abstraotﬂ as,we like}_as ﬁe may ihtefﬁfet two

(11) ¢f. Jomn Laird, "A Study in Bealism " p. 54-'
"The usefulness of a gign lies in the ease and celerity with:
which it can be used a8 a substitute,...we use a sign because
it has the same logical propertles as the thinae it signifiea n

- {13) In the case of a singls entlty servina ae a
symbol ‘we may view it as'the simyleet type of “system“——a
system of one element and the ordering relatlon of self-
-equivalence.- :
- of,LlLewis, "Survev " on, 355: "There 1s no
theoretical reason why a sinﬂle mark may not, in some cases,
be reco~nizea as a 'string e ' s
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leymbolieme to "mean"‘a hibhly abetract idea, and,thue indirect~

ly to "mean"_one another.

Speech and’ Notatlon are colleetione of very unintereet-

egmp;ggwge;gt;gge. _Goneldered apert from thelr meanlnge they."
are,'of-coufee; utterly trivial; yet even a valueleeeroollec?

tion is a system--it has confizuration. Therefore it follows

that anything we can eymbolize by epeeéh or hotation oT any

other device 1is not unique in its oonfipuration ~and eonveree—

ly, if there be a eltuation Nhlch hae a unique relation—number,

it ie indesoribable. But 1t Seeme almost certain that ideally,
| -
‘at least, eome eymbollem oould be 1nvented for avery co

nfigu- _-

’ration, 50 1t is ‘highly probeble that there is no situation

having a unique configuration.ﬁ_

T
- Perhape the apprehension of a unlque eyetem ie the-i

.besis of myet101em, perhape Mr wlttcenetein 8 1nability to -
expreee hie experience of the world a8 a Whole ie due to the )
vfact that this object of whoee exietence he eeems convinced~:
has (of couree) no replica._ Certain it is that if there weree“;
‘a unlque eyetem our knowledge of it (if we oould have knOWl*ffo
_Qﬁ_, 1. e. more than momentery exkerience, of it) would re- 3

qulre "imabeleee thought," and would ab all evente be incom— E

munioable.'
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Chapter 8.

Denotation, Connotation, Signification and Description.

Before venturing upon a phenomenology of Meaning,
we may do well to remark the most general division in the

universe of our subject--the division into meaninez as denota~

tion and meaning as éonnotation. This ‘division is obvious
enough po have impressed even the'ﬁnphilosophical wrliters of
text~books--perhaps beéause it'Was observed by thé_schoolﬁen;
In the classical logic it appears as the distinciion between .

the extension and intension of terms; Frege distinguished

between“Bedeutung and Slnn"(l), Husserl between the oontent
(Inhalt) and the cbjeot (Gegenstand)-of a word (2). The
laat-haméd distinction will presently prové véry usefﬁl
becaﬁse'its unsymae trical terminology indicates the fundamental
discrepancy betwéen the two senses of ﬁmeaningﬁ\ The one kina,

namely "Inhalt," intention, sgems somehow to belong.to

(1) vapundgesetze der Arithmetik , "Rechtmbssig o
gebildete Namen nissen immer stwas bedeuten." . (p. 45): ,Aber
nicht nur eine Bedentung, sondern auch ein Sinn kommt allen
rechtmassig aus uwsern Zeichen gebildeten Namen zu., Jeder solche .
Hame emes Wahrheits jverthes drlickt einen Sinn, einen Gedanken: aus.),.
Die einfachen oder selbdt sahon zueammenoesetzten Wamen nun, aus
denen der Name eines Wahrheitswerthes besteht tragen dazit bei,
den Gedanken auszudrucken, und dieser Beltrag des einzelnen ist
sein Sinpn. Wenn ein Name Thell des Hamens eines Wahrheitswerthes
ist, so ist der Sinn jenes HNamens Theil des Gedankens, den .-
dieser ausdruckt " (p., 50) - ; .

'(2) ilLog. Untersuch't Vol 11, p. 37: .Sehen wir nun
von den Erlebnissen, dle spezielllzur Kundgebuno gehbren, ab....
8o scheint zwelerled Ubrig zu bleiben: der Ausdruck selbst und
das, was er ale seine Bedeutung (als seinen Sinn) ansdrbcki.
Indessen hier sind mehrfelvige nelationen witeinander verflochten, -
wnd die Rede von dem was_auscedrilckt ist und von Bedewbung ist
dementsprechend eine vieldemtige." ‘
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.the. symbol itself (3)—-t0 be the more interesting pert-of K
:"meaninw‘“ not dependent upon the accident of existence of_d
eome external object. | It is thie aepeet which gives riee
to the theory that meanlng is a guallty of symbols, not a -
relation The very words eignlfyinv it suggeet that it 1ej
‘entirely_contained in the eymbel The other kind--“Geden-_

etend n ekteneion-—eeens on the contrary, to belong eome—_tf
where beyond the eymbol, it depende upon the exietence of ex-
ternal objecte and has an arbltrary appearance——giving riee
%o the belief that a ros¢ by ‘another name Wwere juet as eneet_'

(a propoeitlon doubtful to osychologiete), and to the theoryﬂ
‘that meaning is alwaye a relation between eymbole and their
objecte (4) Now the two eorte of meanina are hard to keep a-i
'part, since some worde Nhlch are not mere babble seem %0 denote
'uo objecte othere (etrictly proper names) are mere. babble unleee;
_ceupled vith their objects, and still others which are significant

in their own riOht also happen to denote objects.. To the firet L

R

‘ (5) F. C. Russell “Logic as Relation Lore -

(p. 281): "Relatione are attributive predicates of terms and .

each one of them pertains strictly %o its proper term or com~ -
bination of terms, in the 'same sense for this turn (pro hac vice) .
that qualitiee are held to uertain to their eo-called eubstanees w

(4) cf. B. Russell, "Principlee G{Ma?hema'tncap B3: “The
fact that desoription is 90531ble--that Wwe are able, by the em- =
ployment of cocncepts, to designate a thing which is not a con-
cept--is due to a lOaical rolation betmeen some concepts and
gome terms, in virtue of which such coneepte inherently and log-
ically denote such terms." c
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clasp belong all words signifying abstractions, such as
‘“goodness," "meaning, "’ etc.;~thinés which never exist in toto -
ag inaividuels, names of non-existent tnings, “Venue,“_"Atlan—i
tis;"‘"the Millenium"; also propoeitiOnal'oonoepte whicn do
not denote a fact--i., e, eueh propositional oonoepte as cor= -
respond to falee pro@oeitions. (This class 1no1udee heinong 8
"imoossible ob;eots“--the rouna square wooden iron, etc,
‘sinoe these concepte are expressible by false propositione

e. g. " k (ax)-x is square and x is round ") To the second
,clase belong prOper namee vithout connotation i.;e. "Jaoh,“i
'"William " etc.w-namee arbltrarily given. Note ﬁhag naneé
=eiwnifying Just one person “Socrates n "Wllliam II," “Napo~ e

leon I etc., are in this function oonnotative.' They are

interohanoeable with "the philosopher JhO drank the hemlook “,f
_“The last German Emperor," "The prisoner of Elba."' When "Jack"
.is glven definlte denotation it aleo acquiree connotation, '
but without denotation it is meaningless.r The third clase :
wcontains the vast magority of symbols—~havino both oonnotation
'(i. e. being capable of definition) and denotation (i. e, func—
'tioning as names of thinge) So the division of terme 1nto :?-
Aconnotative and denotative does not yleld a dichotomy, and _
j'oonsecmem;].y Nill not serve for claeeificatlon. The two sorte‘
of meaninw seem to be 1noommeneurable one depending upon a

1

quality, the other upon a relation.
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But upon cloger 1n9pection we find that both are
dependent upon relations ‘that the connotation of a term
has one relation to the term, and anotherhto tneidenota—_
‘tion (object)‘of the term, and that the latter reletion ‘
is not precisely. that of the term itself.to its object.
To make this variety of relations gvident we must invoke:

the old aietinotion of a class as one and a clase a8 me;y,

'of a. system as a unit and a systew as a complex (5)

) -Theneontent or intension of a‘term is its éggigé'
iens; (6) if dictionaries were.perfect‘ the content of - :
a term would be its "dictionary meaning "v how a definition-i
‘1s a set of symbols interchangeable with the word defined '
definiens and definiendum stand to each other in the rela-r:;

‘tion of an_ "ordered heap“ revarded essentially as ordered

1. 8. as havinw terms with eome sort of arrangement and an o

VN

“ordered heap“ regarded essentially as heap-was a unit un-zi*

:analyzed. Therefore wherever the set of symbols is used as a

(5) For'the dlStlﬂGtion between class as many and[
a complex—-cf. Husser;‘e distinction between "Sticke" and .
"omente." (Log. Unt, II(DN) p. 266: . "Wir fixieren zundchst
eine fundamentale Einteilung des Begriffes Teil; ndmlich in -
Stlicke oder Teile Im engsten. Sinne, und in Momente oder.
abstrakte Teile des Canzen." .

(6) This relatlon of intension holds equally among
synbols and among concepts, The symbol itself is usually
ignored in favor of the concept; the first writer to my knowl-
edge who has recognized the possibility of regarding intension
a8 a characteristic of symbols is William Thompson,.who in his
"Outline of the Laws of Thought" distinguishes between three
agpects of propositions, instead of the older-fashioned two-- -
namely, extension, intension and denomination. The first of
these concerns the actual things dencted by the terms of prop-
ozitions; the second, the congepts eonstituting propositions,
the third, the, axuhg;ﬁ expressing them,: R, _
Vo e of, Part III, Paragraph 108, -
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whole, 1t may be dispensed with and the term it defines may_

be substituted for it. Thus connotation regarded as a rela- -

tion 1s the exact converse of definition--the definiendum-
‘connotes the definiens, and the definiens defines the defin-
iendum. Both relations hold between symbols (7); they may
oCcurlln a formal system, which is to say that they hold 3
within any set of concepts which is an interpretation of the .

symbolism, -

_ . Denotation on the other hand, is a direct one one -
relation between a symbol and an object ("Gegenstand“) - Both
the symbol and the obaeot are capable of analysis,rbut are_, 
taken, in this relation, as.units. It 18 not correcﬁrfb séy-
that a denoting symbol "points to" an obaect for where the -
aymbol figures the objsot is dispensed with and vice versa;

In answer to a question auch as "who did thls deed?" we may
name the person or point him out, but if the questioner un-: 
derstands that the name. belongs to that person, our pointlng :
out is unnecessary, or 1f he has seen us poinu, the nane is
=irrelevant We say "John did this deed‘" whén it 15 not con;i
venient to let John himself fiaure in the situation we would o
(7) 'Wittgenstein;“Tractatus 3 24? -"Thé combination'
of the symbols of a complex in a slmole symbol can be expressed

by a definition.,* - \ :
Hee also "Princ. Math.V. p, ll-""A definition

is concerned wholly with the ‘symbols, uot with what they sym-
bolize," S . :
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create Words such as this, that, here, there,--in short

‘all demonstratives~—have the speclal function of filling up
the formal gap in a symbolic oystem, such as a proposition,
when ‘gomé symbol is omitted and its object-substituted.for
it. "This is a gplendid v1eﬂ,“-is nog really a proPOSition,
fcr "this" by itself is meaq1ngless—-it simply takes the ver-
bal place left. vacant by substitutlng an actual t_;gg for a
name, and we would exoress the same sltuation by 1ndicating
a vista by goue eloquent gesture and exclaiming '"A splendid
view’" (8) In such cases only does the object of a proposi- :
tion figure in the propositicn itself But if we say,_"Vesu-_.
vius  from Sorrento is & Splendid view," Vesuvius - (from Sor— |
'rento, or per se) does not as Mr Russell maintains, figure .
in.the,p:oposition. It is the phrase “Vesuvius, from Sorrento“
that figufcs in the word—structure, and any intcrprstation of
this word—étfucturc mast contaiﬁ parts in oucﬁ.re;cticnlthat ;f
thc-éhraéé finds therein its analogue; thie may oo:an'intéré .
'pretatlon in terms of pure concepts in whlch oase there must
be a concept of Vesuvius and a concept cf Sorrento etc. in -
.the prescribed relations, or in terms of ima es in which case_
:we must have ima@es answering to the words of the formal prop—.
(8) ."This" has the same "unfulfilledn charaoter as

Fregn's symbol "€ or the "X" of mathematical functions;
"Der Buchstabe 'X' dient nur dazu, Stellen offen zu halten

fir ein Zahlzeichen. .Ich nenne diese Stellen Arpument-
stellen," (Frege “Grundgesetzeg D 6) ,
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osition (there may be an infinite number of such sets of
imegee), or the eituetion 1teelf namely, the eplendid view

of Veeuviue from qorrento may be one such 1nterpretat10n..

.But never is the interpretation a part of the lozical form=—.

where the cbject is made to figure ln-the.propoeltion, the

proposition is not capable of complete interpreteticn; That -
is Whet I meent~by'saying, ehove, that euch a structure ie

not a complete symbolism, eince one of lte terne ie not s
gymbol, Therefore e put a syllable euch ae “tnis " in :

place of the oebject, to preserve the symbclic character of

the whole prOpoeltion. ; T; l_@ -

Denotation then is the reletlcn by virtue of
which one entity may be eubstltuted for another. It ie a
relation between two terms a name and a’ thlnﬂ.. Tnishls hl'”
the elmpleet eort of "meenlné," where the eymbol eervee ae,viy
e.nhandle" to its object for purooses of mental manipulation.:
_In the case of namee havinu no connotation in tnemeelves
this relation may be eet up with any obgect whatever for if;nl
"relatum but where a connotation ex1ets~—1. e. where the
eymbcl is 1teelf derinable——the ecoPe of poeeible denotaticns_
'ie limlted (9) ' Here we come to the third type of meaninv—_'_
'relation,whlch holde betveen the 1nteneion of a term, and ite,
cbject. - |

'(9). This reciproocity betwesn intension and extension
hag been clearly vointed out by E. T. Dixon in an article "On

the Distinction hetween real and verbal propositions." {Mind,
K. 8. Vol. II, p. 341) "We may lay it down arbitrarily that
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Just ag an analyzable term in. a symboliem may be
taken as a eingle entlity or ag a set of definitely related

other terms, so an object may be taken as asfmoleentiw .

or as a complex of eharactegggt}gew;gwqeiinite relations,
Thus where a name connotes a content and denotes an object,
both symbol and object ars eystems, and In order to estab-

1ish a valid meanlng—relation a "correct“ use of the sym—

bol to name that object these two syetems must be lxka-_ﬂ -

a esses. A direct denoting relation must hold vetween their

elements, i. e. between the term as deflned and the obaect ag

a cemplex ot e “clase as.ﬁang," in erder that the term-aenae
unit may fltlY denote the objeot as a unlt er e ﬁclees'as one "
IWhen we aruue about “the proper use of nords for cartain things
we rarely disawree about the acceptablllty of arbitrary names,
known a8 "geod usage"; it 13 eractlcally always a queetion of
ﬁthe relation between the "eontent“ of a word and the struc-;
ture of ite obaeet, that is to say, shetherw—the inteneion o

belng flxed---the extension of the term covers the object

(note 9, preoealng page) ‘ ' R =
a given term shall denote any given set of thinba “or connote
any given set of attributes, but having done so 1% is no longer
in our power %o determine what attrlbutee it shall connote, in
the first place, and what things it shall denote in the second.
The arbitrary part ¢f the meaning of a term I shall call its
definition, and the remaining part of its whole meaning its .
import. Thus by its definition I mean either the sextension of
the term or its intension, whichever is l1laid down arbitrarily, -
including, ...every item hnlch may be formally shown to be implied
by that assertion,*
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in’ question, or not, ' The relatlon of the intension of a
-tarﬁ to 1ts object is called description. in thie_eense,
not only one Byﬁﬁal may "ﬁean“'oﬁelobjeot as in the case
of names, but a system of eymbols may mean one object~~that
is, in the sense that a deeoriptive phraee "means" the sin-

:gle objeot it describes (10).

- There 19 a further relation which holds between an
element of the Intension of a symbol, and a conatituent -
event_in the event which is the object of that symbol.' This-
relation 18 the non-peychological basis of suggestion, and s
might be 0alled "signifioation; It is a reversible relation
end is, in faot, often reversed for praotical purposes (11)
'as we ehall later have oceaeion t0 note in observing epecifio
phenomena of meaning. Signifioation is the sort of meaning
whlch attaches to signs (as distinouished from BYMbOlS).t:rf;iiiillﬁ;xﬂ

non—verbal meaning—eituatione than description, ‘because 1n i'

suoh situations the one eyetem is less categorically marked '
(10) L Wittaenstein Tractatus'i 3.24 “A propomhan

about & complex stands “in internal rel to the prOp._about
its eonetituent parts.” ‘

{11) The sign~function, which may attaoh to words
but more often attaches to other things, makesithe reversi-
bility of the meanug_n1dhanﬁwre evident than any other type-
of meaning, because in non-verbal meaning-siiuations the
symbolic character is not so obviously stamped upon one of -
‘the systems in question as it is in situatione Where one
such system is verbal, :
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ag the symbol and the other as the objeoi, than in those where
wofds-are employed,. It alsc depends upon 1ﬁtervalence° but:
with the distinction that the intervalent systems are here

not contained in the term (ae its intenaion and its objeotnr
as—complex) but the term and its object are contained respect-
i#ely;in the two iﬁtefvalent eystems."Take, for example, a
sign'of low air-pressure--the £a1l of the barometric 1ndei-

to 28 1n...Thia‘sign-fuhctioﬁ of the varometer depends upon
the'faot that the system éf air—pressufes and'the system of \_
barometric behaviour are intervalent 1. e. that for every - -
event a, 1n the prassure-syatem there is a correlated event
-a' in the system of barometry.‘ The sign-relation holds noh be-
tween the two systems but between'% of one and a' of the ..

other ) - .

| Thua we can see that many meanings of Meaninw are_
contained 1n oonnotation and denotation, which are indeed
.oomulex relations thouwh by no means as artifioial and dan— L
gerous as Messrs. Ogden and Richards would hawe us believe.- '
They are, in fact Very interesting ones, giving rise to
Aseveral types of meanlng, and are confusing only to super- 3- 
'fioial and inexact oontemplation. On the. basis of these re->‘5
lations a term "means! (a) its intension; ()’ an‘objeot;it |
arbiﬁi&rily names; (o) an object it describeé;-(d);aniobjeot :
iﬁzsignifias (cbrreotly,suggésts, allows us 10 1nfar).‘ (Whén :
I say thaﬁ a symbol or sign means an object, I am of céufse' 
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‘taking object in the broadest sense, of "space-time event,” (12)
40 include facts, notions, feelings, qualities, etc. as well as

things.)

| Meaning always involves a psycholouioal factor. ‘A
word (or other symbol) may be capable of meaning a certain
.object, oraLce{;ain inten91on,--a11 this possibility requires
is the logioai structure~-vut it does not aqtuaily éean it
untii a mind apprehends the existing relation and adds the
arbitrary act of reference which establishes actual meaninv (13).
The two aspects are best dlstinvulshed in the German terminology
which separatea "meinen" and "bedeuﬁen" EBedentung" is_'
possible wherever correlation exists, and to just‘the extent -

to which this correlation is feasible; but only where Meaning'
’ / . B

_1ﬁ the sense of mmeinen" is superadded, dces the “Bedev¢uné"

becoms actual There are, then, .three relevant factors in an:

actual meanlng-situatlon (a)'the type of logical relation

making it possible (b) the mental act of reGOgnizggg,or using

the relation, (6) the nature of the terms between which relationﬁ
holds, Obviously, when any one of these is éltered, the actual
(12) I take this notion from Prof. Whitehead.
of. His "Ewquiry" and "The Coneept of Nature®.
(13) of. J. Laird,"A Study in Realism! p. 309:
"When symbols express facts.....ltais eipressiveness can be

recognized and known only if symbol, fact, and the relation
between them 1is recognized and known." : : :
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‘situation is altered, Wow I do not assert that there are
only four "meanings of Meaning,ﬂ—-ih fact, there are cer-
tdinly more, pernaps nearesr forty thén four~-but I do main-
tain that théwiﬂuxwabstxagtmsituationawa@§u9¢d”ab9ve;mwith

their converses and possible hybrids, exhaust the lopical

types of meaning and consequently supply the formal basis

for every empirical class, (14) . S .

(14) See AFFendi)c. B, -?‘IC 0, for c'liagra.ﬁ'\ - of m.cah:oh_g;re?é‘}ﬁanb.
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Chapter 9. .
The Catholioity of “Meaning.

_ To formulate an even fairly exhauetiVe phenomenOIOgy
of meaning is not an easy taek perhape the most euoceseful
attempt ie, 80 fer, that made by Ogden and Riohards in;“The
Meeninw of Meanine." ,The-inventory of definitions. they'give o
in the chapter which bears the name of the book dietinguiehee
between eixteen drfferent meenlnge of meening. 1t is rather
unfortunate for eerioue,phenomenology that thie rnventory ie; -
designed largely in a facetious spirit, to exhibit the obvioﬁe-‘
inanity of'lOgioiane; aﬁd the gratuitoue labor of writers Who,‘
'iike Prof Urban, thiﬁk too logioaliy”to roduce a popular 0
:etyle,  The lampoonlng interest is not alwaye to be trueted
for eoientifio oandor. But despite thils disadvantage, the

1iet eppears to be in the main what ite authore claim for it‘ o

ey

"The followine ie a representative 1iet of the maln

definitions which reputable students . of meaning heve favored

.Meaning iS-— 35: ﬂ_!trfiJL: . 7ut_f;;1_‘f5e:5]fgﬁﬁ—f.-f-e'
/1 An In rineio property (1) ‘
i | : St
II A unlque unenalyzeble Relation to other thinge.

' (l) I have so far been’ unable to discover the .
principle of capitalization here employed, but copy faithfully.
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/rIII The other wcrde amexed to a word in the
Diotionary. . : | ' |
IV The Connotaticn of a word

V_ An Essence.

VI An activity Projected into an object.
vii. {(a) An event Intended. ' 7
| (b) & Volitlen. . - . .

VIII The Plece of anythlng in a eyetem.f

IX The Practical Goneequences of a thing in def
future experience - :
X The Theoretical consequences 1nvolved in or
_implied by a statement. . ' |

_XI. Emotion aroused by anytnina .

Y, XII That which is Actually related to a aign by -:;f
{a chosen relaticn."e _ . [T .“" -
H Xirr (a) The Mnemic effects of a etimulus.rcve;;ﬁe';ﬁﬁ
o ': AseociatiOne acquired R

_ '(b) Some other ocourrence to which the mnemic.
'effecte of any ocourrence are Appropriate..~ ?;'”" '
o That whioh a 8ign is Interpreted as being of
" What anythlna euggeete._'f ' -

In the case of Symbols

That to which the user of a Symbol actually

_refers,
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XIV That to which the user of a symbol Ought to |

be referring.‘ _ , ) B ‘
XV That to which. the user of a symbol Believes'

‘himeelf to be referring._

C KVI‘ That to whioh the Interpreter of a eymbo; )
(a) Refere o o ' ‘: o
(b) Believes himself to be referring .w::;

(c) Believes the Ueer to be referring. o

The compllere of thie 1i8% would eonvinoe us that
XIII is the real meaning of meaning (there must be juet one .
"real" meanlng, wherefore in this caee the five aeeeptable
meaninge are collectively given one index-number), -and that |
all the other definitions are due either to a metaphorical
uee of language (3), or to "word-magio ® the employment of
worde for their own, eake.r Now the sin of “wordwmaoic“ is -
:oharged aaalnet all logiciane, because these deal with “prop-ﬂ e
erties or adjectives," Wthh are “fictitioue or nominal en*~'t
titiee which Wwe are led to feivn through the influenee of thenf;
bad analogy by which We treet eertain parte of our symbole asfsi
though they were eelf complete eymbole.....There is a linguietic

(3) It may be noticed here that metaphor hae aleo .
1te meaning, and that a metaphorical description may be correct:
or incorrect as well as a literal cne. Ogden and Richards, for:

gxample, use the words "nomad" and "mendicant" as metaphorioally
deeeriptive of certain types of eXpresaion._ :
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‘necessity for such prooedure but to. exalt this into a logical'
'neceseity for the 'subsietence' of ‘such elements 18 to forget'

what the world is like." (3)..; R T

A person charged with thls form of forgetfulness—-f
Mr, Russell, for instance--having thouéht perhaps more deeply
-about metaphysioal problems than either of his critics might 
smile over the cock*sureness of their knowledge "whal the
world is like." Their extreme nomlnaliSm based (as nominalism
usually is) upon common sense makes them impatient of such_
abstruse probleme as require the uncommon gense of 1 Rueee11;
not only for their solution but even for their recoenition.
Perhays they have not even. recobnlzed the pertinent problems,;
(a) hoa properties may be “symbolically distinguished" whioh
do not in any sense’ exist, or how thinge can he "propertiad"-
if there really are no properties (4), or, (b) grantlng that -

properties exist in some sense, though not in the game sense ?'

as "propertled things," (1. e., phy51ca1 components of the -

real world) Who ever claimed for prOperties the Same typa of

existence as for spatio—temporal obaeots,:and furthermore '(c)

(3) P 309- 310 . ”3)7)_ eeej_.;;ef'f_

_ (4) p. 309: "The only entities in the real world 7\
are propertied things which are only symbolically dletinguleh-
able into properties and things." ,
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why a dietinction between dependent thinge ‘Buch as prOperties,
719 not Man addition to our knowledge" (5), and (d) why the
aspects (propertiee relatione) of a thing, just because they |
do not walk the streets in its absence, must not have names (8).
:Naive Nominalilism has the poﬁer of:making all ebetraction,_and
ﬁherefore.ell logistio, look ebenrd; the *trouble, however,rlies
in “whae ﬁhe.world‘ie 1ike“f-name1y, in that 1t is not.peopled

enti:ely with Naive Nominaiiets.

| The moral of this tale is that 1f we would dieoover'
"the meaning of meaning," 1% will not do %o chooee from among
'the sixteen or more poesibilitiee the one which fits gur meta— |
physical pre;udioes and reject as "1ncorreot“ or “verbal" all
other meaninge of the term, If it is. pereietently used in.
eways our theory doee not account for then our theory is too

narrow, not the: uaage of the word 00 wide. Now I believe ¥fT

that all the current meanings of the term are notione founded

Aogwggg relatione expounded;in the previone cnegye;. Most of,,i

(5) infra' *No convenient symbolio device ie objec— :
_tionable g0 long as we know that it 1s a device and do not ‘
“euppoee it to be an addition to our knowledge "

- : (6) cf. G Santayanna "fhree. Proofs of Realiem LA
(In "Egsays in Crit. Realism") p. 186: "If we regard things
ideally and ontologically, we may say with Hume that whatso- .
ever 1s distinzuishable is separable. In this sense the

events that common sense regards as interdependent are Just e
as separable as those which 1t regards as disconnected.m”
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these "definitions” are such that it is perfectly possible -
to aocept'several of them at ohee a8 they do not elaim te? .
be exhaustive and are not mitually contradiotory. Thus-Wei;
may well enouwh hold say, both V and XII to be true VII
and IX and x v, VII b, and X1, and so forth. The only
definitions which eeem by their metanhyeical simplicity,

to deny any variety of tyres of ﬁeanlng, are I and II.

Meeers. Ogden and Richards. consider theee 80 foolish as to“
be negligiblet But here, even group A of their liet shall

be taken eeriouely*~e50ecia11y since they adduce such eminent
authorities for these definitions as” John Laird and Bertrand

LA

Russell (7)

-

e Their quotation from Russell is taken from an article
in "Mind " oa part of that memorable sympoeium of 1980 which {7”
.unfortunately yielded little besides rather eharp~tongued o
banter. Our authors enter promptly into the epirit of that
debate by quotino Mz, Rueeell out of context which*—in thie
'case—-alters ‘the effect of hlB words.] They uee hie statement ;
that "meaning is an observable property of observable entities"
to bear out Foolish Definition I: "Meaning is an intrinsio
property," when a fair reading of the "Mind“ article showe that

the emphaeie is to be laid upon "observable " not “property, _

(7)"M of M., P zes‘ff:,si'""
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and that Mz, Ruseell is using-"property" as a conven;ent
@erm; in a very wide seﬁse, to mean'anythiﬁg'ﬁertaining to .
the entities tﬁat have meaning--a relation, a qoality,-a
.function or what—not—Fbeoause preoisios in.that particular *
context is 1rrelevant. This miSquotation is all the more
unpa;dohabie, ag Mr, Russell comnits himself fully_andr o
explioitiygin_his subsequent pages (8). "Meaning," he A 
writes, (p. 402) "in mﬁ'view; is a coaracterisﬁic of 'signs!,
and 'signs’:are’sensible (or imaginal) phenomena which cause
.actions appropriate, not to themselves, but to something_

ielse'sith which they are aﬂsooiated."

| And again’ “We find eometiwes that, 1h'mnemic
causatlon, an 1mage or word as stimulus, has the ssmo 'f
effect (or very nearly the same effect) as would belong to
some object gay a certain dog.....In that case we: say 1

Vthat the 1mage or word 'means‘ that object ",
"We may therefore lay down the following definitions*-;

"(a) A ‘sign' is an occurrence which through mnemio

causation, has mnemic effecte (not in general, other effects)

(8} It may appear aratuitous to critielse at such :
lenwth a breach of professional honor ‘which is below coriticism;
I do it here not in the interest of kr. Russell, who needs no
apclogist, but in order to justify the tedious ohecklng-up to
which I have subjected all other references given by ¥Yessrs,
Ogden and Richards, and the adduotlon of further examples whers
ever I fesl that their statements can really be substantiated.,
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appropriate (from the point of tiew of-the animal's inetincte
and desires) to some other occurrence or set of ocourrences
with which it 18 apt to be associated '
'"(b)l In such a case, the other ococurrence or set
of_ooeurrences is the 'meaning‘ of the oocurrenos which 18

a sign,™"

.Certainly'tﬁis more”emele and feirly'chosen-quote-r
tion servss‘to class its autbor'as a'subscriber, not to.Foo;-
ish Definltion I but to XIII a. The passage qooted from
Prof Laird s "A Study in Reallsm nMmeaning is directly per-
_oeptlble just like colour and sound "is, I believe really
ﬂexpressive of that wrlter'e bellef as other passages of the
book suggest (9) | Hrs conception of Meanlng, however is _ 
something between I and II, for meaning is both an 1ntrinsio
pr0perty, and a relation (thouWh not an unanalyzable one)
-between other prOperties. The flrst assertion that 1t 1s:5'
'an 1ntr1nsic property, merely states that some relations are
V"internal ", this has nothiné to do with our present problem.
-As for the nature of the relatione which constitute this,jf

(9) 'For'example, oh p. . 36 - "Perception is the
awareness. of a sensory complex.....vhich has meaning or sig-
nificance as well as extension, duration, coler or tone and

this meaning or significance belonus to it quite as indefeas~
ibly as hardness extension and the rest .. " :
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property, they are clearly of the sort we have analyzed in

the last chapter--i. e., correlations between entities or

systems or elements of systems. (p 34) There ie a. very
similar passage in Husserl' "Logisohe_Untersuchungen,ﬁ_"
which serves to.substentiate_the aesertion that Meaning‘is
"an intrinsio,property": o ,H;"V L i o

- "Was Bedeutung ist, das kann uns eo'unmittelbar
gegeben sein wie uns-gegeben i5t, was Farbe und Ton ist.,
Es lasst sich nicht weiter definieren eg ist ein deekriptiv

Letztes.f S

| This definition may be cla8sed not as I or II but

as "A " since its author tells us not whether it is a relation
or a property (in fact, it may belong under B v) A1l we are
told is that Meaning is indefinable, unanslyzable. (We nustf
not be misled by the analogy to oolor and. sound which are‘
qualities, 1t is quite possible that something which is not

a quality may yet be perceived “in the same way . “) As a :fnf
definition the passage really tells us nothing at all, ‘since .
it simply equates two kinds of alleged data--what meaning is,,
and what color or sound is—-and the latter (and through the .

equation also the . former) is not a datum. A speoifio_color

or tone itself is a datum, put what oolor {or tone) ig, is a
legitimate soientific question, to be answered in terus of

‘some eyetem of concepte. Thus by analosy the moet that oould
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poeeibly be Y"given' to our meaning-perceiving eensa would -
be a Meaning-—that is to eay, by this sense we could detect
the preeenoe of Meaniné, not determine what Meaning ig.

About the preeenoe of a directly perceived property there

can, 'of course, be no argument. It 1s a "this,"” and the fﬁ
'only problem it presents (besides the scientific one of ite
relations to other things EX e., of ite nature in terme of
some syetem) ie the problem of giV1ng it a (denotative) name;
But, granting that Prof Pueeerl has a sense- organ for the o
‘perception of Meaning, which I gravely doubt let us coneider;
hie ueee of the word "Heaning," and eee whether these apply
.to ‘situations, which exhibit the logical relatione Wwe have -
discussed, Meanine in its eotual 1. e.,, concrete and partio-
ular manifestations (udas konkrete Ph&nomen des einnvbelebten
VAuedruoke") may be an unanalyzable property, likermed or C#,
perhape every concrete event is of thie nature—-thie is a
‘queetion for the. metaphysioian.‘ But that the oocurrenoe ofL
Meanina depende upon the preeence of certain relatione, Prof :

Hueserl readily aamitg.,-;

'ﬂsehen wir nun von den Erlebnlseen die speaiell zur 

'Kundgebung gendren, ab......eo echeint zneierlei dbrig zu f;:
bleiben der Auedruck selbst und das was er ale seine Beden~
tung_(ale seinen Sinn) ausdrﬂokt. Indeseen hier sind mehr—i
faltige Relationen miteinanénxf verf;ochten, und die Rede von

dem wee-enegedrﬂokt ist und von Bedeuwtung ist dementeprechend
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eine vieldeutige." R LI Rt : R

nStellen wir uns auf den Boden der reinen Deskrip-
tion, so‘gliedert sich das konkrete\Phanomen des sinnbelebten
Aﬁsdruckq einerseits in das physische'Phenomen, in wélohem

S
4

sich der Avsdruok”naoh seiner physischen Seits knnstitu}é}t,

und‘aﬁdererseits in die Akte, welohe'ihm die Bedeﬁiung und
eventuell die ansohauliohe Pﬂlle geben und in welchen’ G&eh _
sich die Beziehun@ auf eine anSgedrﬂokte Gegenstandllchkeit
.konstituievt. Vermbge dleser letzteren Akte ist dsr Ausdruck”
_mehr als ein blosser Wortlaut Er melnt etwas und indem er

88 meint bazieht er sich auf ein Ge&enetandliohoe "

Here we have the general statement that meaning implies

a relation between a symbol and 1ts obgeotw-i. e. the event

which is the symbol and some other event In the oase of namea,
this is unmistakable. A name always refers to an object and
_this is the sense in ‘.shlch 1t "means" the objeot (10). so far
the relation between a name and an obaeot is the simple one one .
correspondence of unita ne hame called "denotation. This is
taken vy Pusserl as the real sense of Bedeutung (this word msans,
qulte literally, "denotation", .udeuten"_=u"to point.ﬂr It has
(10) " p. 37: Der Name boiSplelsweiée nennt unter
allen Umsti#nden seinen Gegenstand, n#mlich jndem er ihn meint.®
(Note that this employs "meinen" as a synonym for "pedeujten," -
not-in the original, psychological sense--a procedure to be

lamented in the interests of clear terminology. Compare. the
footnote on p. 73 above.) , -
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a secondary meaning, namely interpretation--as in "Traum—

deu*__gﬁ~~based etymologioally also on the idea of Eointlng
out.} That the nature of this relation, aside from the for-
mal prOpe:ty.itisharés with many others (i: e, being'o_oneé .
oné'relation botween two ehtiﬁiea of:usually'very divefse‘
oharactef) is unanoiyzaole ueinldeskfiption Letztos "and - /
that its actual occurrende depends upon an act (or aots) of

some mind (ndle Akte VUelahe. ihm die Bedeu g und event-'

uell die ansohauliohe Fiille geben"), T am perfeotly ready to *

accept..

- ‘. But denotation taken as the aroh-type of uBedevL
'tung" in the broaaer sense. where nBedeutung“ Meaning, leads"
%0 notorious dlfficulties. ‘There seem, indeed, to be cases .
_where thia one—one correSpondence doee not apply. In a pas-"_
sage quoted above Husserl remarks, udie Rede von dem wasv S

'auogedruokt ist und von Bedeutung 1st dementsprechend éine ff,"

,vieldeutige."A Thus ggggg_do not function in the former(”nor |
fsubjective expressions (gestures e;aoulations) in the latter. :
sense of Meaning (11) The fact is ‘that "was ausgedrﬂckt 1st“ :
\is intension, the obgect of oonnotation and Bedeutung (as a:

.pure, not a. verbal noun) the exten51on or objeot of denotat;on.
(ll) p; 23 “Zelchen im Sinne von Anveichen (Kenn-" _
zelchen, jferkzeichen w. dgl,) drficken nichts ams.” .

(12) p. 31: derartige ‘Ausdriicke' (unwillk#irliche
Geeten Mienenspiel) haben eigentlich keine Bedeltung."

Y
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Sigoe such -as marks are non-oonnotative (tbe meaning of marke -
will be discussed under the addenda to Ogden and Richardéig'
list), and‘enoohecioue expression ls neither denotetive‘ﬁor
connotative--in fact, it has no Meaning fot its producer since

he 1is not consclous of it, whereas for the cbserver it is

significant and its logical basis 1is the complex :relation be-
itween,anaIOgoue terms of two systems which we have.oalled
“eignification."' This reiation; which is quite distinot from
connotation:ae'well aé denotation,-falsifiee the term_“expree-
sion" here used so that Husserl feele obiiged toﬁuee it.“
(nAusdruck") in inverted commae to distinguish it from  :F
"Ausdruok“—-intension. In fact, like nAnzeichen," (marks), -

he rules it out of the discussion of Meanings entirely.._-

o Hie next difficulty arises in regard to simple eym-
:bols for complex objects, and vice versa. This is a rather s
eubtile affair and requires mere detailed consideraticn of the7
one-andnthe many problem than our 1eet chapter has furniehed
although the way out of the dilemma is I believe euggested '
1there.- Huseerl chooses for his example the exPreseion “eimple
_ob;ect"--ahich he claims is a complex symbol denoting a. )
eimple obgect (13) Now this’ difficulty gseems to me to be

(15) Huseerl Loc. cit. (1) p. 296: *Zueemmeh—-
geeetzte Bedeutungen x&nnen einfache Gegenstande tvorstellen’.

Ein ebenso klares alé entscheidendes Beispiel 1iefert unser
Ausdruck einfacher Gegenstand selbst.m
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based upon two oconfusions: {a) the confusion of a tera with

ite definitiOn and {b) of the obgect a8 a unit With the ob-
'ject as a complex.. (the that the two fallacies are ccrrela-l-'l
tive—-term and definiticn being analogoue tc unit and complex ) :
And the relation of the eymbol "Simele object® to said obJect o

ig a "hybrid" relation because the‘eymbcl in this case both

‘denctee and describes——i - it is related at once to the ob—

Ject as one and to the object as a complex. It will, be retorted _

'that the cbaect here in queetion is never a complex, to which I

inrthe broad sense in which Huseerl follow1ng Jeinong, usea
"Gegenstand"). For an ob;ect may alwaye be viewed (a) as a ,fl“
locus of all its relations, in which case it is simple, or (b)

'ae a product of thoee relations - in which ‘case it ie complex.'

Any obgect is simple or complex according tc the eyetem wherein f
it functions—-even the hyecthetioal entities at the end of an -

exhauetive analysis of a system as such an object is eeeentially
"that which has - euch—and-euch relations. ": That is to say,MMM  S

'cbject nay always be defined in terme of other cbjects in ecme‘r;

l

eyetem wherein i¢ ie capable ef figurin _ Now_in so far as the.
words feimple object™ denote an obaect per'ee;.they functienf'f

(14) 'p. 897: "Es ist dabei ganz gleichgultig, ob es
solch einen (einfachen)} Gegenstand gibt oder nicht,” Yes; but
it is not a matter of indifference whether or no there gan bhe -
such an object.‘ : :
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together as a name, and are not'divorcible -1, @, in a lang-
uage where "eimple objeot“ is merely the name of something,

the symbol cannot_be divided without loeing all meaning (15)

It ie juet as much a gingle symbol as "Franoie Joseph" or
"Marie Antoinette " But where it doee not function purely as

a name there ite parte perform two discrete officee"‘"objeot"
denotes the obgeot in queetion, nd “slmple" tells us eomethlng
about ite (inevitable) relations in some eystem. The ob;eot
“here figuree in more than one eyetem--the one we are alking
about where it can only be named being one of the 1ndivieible”
fundamentale ~and the eyetem of .concepts we are talking in, o
'where it ie not so and can be analyzed i, 'e.'"deecribed “2 }}?
Thue the symbol "srnéle obgeot" whloh denotes the obJeet and
that which deeoribes it are really, by their functione, dif—
ferent eymbole, one being merely compound (1ike a double name, j
of. examplee above . and the other comglex. Compound names ﬂtf 
are not logically intereetrng. (Note that full names under-.w

our'ourrentanaming eystem ‘such as:. . "Mary Stuart " are oomplex

not oompound ) Gomplex namee, however, usually “mean" both the,

eingle object and one of#wmemweaturee.r They do not. “mean“ 1t

in the eenee that a definition of its name "meane" directly the
‘name it defines and‘indireotly the obgeot it deeeribee for in |

. (15) Wittgenstein,"Tractatust 3.208: "The'aimple‘
signs employed in propoeitione are called names,

3.28: "The name cannot be analyzed further by |
any definition, It is a primitive sign." :
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such a pure description the object is not named, A pure

_deecription,enumeratee a set of attributes but mentions no L
subject other.thaﬁ "that," "that which " Suchra phraee ag |
_“TﬁerMan‘ih the Iron Hask" is not a pure deecription since
"The Man" is taken to mean an obaeot as a unit and the rost .

of the phrase assumed the object as a complex. Thus the most

.famoue of 10gical relatione that of eubqect and bredicete,>

in so far as it figures (as it usually doee) as a direot rela~-

tion, ie really a confusion of eeveral relations both direct

and ind rect: (a) of a name to an obgect (b) of a definition
to its definiendum {c) of a descripticn to ite-ob;ect (which  -
‘ie a complex of attributee or of concepts) and () of a name
ezih-the attributee of its object (i. e. its object as a com—l ’
plex) It is really, to borrow a term from mu31cal theory, a |
i“crose-relation w holding between terme of different Syetems

It 18 not surprising that so complex a relationehip ehould have .

'been productive of deep confueions wherever it haa been viewed

as direct and unanalyzable. N

_ hWithout going further thrcugh ell the various dietinoex
tions of Meaning~-"die wesentlichen Bedentungsarten and BBdBMr
tungeformenn (18}, we certainly must recognize that Huseerl  :'
doee not diemiee the logical problem of meaning with his state-
ment that Meaning in actu ie-immediately perceptible and not
deecribable in any terme._ Whether this latter statement ie_true

(16) Hisserl,'Log. Unt! II (1) p. 183 = =
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doee not really concern the present 1nquiry, which deale with

than the aotual forme in which it does oocur.: (I) for 1nstanoe
does not preolude any of the definitions under B and C; (11)
does not oonflict w1th any of the propositione here asserted
about the types of relations whioh may give rise to Meaning,
‘since a relation per se may be unique and unanelyzable and yvet
belong to a perfeotly reooenlzable type. A fact thing, or

other aotual eyetem igs probablg alwaye unlque and unanalyzable'

_ Thne it appears that'even writere who claim that Mean-
‘ine ie'a simple property or a special, indefinabie relation,'_--'
use the word, quite ooneoiouely, in eeveral different ways.
There seews no way out of the predicament that the word 1e :
“legitimately“ used with various meaninge and that it @ay, in
faot have eeveral meanlnge at onge. Thie multiplicity of . _
_meaninge is quite in keeping with the tremendous importance of

the whole eubjeot*-the fact that experience iewﬂehot through f

.and through with Meanings," (L7) that our adult 1ife is con-
cerned w1th comparatively little direct eeneation but ie filled'
Ieith the symbolio functions of that 1ittle. It is, in faot

such a ne t-work

meanings. that every item of our. actual exper—

. The analyees

(17)' Sellars,"nssays 1nVCritioa; eealiém}'
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undertaken'in the. previouS'bhapter make it quite evident

<apprehended as_a unit) can enter at once into several rela~

tiOuﬁmup@exlz;ngmygap@ptiye,mgﬂgégguﬁiﬁgaﬁiggg- Thig'also_

acoounts for the difficulty, often bxpérienced, in,asoeitaiﬁ#
ing ﬁhét a word means in ﬁ @iven cohtext——a difficuity alto~
gether too deep to be laid at the door of that scape-goat of

scientlfic 8Iror, the personal equation.
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‘.~ .. Chapter 10, - - .

. | Phenomenology, the Measure of Theory;:=.""

Al

Phenomenology, as has been previously remarked (l),

is always inductive and therefore cannot yield universal

pr;no;p;es. But given a theory, its plauelbi;ity_is_oertainly‘\v
increased if it fits all our available;facte. The followiné
'test of my‘theory of Meaning is not'expected to render a proof
lbut merely to suooort the boast that it is not yet vitiated by
one‘negat;ve instance. . For thie purpose 1 shall take the list
quoted above from Ogden and Richards, and examine the logical ~

foundation of each of the Sug ested meaninvs of meaning.,

'(I) and (II) as I maintained in the foreaoinv chap- _;
ter are “vacuouely“ satisfied by the intervalence theory, |
'because they are non~committa1 about the condggigga for Mean-
.ing, Let_us go on to III,_Heaninv = "the other worde annexed ..
:to a Word in ‘the dictionary." -By this assertion, Meaning ie
the relatum of the relation we called "definition" and the refaij
terent of the converse relation "connotation. - This bears out |
-the dootrlne that connotation is a relation etrictly between i-'.
aymbols--between a oomplex symbol and a simple one which are_-'
equivalent i; e, may be subetituted for one another in any

eystem that _contains them both (2)

'(1) See Chapter I.

(2) This relation of Wthh Messrs, Ogden and Richards
are probably not aware, is neceesary before they are justified
in speaking of "one eymbol being the correct analxsis of another"
(1talics mine). ‘of. The Meaning of Mind, p. 328,
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IV- Meaning‘ "the oonnotation of a word," uses
7oonnotation unfortunately, in a different senss than the
one for which I had teohnioally reserVed it, it uses conno—'”_
tation as a term in a relation whose other term is the word
The sense in Which Ovdon and Richards use. it, 15, I think,
perfectly clear at thie point«—and the relation looks very

mich 1ike the relation between symbols given under IIT. It

is, 'as a matter of fact -an analogous relation between analw'
lowous terms, but 1netead of mers symbole it terms are oonde
*ggtg. III is a Purely formal IV a philoeophical definition
of Meaning. For every case of Meanino that is possible under‘
v there is a possible ‘case under III such that the two show

a term-for—term correspondence, i. e. one "is an exact replica,‘
of the other. III ie an abstracst statement of Iv, an& IV an
:interpretaticn of III‘ In. either case the word (respective—i
:ly concept) meane something by virtue of Connotation' and by |

the ‘relation I have called signification, 1. e "intervalenoe":

of eyeteme III meane IV (and conceivably, vice versa).

| Vs, 1 believe, what Hesars. Ogden and Richards -
eert it to be--a- hypostatisation of connotation (or acoording
to the present viewyoint of "dictionary—meanlng ) (3) Even
it it be all that the Critical Realists hope for it we may G

regard the dietinction between IV and V as a metaphysioal one.
. & -

('3)__' "’,m:.;,-af.:-m;}, o _-:s__og
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The "form" of the relation is the same whether we regard
“the relatum as a complex of symbols or of concepts which.- ’
e,n:'e_“mente,l'T or in some other sense "nnreal," or of gub- o

Cw

:61stent“'universals.-

Between types. V and Vi there should be a break in
the classification. It 1s hard to see on what prlnciple
III--V (inclu31ve) should e classed togethsr with Vi, VII"H
and XI, 1f IX and XITI are unlike enough to be separated
(unless they be arranoed acoordina to their supposed degreei

of error).

o ZVI, "Meaning is an activity projected into an ob-
jeot n is presumably based on the utterances of Prof F. C S
Schiller in the "Mind" Symoosium ‘and quoted by Ognen and o
fRicharde “who consider the olted passage; "Meaning is an
‘activity taken up’ toward objects and energetlcally projectad
 into them like an Q&‘pertiale,“ as "most charitably regarded '
a8 a metaphor._ But 1n a oontroversial rather than a charit—_rf
able mood, we mey also take the account seriously. I do not ,f”
.know how ml-partioles are. proaected but I think that with t
éegard to Meaning Dr. Schiller is simply desirous of empha*i

siziné the oonorete psyohologlcal slement and disregardingf:e

the lowioal oonditions Which are the subject of thls'enquiry.

In his sentence, quoted on page 373 of the “Meaning of Meaning,“

{4) cf.,ontstion‘adduced'by'Ogden and.Riohefds,

-
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"what anything means depends on'who means it " 1s somewhat d
trying to the hair—eplitting mind of the logician who would P
probably ask whether "it" refers to "anything" or to the .
meaning of the anythina I aeeume thatrthe 1atter referenoe i-
is the one desired. In this case we are, of'course; deeling
with two‘seneee of meaning, (a) a function of a sign or sym-
boi,land {(b) the mental activity of the person using that;.
sizn or symbol. What is asseitea’by Dr. Schiller is, thore-
fore that a word (for example) is cazable of several mean-
'inge perhape even. kinds of meaning, and the one which it is
aetﬁally to have in‘a.biven eituation depends upon the menta1 .
activity of'sbmevpereon whose idtereet happens te'";ealizej;z
.one of the possibilities. 1 do not think Dr..Scﬁilier'would ?
'deny the_ existence of logical etruoturee Wthh determine what
qmwprdmggg“@eggffif_he were ever patient_eneugn of 1ogie to
Jeoneider uhrealized thinge . Whether "realizafion" is the'pre?.
'3eotion of activity from a wind into an object I anm not meta—f?
phyeician eneugh to discuss, I doubt the theory, but certainly

¥

cannot eubetitute any other. The sort of meaning Dr Sohiller
would indicate by the phrase "what an&thzng meane n ie really
one aepect of the sort of Meaning that belongs to a thing——the
aepect which Hueeerl calls its "Bedeumungeerfﬂllung,“ which is
-here said to depend on a personal element-~which the German ;

’philosopher has dietinxuiehed as the "Bedeuxunvsakt ""It is.h

‘thie‘"akt," of course, which is supposed to be energetieally :
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projeoted Our subjest here, however, . is neither of theee'
evente, it ie the bare formal aepect which Huesarl in hia
-thorongh analysie hae also accounted for and hae termed
,“leere Beoeutungsintention." We may therefore say that VI,

like I and IT satisfies our conditions "vacuouely."-

~

This is not the case with VII (a). The definition
of Meaninc as "an event intended" does not eimply tell us
-one thing which is true of all meaninbe' like "definitione“
'I and II nor gingle out one aspect of any meanlnf-eituation,'
like-VI, 1t_rea11y characterizee one of the many current een-'l
_eeerof neening. If I send a letter to inform a friend of my
arrival in the near future, the conveyance of that 1nformation.
‘ie the meaning of my sending the letter. I have correlated

two elemente of reepectively two systeme-~the syetem of my

acts which is a thSlOal system, and of their exoected conee-

quencee which ie an imaginal one. (Note that their actualr

consequences axe irrelevant to the Neaning here diecueeed ‘the .
Meanlng remains unaltered even if the letter does not reach its
'destination or my friend cannot decipher my haety ecript The
meaning relation holds between the action end 1te expeoted ef-
fect ) And as the word “Meaning“ ie unfortunately, applied '
equally to the relation or the relatum the "event 1ntended“ is

a meaning of my act, considered from my point of view or a

meaning “for me." That my act way have other meanings fromr-
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other pointe of view is a ciroumstence which does not annul
the correctness of deeoribing my purpose ae the meaning of |
‘mny ect, We.might, for example, convert the relation, to an
outsider, the faot"that my friend expeote'me meane that I
must have written about my proepectlve vieit. .Tnus m&reot
ie to him the meaning of ny friend's information. He has

Icorrelated the two evente from the opposite. point of view

from’ which the effeot being the 1mmed1ate datum, “meane“-

the oanse' whereas to one for Whom the cause is the immedi-
etelyrgiven, it receives ite=meaning ?rom the effeot. In

both caeee, the relation of the two eﬁents is that whioh in
Ghaptei IX was characterized'ae "signification;“ Intention .

is a combination of this type of meanlng with the peculiar
circumstances that the cause is taken as referent (5), and

13 a deliberate act on the part of the pereon who euppliee_e; _
the psyohologioal faotor which “realizes" the meaning-relation
It ie really a highly epeoialized case and the ottation of this f
partioular definition of (one kind of) Meaning is eomewhat ar-‘ H

bitrary on the part of ﬁeeers. Ogden and Richards.: As ‘a matter :

of faot,_in thelr ohepter entitled "The Meaning of PhilosoPhers,“
(5) “referent" is here used in the sense sanctioned

by ‘Principia Mathematica®™-not in the precisely oprosite sepse

given the word by Ogden and Richards, where "referent" is the

relatum in°the meaning-~relation. I. think the usage of White-

head and Russell is the older; anywsay, 1t ls the one adopted

throubhout all the foregoing chapters of this study.

133



they have adducsd many othexr special caees Which they have
not seen Iit to incorporate in their liet but which resemble,
“intentionﬂ_in that they arerspeciai senses of the word de-

‘rite& frcm"signification by combination with special non-

lcgical conditions such as deliberate action or eelective o

1ntereet.

VII (b) is the same cass.as that considered under
VII (a) save that the word “meaning“ is taken to denote theﬂ
relation inetead of -the relatum. (Tc be consistent this
division ehould ve wmade under every heading exoept I and 11,

whioh etate the chosen applioation ) B ;*_-‘; :

-

” VIII "Heaning the place of anything in a system "
iis not a definition of concrete Weanina but of ths formal .f
laspect the “leere Bedeutungsintention." It ought to read'
“Meanine degends on the place of anything in a systen, o Thisf
inacouracy of expreesicn is due to the authors of the list
not to the Writere whoee v1ews they would present ‘ They belie
their own rendering somewhat 1ater in the eame chapter wheref;
:thsy say,iﬁ"the 'meaninwt is the rest cf the eystem within f{t
which whatever has the 'meaninp' is taken.ai Both statementelf
iare misleading, such equivocaticns are apt-to cccur nhere | |
'authore exalt common sense and readability above'"hair split~
ting" exactnese, but certainly it requiree more than poetic

license to maintain that_the‘meaning of a‘man's 1ife f——»;cxi_
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. W its place among other lives,™: -fe:wut_ W hig fellowmen's
Ilivesq“ The Meanina here may be taken to be one of two thlnga R
(as in most casesd, due %o the amblguity of the term noted
anbne)' ag the relations of his life to others or the

PR

effects produced through those relations in other 11ves.

) Meaning which depends upon pcsition in a system .

:can be found in any meanlng—eituation uhatever. It ig the_'
“mlnimum“ that belongs %o the “meaningless marks“ of mathe-r
matice_(S), it is present in denotatlen, where the eyetem is-
the very eimnle one of two entitiee,(namehand objeet) nhere'
the meaning of each tern is (a its'reletion to the'other |
(b)’the other, iln the cage of words, and the objects thej
;denotéi_the ponvertibility of the meaning~relation”is npt.f N
obVions beeause words as objecﬁs are 80 suﬁremeiy useieés; ;'_
It may be grasped however in the case of Nords which are.r
'taboo where the system of lan:uaae is euddenly interruptedfiT
;and some obJeot substltuted which denotee the mlseing word?  ”
'or in the case of rltual 81gns, euch as the three 31gne of
the Gross which do duty for the wards.' “(In the name of) thev
'Father the Son the Holy Ghost "}' In connotation or defini—

(8) bf.n_Chapfeij?I
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tion, this sort of "meaning" belongs to the elements of the
complex 'eech of which would indeed be "meaningless" withcuﬁ
ite peculiar relation to the others, 1., e, apart from 1te
place in the whole which is connoted or (conversely) is de—
fined, On meaning in this "positional“ gense depende the

very'important'meaninuwrelation of eicnification where the

terms of two .systems are coupled according to their reepective’
.Elaces in the two complexes. Thue meanlnae determined by . 7
pceltion 1n’a gystem underlie the Nhole realm of exgreseion
bﬁbanelcgz-edeecriptionh metaphor,_allegory; and pictoriel
lrepreeentation in all.ite forms (7). IX and X are, as Messrs,
Ogden and Richerde remark instances of VIII{."varioue restric-
tions are commcnly introduced by aid of which more specific
senses of ‘meaning,' as place within 80me eystems, are obtained,
Two of them are eufficiently 1mportant to rank as independent
definitione of meaning, since each hae been made the keyetcne

of a metaphysical edifice namely 'meaninc' as the practical

and as the theoretical coneequencee r (8)

(?) cf Wittgenetein "Tractatus 4.01:-*“The proposif-
tion ie a picture of reality."..... ‘

4,014: "The gramophone record, the scors, the
waves of sound, all stand to one another in that pictorial ,
internal reletion which holds between language and the world
To all of themn the loaical structure is common.“

- (8) -Oadeemeﬁdwﬁreneeéev M. of M., o 323
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Wote that the relation in virtue of which the prec- o,
tical consequences of an cvent conetitute 1ts meanino !is,

convertible, ‘oakiwr the consequences as relata we eetablieh_u

the “Pragmatlc“ meaning, but taking the antecedente of an

event for the relata, we.find its hietcrlcal meanlng (thie
may be thought alec - to coneiet:cf both 1tslantecedente'and
ccneequencce--i. e. of all terms connected with it in the _7

causal eyetcm hhlchliﬂ strmctly Speaklng, 1te history)

Ae for the "theoretical ooneequencee" theee certalnly ;

,1nclude the nractlcal since any actual eystem may be viewed

in abetracto i. 8, theoretlcally. But they euppoeedly go
fafthe; (Praometiete “ould re;ect tnie supcceiticn, but we»Q
must con81der it hcre because nct all philoeophere are prag-'
matiete ) They are the consequences of unreal as Nell as’ reai
events, the thecrems contained in any poetulatc ox Set of poet~_

ulatee. Now meaning in this sense ie baeed on implicaticn, and;f

connotee ite ccnetituent ccncepte and a proposition pliee

1te ccnetituent prcpoeitione (9) {In a case of mutual impli-;

cation it eeeme odd tc epeak of one prOpoeiticn as a ccnstituent

(9) cf. 'G. E. Mccre, "The Nature of Judgment," Mind”
N. S. Vol, 8, p. 180: "It would seem..,.that a proposition is
nothing other than a complex concept., The difference between -
a8 concept and a proposition, in virtue of which the latter alone
.can be called true or falee, would seem to lie merely in the
simplicity of the former "
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of the other; as a matter of fact, we should say that the -
‘two have the séme constituents. In‘the césé of'such proposi-
'tions as for example “A B C is én equ;lateral triangle® and. .
"A B C-is an equiangulatrtfiangle,ﬁ the cohstituent p:oposi4i
tioné'are of the type:. LA alLB, AB=AC, otc;, and. these
‘are constituents of both propositions in questiom. 'The:dis-
simllar apoearance cf'the two'orooositions is due to the fact '
Vthat the terms in which they are stated (i, e. "line“ and’ |
"andle“ respectively) are not equally simple- concepts in the _
Euclidean system. The one term is needed for the definition
Bof the other (I would hazard a guess that’ either could be :
”made the foundation for the other but both cannot be taken:'
-as "primitives“ xlthout redundanoy) " Thus the notion, or
'prop051tiona1 concept of the one is oontained in the other—-\
:or vice versa accordlno to the poatulates of the system, But
whichevor_ls ohosep as the inolusive concept,_its_constituéﬁtc‘
mcst be such that by somo arrangemeﬁt they yield the'ooﬁStitﬁ—
,ents of the other. Such concepts then as' “A B c is equilat-
‘eral 1mplies AB G is equianaular n and vicse versa should _ 
really read' "A B C is equilateral and A B G is equiangular
contain strictly analogous 1mplioations n This 1s the condi-‘
‘tion in virtue of. which “mutual 1nclusion" is analoaous 16 =
“mutual 1mplicaticn" acgording to the classic 1ntarpretations'7
of Boolean Algebra and both are used in their reSpactive |

systems to define “equivalence. },'
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' XI, "Meaning is the emotion afoused by anything "o
elthough our authors declare that it "requires little com--
ment " (10) and then go on to the rather 1ntereetinw comment
that “The detailed examination of this eenee of meaning is
almost equivalent 1o an 1nveet13ation of values " (ll) this
gense is really one of the epeclal cases noted in connection
:with VII. It refers to Juet thoee ob3eote ‘which are here
called "values n or—nquotine Prof Urban--“funded affectiVe-'
volitional meanings," or "emotional connotatlon.“ " This lat—:'
ter phrase is not very fortunate, becauee "connotatlon" hers
is used in elaoe of "eiguifioation.“' The "meaning" here: L
referred to 1s not the connotation of the word, i. e. a part
of the complex of notione #hich defines 1t it is, Tather, 1ts
 meaning in the eense that an event causally connected with '
another is sometimes said to be its “meanlng," whieh we have
diecuesed under XI.. There 1% appeared that IX was a epeoial
-caee of VIII, and X1, instead of ‘being "a definite sense of o
,meanlno, nhich.....if the writer is what is known as a stylist
Will have no substitute (12) is a epecial case of IX In:
all oaees where the lorical relation ie "poeitionalﬁ we must .

_dietinguleh between the caueal relation _or coordlnatlon_of_f e

o ho)m of M;..',ipf‘ ,_\-323:_;.;-_'
(11)_M.=of~ma,,p. 323 infra
(12) 1. of Moy pe 373
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events per se, and that same nexus plus the psychological -
eiemente of knowledge and intereet It ie of eouree eﬁly
in reepect of a mind that the cause’ aetuelly meane the effeet
or vice versa. And this, only when the effect is expected
or:the cause knowﬁ.ae such. But ‘the eaueal relation ae a -
correlation between {a) two evente taken as units, or (b)'two
events taken as elements of two respective eysteme Berves as
a euffioient formal vasis for the relation here called "eig-

nification.

Xli, The meaning that attaches to "natural signs, “‘_':
being, according to OJden and Richarde "that which is Aetually
related to a sign by a choeen_relatlon," is of coureeraﬁother
:iﬁetehee of‘Meening-to be elaeeedrwtth VII:and XI, It requires

S

no more elueidation;'s

| XITI, which subeumee five distinct definitions, 1s .7'_'
"the" deflnition accepted by the authore. The first vereion
which reade ' "Meaning 1s the Mnemic effects of a etimulue "f-ﬁ
bases meaning again upon a caueal reletion (13), the second
."Heaning = aseooiatione aoquired "ois rather scantily eorded
since we should llke to know, "eeeeclatione"AW1th what, Fec*
-quired" by whom--epeaker, hearer; etec. 'Bdt teking.dt‘ee_geﬁ;i;
(13) ThlS type of ceuselity, supposed to differ rad-I
icelly from that known to the physical sciences; was first
expounded in Semon's book, "Die Mneme" (Le1021g, 1904} and is

treated as the dlstinéuiehinﬂ feature of Mind and the basis
of all Meaning in B. Russell's "The Analysis of Mind,®
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erally as possible, ast "aeeooiatione with the event that
is the eymbol or sign, acquired by angone,F we have here

and not under Vi1, a definition of that pereonal type of
wmeaning whioh is "entirely pSYChOlOéiC&l“ for naturally no'
two pereons.may be expected %0 acguire the same set‘of aSSO*A
ciations with any'term; _There undoubtedIy is such a sense

of "meaning"; but for purposes of oonnunicetion it could
eerve,'et'beet, only in cases of soliloquy. = )

. ‘Tﬁé third alternative is rather vegue since ne are'_
not told how "the mnemic! effecte of any oocurrenoe“ are eup—
poeed to be "appropriate" t0 etill another occurrence. But |
we take it that in this case “the "mnemic effecta" are euppoeed
to be actione or attitudee which are appropriate to somsthing
elee than the etimulus whioh has produced them. Thie ie-not'
by any means the same as the first definition under XIII (a),'
for though it aeeumee the "mnemic effeote“ Which there are
eaid to be the meaning oi a term, it treats them as merely

determinant of the meaning—-the latter being oertain remoter T

thinge o which the effeote are "appropriate._ (14) Whatever -
may be the advantagee or dieadventaoee of this definition, 1t
ie obvioue that its logioal etruoture ie to somp extent similar

to XIII (a) thouvh carried to greater‘lengthe. Tt is the same

kind of etructure that of causal connection.

(14) 'Thie definition implies thatl fcat" does not mean
anythins unlese I react to the word as I would to a real cat.
, (next page)
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The second alternative under XIII (o), “Meaning
is that Whlch a sign is interpreted as being of ," is a more

satisfactory though less grammatical acoount . It leavee out

of consideration the mechanism of interpretation, wnich is
really the.eroblem to be explained by'mnemiorcaueation ® and
which ie irrelevant here. One might modify the statement to
the,effecti: Meaning is that which a sign is interpreted as

;being of, or a eymbol as standing for, Unfortunately this

doee not anewer our question—«"what are the logical oonditions

under which any interpretation oan be made?“ It ie another

“vaouous“ instance. It neither affirme nor denies that cor—.

reepondenoe of oonfiguration is the sing qua non of euch an

interpretation.
;The'third ohoice, "Meaning = what anytning suggeete,“_-

is a rather siipmshod attompt at reeteting the second defini;;

R (note 14) o L
If for example, I detect my real oat in the aot of stealing
‘milk and exclaim: "0 you incorrigible cat!" as I flourish a’

broom wmy reaction appropriate to the incorrigible one is not
'produoea by the word--I am not venting on her the mnemic effects
of a word, yet the word denotes a cat and nothing else; in fact, .
this very particular cat. Any case of apostrophe ralses the

same problem. Does a name, in direct address, "mean" the per-
son? Or, when we are introduced to one "Mr. Tkaltchitch® or '
other such, whose name we probably have not entertained in our -
vocabulary before does the name not denote its owner at the

very first application? To say that the meanlng of the neme eqguals
the {appropriate) object of its mnemic effects, implies that in
this case, where there are as yet no such eifects, either Mr,
Tkaltohitoh is not its meaning, oY that he is meant properly
enough, but does not exist, _
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tion under XIII (a). The word "meaning" is not ueed in any
euoh general way. The prOpoeitlon:'_“Your hat is green“ may,
throubh some psychological trick Buggest grass or lettuce or:
‘a green park bench, but nelther your hat nor the statement
about it meane a vegetable or a bench to any sane epeaker
lietener or philOBOphlZing referee. .To the extent that this
unguarded statement might be true, it colnoidee.with-"Meaning e

asgociations aoquired.“'

The sixth definltion olaseed under KIII “That to
whioh the Ueer of a Symbol actually refers," impliee that

symbols have obj ectlve,.__r,e_,iferencess _or relata,,,,f»'hiﬂ,,are_ ex-

preesed wllly-nilly wherever'the symbol .ocours., "This objec:f
{thlty-theory rests nob upon the 1ogioa1 foundation alone N
(though this is, of course, ob;eotlve——we cannot actually

:exprees by a eymbol something,which the symbol oannot in the
Wittoensteinlanleense “picture"), but upon.the fact that thef |

non—logical element of the Meanin5~eituation is not a personal

interest but a tribal habit of thought. Thus if it is aoreed '

that "John Smith“ denotes a’ certain man, and someone, under s
the delusion that thle name denotes a different man, says*' .
“John Smith embezzled his broﬂpr B money,“ the eentenoe in the
sense of XIII b (3) "means" that the man oommonly oalled John
Smith is. the embezzler, though the sgpeaker "meant" Alonzo Jonee

Here is an excellent oaee of two senges of meanlng, both of .

143



which certainly deserve the name, attaching to the same utter-
'ance by the same person under the same ciroumstancee The ' |
first of these senses ie of vast 1mnortanoe, since 1t is the :f
:one we accept when we require consistency of a ‘speaker and

hold him to the meanlng he first gives a term—-expreeeed as ‘

a rule of scientific proeedure as: "let a —7..}., let b ..;ﬁ
The second sense is that which we employ vhen we read an author
%sympathetically,“ 1. e, when we let his suppesed-w1sh be the
principie of choice between all the logicaily poseible‘inter—
tpretations of a eymbol If it yere practicable (Whlch it is
lnot) to hold to the Ilrst or. "1iteral“ meaning of meanlng,

would have no need of all the commentarles interpretations,

and Doctor»of Philosophy theses nhich have given certain German ‘
Universities the niokname "Kantfabriken, ' Aleo\we would not

 buy thelclaseics in annotated editions}'

Usually XIV and XV coin01de (15), if they do not it
is hard t0 determine just what does 00nst1tute XIV; I for one .
cannos imaglne a case where a man ought to be talklng about

what he does not think he is talking about

| XVI,'which presente three alte;ﬁativee,w-“Thet to

which the Interpreter of'e symbol (a) Refers, (b) Believes "

(15) “%eaning is:...XIV, That to which the user of a
Symbol Ought to be referring., XV, That to whioh the user of a
symbol Believes himself to be referrlng "
© This llst could be increased by a large number
of combinatlons, the "meaning® of a statement as quoted from ite
author and expounded by a commentator,is "That to which the In-
terpreter believes the User to believe himself to be referring.”
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’himself to be referring, (o) Believes the User to be refer-
ring," (lG)—--—differs from the rest (XIII (b) (3) ot infra.)
merely by the difference of psychologioal view point. By
chenglng thls purely cont ingent, i. e. non—formal ingredient

in an -actual meaning*eituation, we chanée the sltuation,‘

.thus any of the four loaical relations listed in the preceding'
ehapter may, by comblnation with “acoldental" factors, give
rise to a 1arge variety of aotual "meanings." The variety is 5
80 great that in readlng a liet like the one compiled by Ogden
and Bichards it is hard to find any common element that justi-

fies the uae of the word “meaning" as a genus—name for the

Wnole conélomeration. -

Correspondenoe of configuration is, of course ‘a f.,{

leymmetrioal relation, and at first sight it appeare odd that

tnis should give rise t0 an eseentially aesymetrlcal relation |

such as meaning. But the relation between the things involved

in theimeaning situation 18 in fact symmetrical 7 We have B

seen that fozx every situation such that A means B there is .

o -

another,_frem another point of view wherein ‘B means A Tng__e

Eﬁﬁ!ﬁﬁfry arises from the faet'that a0 fual meaning involves_ﬁ"

(16) Husserl Log..Urfk, ,Voitl p. 54 "Das Zelchen
als Objekt xonstituiert sich uns im Akte“ces Erscheinens. :
Dieser Akt ist noch kein bezeiéhnender, es bedarf im Sinne -
uaserer friheren Analysen der Aﬂkndpfung einer neuden Intentiom,
einer neusn Auffassungsweise, durch welche statt des intuitiv
Erscheinenden ein‘Nenes, das bezeichnete Objekt gemeint ist."
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the further relation of the corresponding systems to a mind,
(16*) and this is never phé éame for A and B éﬁ the same'timé;
4. g;,e;ther A'is "valued® and B'isinof, or A is known and B
ie not, or vice Gersa;-etc;>etc.-' Th;t is why, although a
meaning-relation is never'cohvertible, its converse 1is élwéys.

another posgible case of meaning. Thus in égpreSpondqgce of

logibalmqonfigurations or "patferns" we have caught the "Urtiez"

of ail;pxisfing speoies_df Meaning; and, regarding Messrs, Ogdén

and Eichard's list as a fair'representation; we may say that—¥
as we had predicted——it did not figure as a specimen in thelir
;ménagerie. "1In facs, 1ike the "common Ancestor” of-Adam and -the

Ape,--it is a skeleton,

(16*) (Note 18, preceding page.) -
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" APPENDIX A _
A{Appendix to Chapter 5)

The “Ideational Galoulua"-' an Attempt to Reinter-~

?

pret Logical Algebra iﬂolueive of“Axiom 10.,

The addifion of Couturat's tenth postulate is sup=-
posed to restrict Boolean Algebra to one interpretation,

namely the one in terms of propositione. But it seems to

me at preeent that another 1nterprotation is possible, that'"
the Algebra is capable of expressing, for lnstance the
weyetem of “ldeas“ advocated by the Empiricist "aseocietion—.
psychologiets." Whether this eyetem is a correc¢t description
‘of Mind"'i.-e.; e good‘psyeholo;y,'ie'beside the poiﬁt, jﬁet“
as it 1s veside the point in logic to ask whether the geon~
.etries of Veblen, Hilbert Huntlnvton etc. are correct des— o
eriptione of actual space. The fact remaina that there is
euch a syetem and that it presents an “1deational“ oaloulue

analogous to the "pr0positional“ oalculue. o

V“Ideas" are to be taken in the Berkeleyan Benee,'he7”

“elementary ideae“ belng concrete particular imagee, beet.

indicated by the German word "Vorstellunoen " Whlch oonstitute

tha warp and woox of the system.-

' Thleundamental_relation of‘this'calculus is the
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binary relation denoted by <_ (1) and here ocalled derivation,

The derivation of ideas, according to our classical peyohol-

oglets, may result from aesooiation, from comparieon, (Which

I shall call the alternation of ideas,) and opposition., Ideas

may be freely associated or compared, but every idea uniqnely
determines its opposite, i, e, "red thing® determines "not=
red thing;"« (Here it will be noticed that the- problem whether
gntraet is possible Without a common element—-in this cass, -
the “thing" which”is red or not-red--is analogous to the prob-
iem of ne'ation;.wnether‘npn and " ~p" ¢°,n°t inyolve eroommonf
element p, 80 that they really read, @(p) and'@Kp); the dis-

tinction beinp in the funotione only. ) Thus we have our three

lowicel operations (3) of aeeooiation, alternation and oppoei—“

tion, indicated by the operationai eigna: n+3“,vx," and “ﬁ4“,

Now every elementary 1dea ("Vorstellung ) either cor-‘

reeponde to reality, or it. does not, it is either realietic or

fantaetic. And theee two valuee are expreesed by 1 and 0,

Thus our interpretation admite the axiom whioch is suppoeed to

ooeroe a prOpositional interpretation. The form under whioh
(1) Couturat "The Algebra of Logio " p. 5: "The' B

fundamental rel. of this calculus is the binaryr%lahmmhioh is

called inclusion (for classes), subsumption (for concepts),

or implloation(ﬁe;mopos7hcné7——--ln the system of principles

which we shall adopt, this relation is taken as a primitive
idea and is coneequently indefinable, L : .

(2 )#ﬂgeh@.Of Logio Axioms III & IV (p. 10), and

VIII (p 33).
rne_nejaaaue.?uhctwh,here might be called that of

deprivation. .
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the axiom is stated by Couturat, "(a = 1) = a," is obviously
eeneeleee.' It 1s ohlﬁ.by a looseness ef ihterprefatibn thaﬁ,fA
it can be thouoht expressive of a truth about propoeitiOne.
Couturat interprets it thue-—?ﬁlﬁebra of Lohic ‘pP. 84)--"To

eay that a proposition a is true is to_state the prdpoeition
itself., In other words, to state a prOpceition 15 to affirm

the truth of that proposition." If "a .z 1" means "a is trueP"
the symbol "=" is here abused, for 1 has a predicative charaofer'
and_the "=? does hot_really express a symme frical relation, If
we do treat it as symmetrical, our whole propoeitien may be
obverted, thus--"a = (a = 1)," wnich mould mean (by the propoei—
tional interpmﬁation) "everythinv is true." This defect is
partially due to the fact that assertion is an aesumed but
unexereeeed notlon in the calculus. For without distinvu1ehing
between "a" and " k a " we would have %0 conclude that every-
thing in the system is true yet we are told that a.uniquely

determlnee ~a and that (e = 1) implies (»Ja = 0)

5 The expression "(a. = l) = e" ie in fact a glaring
example of the "vicious circle fallacy" beocause (a = l)‘ie a
function(huﬁwuumhcd)of a, 8o that “(a = 1) = a" is of the form
‘ﬁ a=a, mherefore we could legitimately write ﬁ(a) A ¢( fa)

Thus the whole uniqueness of.the propositional calculus rests
'upon a formula which violates the rules of the eyetem._:(couxurat
hiheelf remarks that all formulae peouliar.ﬁo fhe procoeitional
calculus hang upon thie one formula which we have juet condemned

as "vioious“ nall of them are derived from -an axiom.....which
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may be called the 'principle. of assertion. . This axiom is
a8 follows-‘ (ax. x.) (& =1) =a." (p 84)

The fallaoy here involved is somewhat hidden in the corollary ,
which states the "two-valued" charaotor of the algebra: -
"(a41) = (a = 0), (a ¢ 0)sfa=1)", We interpret this to mean,
"Every idea is either fantastic or realistiou" {Note that

"a £ l“ is not to be reg&rded here as a. proposition, ‘but as
‘an idsa, whereas “(a # l) (a = 0)" may legitimately ‘be Te- _.
garded as a proposition. Every ocalculus and every sclence is
éxpressed bj a body ofrpropositions, that does not mean that
it is a oaleulus (or a science) of propositions, Thos Phyoios
is eXprossed‘ia terms of propositions, of words,.spoken or - |
written, of graphs, diaorama letters, numbers, eto., but it

is not a science of these thinga })

S We have now the necessary primitive ideas 16 chéck'ﬁi
up our interpretation of the remaining axioms. For convenience - -
I Will tabulate all the axioms inclusive of those already menw= .

tioneds [11:.._ nfmmp nmbms mfw “f‘o 13 cow.e/s,»m{wg vamw&“}““"#

”XA“, I. a <a.. "Any idea is derivative from itself "
‘This is as much as to Bay that an idea once given may recur.._ :

AxJ_ {a (b) (b <c) < (a <c) *3 "If a is deriVative from_ ‘

b and b from o, a is. derivative from c."

*L "A.of Lip8
*2 "A. of L. p. 8
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; The abuse of the symbolism is obvious here for a -
Aoaloulus of classes as well as of 1deas. The prinoipal V('P.
doss not denote the fundamental relatlon'of the caloulus atA“
all: Cou$ﬁrat himself was awvare of this weakness (3)., In
the propositional calculus, where the ordering relation is
-oelled implication; it is leee obvioue, and.iﬁ fact esceped
notice until‘ferretted out by Prof., Lewis (4).:.Since it is -
common‘to all interpretations we.may consider it ee.an original
fallacy of the caicuiua not of our specifio reodering (5).
"Ax. III Given any two terme, a and b then there is a term p

Such that

- P 2a, p £h,
and that for every value of X for whioh
X <~a b4 < b,
we have also S
- . *3
o rf_ x <LP.‘ o : ; R I S S
“Given any two ideas, a and b then there ie an idea o

p such that p is derivative from a and from b and any idea 17J

X derivative from a and from b is derivative from p.

(3ymyehaof Logic! p. 9: T"We see that in this formula
the principal "copula has always the senge of implication because
tha proPoaition is a secondary one." . , .

(¢)e. 1. Lewie,‘burvey, p. 235: "The framework of -
logical relations in terms of which theorems are stated must
be distinguished from the content of the system even when that
content is logie." : S

(5) Note that Conturat's statement also uses the
notation for the lozical vroduct (a<b) {bec) to express the
simultaneous validity of "a . b" and "b 40 " althouqh multipli—
catlon is not yet defined, : _ _

*3 A" Of L(b ‘f.‘ "H~ P. 10 e
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Thus p (4n other’ terms nabh) in the ideational ‘
'calculua is the omponent of a and b.

“Ax Iv Given any two terms, a and b, then there exists a
term 8 suoh that | _ |

acs',‘ b<s,
and thdt; for any value of x for whiohg

_ 7 é.(x,b(x,_
we have also - -_ |
_ A b

"Given any two 1deas,.é and b, then there is an’idea
8 such that a and b are both derivative from 8, and any other

derivative of a and b is derivative from 8. "
Thus s (or "a § Ht) in the ideational calculus ist

the ompariaon of a and b

{ﬁote that a composite idea 1s always derivative
from a comparison of ideas, it is by comparison of the 1deas'
“round thing" and "square thing“ that we try—-and fail--to}'
form the concept "round square"; by comparing "married man“.'
and “soldier“ that we derive "married soldigr," eto., This

. . [ ] B .
does not cover the case of generalization, such as the deri-

vation of "figure™ from "round thing®" and "square thing,“\or

"human® from "man® and "woman,". For the result of what we

may, in this calculus, call a psychological composition, is

*4Va, of LY p. 10
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not a generalization or abstraction; it 1s another genuine
“Voretellung,ﬁ an elementary idea. The abstract or general
idea of the present calculus eorresponds to the proooeitional
'function of the propoeltional calculus, at least one and at
moet all of its components are variable and the ideas that
are the values for such a variable are (for presant purposee)

elementary ideas } .'

t@x. v (a ' b)c < ac + bo" *5

The combination of an idea with either one or the
other of two different ideas is derivative from the oomparieon”
of either eomeosed therewith and the other eimiiarly coﬁpdsed
(i. e., The idea of a horss, composed xitn‘ﬁmalhaﬂaht vdesvs q}*um e
_aniwar}-say a donkey or a rhinocerus-—1s derivatlve from the-'

-comparison of a mule with a unlcorn.)

“Ax VI There is a term 0 such that whatever value may be'e'v-‘fi

given to the term‘x, we have

0 <‘x.

This upon our interpretation - means: _"The Fantastic .

may be derived from any 1dea.
ﬁAx. VIit.There is a_term 1 suoh that whatever value may be =
*5"A of L

*8 A, of L,, ' p 17 .
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given to the term X, we have

| X <1".“"7

Thie means that any idea is derivetive {rom the

Realistic--i. e. from "experience "

"Ax, VIII Whatever the term a may be, there 1is aleo a tem _:

at sueh that we have at tne same time: .

.aa'.= O, a = ai,= 1, *8 ..

Any idea combined with ite oppoeite (1. e. not- round
cirole, etc,) ie fantastic; any alternative between opposites
is realistio, one or the other is realistic, orjythe idee of

"something or 1ts opposite" 1s realistio.,-

\..\ ._ i .A' : V '* v

nAX, Ix‘ R -1 40._..,

E i , The realistic is not derivative from the fantaetio.
Thie expreeeee the soul of empiriciem--"reality first, n .80 to

epeak Every idea derives from experience and there can be

_no reelistio ideae "a priori " f

Ax X doee not really belong to the system of Boolean
Aloebra but is eeperately given, therefore we have geparately

verified 1t here. But it may be added to the liet:f-

. X @ 3Dz (a=0), (a4 0) = (a=1).
T apvalor U g 17' ' oo |
*g "A. of L. D 22 -
*9 “A. of LD p. 37
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Ite interpretation and dieoueeion need not be restated

here. Vide pIH

There are varioue points ‘which bring out especially
the paralleliem betmeen the propositional and the ideational
interpretations, nete, for example, that the construction of
at is such,.in the first case, that if a is a proposition, a'.
is a function of a proposition; likewise in the'Second' if a
13 a ooncrete idea, a' is an abetraotlon, a function of a. i
Also, in the propositional system, O and 1 (truth and falsehood)
aﬁpiy to proposrtlone but not to propositional functions, 1. e.,
"Jones is a bﬁtcﬁer“ is true or false, whereas "K is a butcherﬁ'

'is not. In the ideational calculus this is parallelled by the_ .

faot that reality or fanta;x)may be predicated only of concrete

ideae——our basio terme-—but not of abstraotions. The-idea fguch
‘and such a red book" is realietlo or fantastio, the idea of “red“d
or of "book" apart from oolor size, etc. is neither realietio ,5L
nor_fantaetic. We oannot Bay "red" exists in the sense’ that
vooks eriet which is the sense here intended; neither can we
say “red" ie fantastic i. e., noth1nw correepondinw to it exists
.Juet as a proposition which is either true or-falee is an -
instance (value) of a propoeitional funotion, which is not \eol
an ;gga, which is realietic or fantaetlo, is an inetanoe of anr-'
aﬁetraction, which is hot.

-(6) Princ.-Math" p. Bt " ep i8 the ooﬁtradictory

function with p as argument and means the negation of the
proposition B , ,
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There is not room here to verify by interpretation
the theorems which follow from our axioms, It may.be of
specia;'interést,'however, to trace $he ideational rendering.
through the postulate'sat which has become'classic for propo-.
'sitiona aad is supposed’ to apply o nothing élaeé-the postu- -
lates of Principis Mathematica, Note that the wordlng of our
fundamental ralation derivation, always hecessitates a back-
ward reading, 80 t0 Speak of the symbolismr; instead of read-

ing "a ob" “a implies b," we road "a is derivative from b,*

We begin Nith an important deflnition~—“p >q = nup uchef.“
To say. that P is derivatlve from q is to say thaﬁ"either ﬁ.is‘
fantastic, or q is realistio " This atates the obvioua.fact'
that a realistio 1dea can be derived only £from Reality (7)

C

113'f3. L,qavp D- 5 fi:h£.a_Pp (87 |

_’F A comparlson of an idea with itself is derlvative "
rfrom that idea, - o | .
1.3_' _1 F'- q.'o .p 1 q ) Pp '”' S . .

o ‘_ An idea q may be derived from the comparison of

itaelf and s ome other idea. 7

(7) This corresuonds to the "unsymbolizable" postu-
lage of “Prine.Math!that "Anything implied by a true elementary
proposition is true." The symbolic statements here ars all
taken from Principia Mathematica, *1.

(8) The assertion-sign, which has a somewhat doubtful,
logical status, may here be taken to mean that what follows
is a possible idea or complex of 1deas, and way be in somebody's
mind, Thus in this calculus, as in the propositional mwy qmp» A
cannot oosour,. : : : _ _
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144 . lFiipvadavp. | | | B

The comparison of p with q is derivatlve from the
comparison of 4 with p. ,
1.5 ¥ »vlave), ,qv{pvr) Pp . |

" The comparison'of an 1dea with two_other,rmutually

compared ideaé may be derived fromrthe comparison of one'of
the othera with the two other (now mutually compared) alterQ_
natives. - For instance-' the notion—-"a horse, or & zebra— |
or-donkey" may be derived from a given notion--a zebra, or
Va horse-or—donxsy " | | '

1.8 . I-,.q:r..:'.pvqo pvfr Pp’

If a is derivative from r, then the comparison of
p and q is derivative from that of P and T, Example-—if the
idea of pailn is derlvative from that of heat, then the idea
of pain-or-light is derlvative from that of heat-or—light
Prlmitive propositions 1l 7 1l 71 and 1- 73 are not mere in—

terpretations of the symbolism .as Principia Mathematica makes

evident (p. 97) They _presuppose the system of atomic and ,?
-molecular~—collectively, “elementary"——proposit1ons and L
prOpositional functions. ~ Now to the nouion of “atomic“,if{
propositions”corfeéponds that of such ideas as_we find in r-
Berkeley'érsystem'as'the "thoughts of God“—fi.'e._our sense-
eiﬁefienceﬁ és immediate ﬁideas;"‘ They qorrespond fo the
"atomic propdsitionaﬁ'of the other éyste@,‘in that all

‘"realistic" ideas can be derived from a complete céllgcﬁion._
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of all possible “experienoe&"m)ln other words, natural aciences
are juet as poseible in a Berkleyan asg in a "Peeitiviet" world.
“Molecular" ideae would, by analogy, be ideae of ideas, _i. 6.
aeeociatlone, derivatione,‘(“mnemle" or what—not)P COmparieoﬁe,
oppositions, These are soncrete ideas, "Vorstellungen," not
abetiaetione. ~Thelir conofetenesevthey ehere-with the‘"atomio"
idees, or pure eXperieﬁces;ltherefore ﬁhe two classes of ideas
together may be termed "elementery.ﬁ'.Haviné'this notion we

may now render 1+7 and the subsequent poetuletes—-_

1.7 If p is an'elementary idea;pwp is an elemehtaryAidea.
1.71 ‘.If p and q are elementary ideas, p Vq is an elementary
idea. . Pp. . o S

1-73 '_’ If ﬁ? and Vp are elementary abstractions whose "1ﬁ--

etances" are elementary 1deas b@)d‘?p 1e an elementary abetrac?.

tion. Pp.z B

(9) “Prinoipia Hathematica D. Xv-‘ "Given all true:”_r:ﬁ?

atomic propositions, together with the faot “that they are all,
every other true proposition can theoretically be deduced by
logiocal methode. ‘ :
Why must the fact that they are all be epecif~ o
ically given? How could all propositions be given without this
fact? Should not the passapge read--"Together with the proposi-
tion that they are allt? But this prorosition need not be given;
it is implied. For if, ex hypothesi, all true propositions are
given, then (“hether we know it or not) "these are all atomic
propositions" is a true proposition, and as such it is implied.
anyway (since a true proposition is implied by any proposition).

Pp.

In fact, all true propcsitions are deducible anyway, frem any- _

thing.},
c¢f. V. F. Lenzen “Independence Proofe and the
Theory of Implication,® Monlet Vol. ¥XIX. - o .
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Whether these last three postulates are needed for
the development of empirioiet peycholoby, I have not rut to
the test. The ioeatlonal system ‘as it etands is a much simpler
affair than the propoeitional caloulue, what further relatione
oan be deducegmgs ;eﬁatter for peyohologiete to inveetigate
if the subject appearsd to be of more than historical or 1ogioal
1ntereet. But the rudlments of the calculue eatisfy the de-

mande of our eymbolism.;'

R The analogy Wthh makes this alternatlve interpreta-‘
tion poesible holds especlally vetween the fallacious or
';gg§§_portions of both Tenderings; the &eneral confusion of
“true," "1§g'fioe" and "Truth" on the one hand, and of "real-
istic;5 "the Real,ﬁ and "Reality" on the other; the devietion:'
from "dic%ionery-meaning" as BOOI &8 the'fundamental relatioﬁe~—

;imolicetion and derivation, reepeotively--are defined, and the.

difficulties " previously alluded- to, of the negatlve funotion.-
A oomparieon of the two eyetems will- bring out these etruetural
weaknesses better than a study of propositions alone! and. this
is perhaps the only value we can claim for the “ideational" |

1nterpretation. f'
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APPENDI_X B ‘L'to Ch. 8)

A Diagram Illustrative of the Logical Belationa
whioh Give'Rise ‘to Mbaning.'

" The :elations betwéen 2 and 4 are almost always
;ndireot'(through 1 or 3), and the types of meaning enﬁen; _
dered by theif direot relations although perfectly possible

."meanans " have no popular names.

B | P s 7& AR o
| 7 _ ’ Description* ' S ' . B :
Intension~ef - Name of Object X (actual object) Aspeots
- Name R R ({qualities,
' o : RS 3 relations,
- Denotation* o : etc.) of X -
definition|| .~ o subsumption T L
- oonnotatiopii.__. L — constitution -

"X £ " o . | Fx)
"X 8" etos ad libitum . ' A(X) eto.
. —— ' . ad
> \\;::::::::::::::;;} Bignification ?ﬁ B infinitum

*The converses'of desorlptidn and denotation are
treated in Apperidix C, for theyare e Te.‘lahons ¢alled by
'Husserl "Bedeumungserfullunuen.“ S :

160



N APPENDIX ¢, (%o Chapter 10)
Addenda %o Ogden and Rionardeﬁ:Phenomenology.l

1, Meaning as a’ “subsistent entity.“.,- ‘

This oonoeption of Meaning" is a metaphysloal one (1)!:
like v, —vMeanino as an essence of things Tnerdifference, howe‘
ever, lies in ﬁhe fact that not every event (treating words and'
phrasee as'well‘as thines aots and hapoeninbs ag "events") is
Ineoesearily correlated to a meaning, i. e, to euoh a subsistent
entity, whereas oertainly there is no reason %o surpose that
there is any arietooracy anong evente in reepect of "essential-
ity.? If any. events have essencs, presumably they are all 7
‘equally’ endowed But neaninc aooordlng t0 the "logical realists“
is something over and ‘above the obJect which “has" the meaning (2),
an ob;ect is- related to 2 meaninr (or meanings) and there is no -
cuarantee that this relation holde universally. Iﬁ is, of oouree.
a relation of denotation i. e. a relation betmeen a symbol and u
an obJect' the eymbol belonging to an "existent " transient order

whereas the obgeot is a member of a “subsistent " éternal uni?erse.
~ : * . ‘. - - . - ) LT . . . 3

'(l) H; H. Parkhuret, "Reoent Logioai Realism,“-p;'39:1
"The unity of meanings must, from the realiste standpoint, be . .-
explained in terms not of funotion relation, or effect, but_of-'
_being.:, : : _ ' e

- (2) op. cit. p. 16: "Meanings, aocordinﬂ to logioal
realism, are not shifting, relative, vanishing thinss but ‘inde-
pendent eub81etent entities wn. :

(3) op. cit. p. 48 ff- "They (Meaninos) form a syetem

of closely inter-dependsnt elements, no one of whioh possesses a
onaraoter conceivable in itsel?f alone. . .
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2, Meaning as a direotive function, . i . .
o This ig a speoialized case of denotation; it is the
sort of.meanlng which .attaches to- marks-—trade—marks, ear—
marks, ba@ges, etc.-fsuch as hussegl has characterized as

"Kennzeichen " _(4). They differ from natural sisns or mnemon-

ic sioms ("Merkzeiohen") in that the latter are variationé. _
ihtrodﬁoed,into the symbolism, 1h order to_correSPOﬁd to dis- .
tinctions in the objecﬁive (i. 8. the denotéd) order; wﬁereos
a mark is attacned to the obnect to make it correspond to-a,
distlnotion in the symbolism. For example° 1f we have three
obaects answering to the symbol "Jones " we must introduce
distlnctions in the symbolism to correspond to the diffarence
in the object' we therefore vary our symbolism and denote the |
three cases of "Jones" as Tom Dick and Harry Jones._ The disf;
tinotion is 1nherent in the object and the symbol is made to -
conform to it In the case of marks, on the other hand we
have a distinotlon in the symbolism which answers to a distinof
ltion in the concagtual_ordef which we aie trying ﬁo correlato f
witﬁ the existent. Take, for'éxompié. the describti#é phraée‘:-
mihe house of Al Baba® as a varlation of the general symbol
(and conoept) "house"; the obJect shows no such distinction,
Every house on the st;eet 1ooks Just like every other. Thore-L

fore, we put a’ wark ‘such.as a chalked cross, on one house to

make the distinction hold'among the houses as well as‘among

(4) YLog. Unt\ B. II, 1 p. 33 '
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our concepts and their respective symbols., Thus the meaning
brcduéed by a mark (5) is fhé converss of denotat}dn; for the
object, by virtue_of“fhe disfinguiéhing mark upon it, -answers
EQ the doncépt (and the.symﬁbl). There is no Englisﬁ word
foa the convérse‘of dehofatiqn; but Husserl ﬁéa nanmed this,
relaﬁion of an existent.bbjeot 0 a denotinw symbol, ;"Bedenr
tungserfullung." (8) {ﬁote that this relation holds between
any objeot and the symbcl that denotes 1t but the mark or '
marks (nKennzeichen“) may belonz- to the obgect naturally, as
for examyle Tom Jones'! face is the “Kennzelchen" by virtue
'of Wthh he "fulfills® the meanan—relation between him and

his name }

. (5) Note that the white cross chalked on the door .
does not answer to our concept,-—haes itself no meaning; it -
is the house with the white cross that answers to our concept
“house of A11 Baba." .

(6)"LOglsche Untersuchungen“ Vol II (l) p. 38,
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APPENDIX D

“Meaning“ in Art. -

"Lastly, there ig the symbol iem of art—-a fleld of
msaning and expression of meaning almost uhexplored.from tﬁe-
side of phenomeﬁologytx_No one will say that the sounds of
music arae 'mere' soundS' no, they are expressive they'are
charged with meaning, thouuh what they mean can herdly be
translated into oxr expressed in terme of any other 1angua
.unlese 1t be danoinb. Inference and association here 1eave
us in the lureh as explanatory prin01ples. Even the distinotioh
of the indieative and exsressive funetions of 8igne becomes

almost an’ irrelevsnt artificrallty when applied to music.i.)
_ . : 1

‘ Meanine as it is found in art and religion has ever
'been the stumblinv—blook of any poeciss definition. -It is
probably this "unexplored" field, with its euggestion of vast:
oomplexitﬁ and ineffability,:thst has'given rise to such "dy—
namic“ oonoepts ag Schiller? s “eneraetically proaected“ activ—
ity oY, Stron5‘s “unfatnomed beyona which we oannot contemplate

but can only intend." Eut a 10gicel analysis of meaning should

reveal the formal aspect of even sueh "higher“ meaninas as-"

jthose of boetry and music, religion and mythology. And if-the

word "mesning" is properly apelied to these a "skeleton® thee'

ory, such as that of eorreSponding eonfiguratioﬁs,'should cOver .

these "higher“ meaning~situatioﬁs as well as the "lower" ones;of

(1) R. F. A, Hoernle “A Plea for a'?henomenology of
-Ms‘aning: P ‘89, Loy , , L

164



eimplé'indioation of objects or conveyance of 1nformation (3).
Iﬁ'fact if there can be a philosophical ecience of aeethetice
(1. e. 1f aesthetics is not purely a matter of psycholowy}
-thie sclence is a soience of possible meanlnwe Psychology
le concerned with the question hoa the “meanings" of art
actually are appreciated; phllesophy may only question what
‘meanings might be conveyéd; in other worde what poselble

mednings exist, and under wﬁat conditions these are “artistic "

But (Prof. Hoernléd to the contrary) %o begiﬁkaeethetw
ics with phenemenology, without some underlyiﬁg prinoipié,seema
indeed a hopeless undertakihg.' And:i am net goiﬁg.to examine
a single phehemenon in itself. It is generally agreed that to

.fecord in werde the subtle meaninws of a work of art'is just’*'
as bad as to exolaln a joke. These meaninos wmust be "felt "
;"apprecieted " "intuited"--they are not of the prOpositional

sort where somethlng is’ first denoted as a wbole and then eome‘n*
aeeertion made about it (i. e, some of 1te constituent aepects

pointed out.), art is said to be connotative. In so faf as it

(2) This ambltlen has also been voiced by E. Cassirer
(Fhiloseptic 42T symbolischen Formen," p. 18): Der Gehalt des Geib-
tegkerschliesst sich rnur in selner Rewssexung; die ideelle Form
wird erkannt nur an und in dem Inbepriff der sinnlichen Zeichen,
deren sie sich zu ihredn Ausdruck bedient. Gelinge es, einen ‘
systematischen dberblick Uber die verschiedenen Richtungen dieser
Art des Ausdrucks zu gewimnen.....s0 wlre damit das Ideal der -
*allgeneinen Charakteristik,™ wie Leibnitz es flir die Erkenntnis
aufstellte, fdr das Canze des geistigen Schaffens erfdllt, WiT
besdsgen alsdann eine Art Gramnatik der symbolischen Funktion
als solcher, durch welche deren besondere Ausdrdckeund Idiome,
wie wir sie in der Sprachéund in der Kunst, im Mythosund in der
Religion vor uns sehen, umfasst und generell mitbestimmt wiirden."
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ie denotative, it performs an extra-artistic function. But ..
in the sense we have given the.wo:d oohﬁotation,'thishis_ .
hatdiy'oorreot..'Art’does not oonnote—-does‘not treeent some
.eymbol euoh as a maﬁ which ‘is connhected by the oerfeetly .
artificial relation of definition with, say, a_concept_of

manly attributes, as the word ™ m a n’. is. thus connected,
Such a symbol would belong to picture—writing, not to art (3),

The meaning-relation thet may belong to a work of

art as euch is signification not connotation. All art reste'

upon .a composition of experienoes eensatione or (in the oaee

of literature) imaéinal eihhts sounds, events These have

'upon us either direct emotional (aesthetic) effects or 1nd1—
reet emotional effects (hopes fears, etc ) throueh the situa~
'tions they let ue construe. (Note that mhere such construotion '
takes place we deal w1th yet another subordinate, extra-artistic

meaning—relation ) Thus either the eeneory elements of‘such aff

'eomposition or the factual elements euggeeted by it produce a P

feeling, or play of feelings Now it is through rslation to

our feelinos that we make that correlation between elements of

different systems knownAae ﬁgxggggthegig, And it is through

‘ (3) of. Sehopenhauer“Welt ale\vﬂh.unﬂ‘Vbre?e]hihg,BKu1§4?
"Allen unseren bisherigen-Betrachtunpgen Wber die Kunst lisgt

dberall die Wahrheit zu Grunde, dass das Objekt der Kunst...

e¢ine Idee, in Platons Sinne, istund durchaus nichts Anderes:

nicht das einzelne Ding, das Objekt der gemeinen Auffassung;

auch nicht der Begriff das Objekt des vernﬂnftiven Denkens und

der Wissenschaft. _ : _
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the testimony of our feelings that we come %o recognize the
coerSpondenoe between two artistic oomooeitions or between

suoh a composition and a oonflguration of events. This cor-

res;ondence between "eyneeethetic" 4lsteﬁs is. the basis of

meanlno 1n art ( )

| The perception of natural law, of the inevitable -
seqoence of human affairs, and so forth, has a distinctiy-
affeotive-value;V”Thet is’thy natural law, fate, eto. are
eo often reoognited ag the meaning of artietio eXﬁresaiOﬁ;
But not only may we interpret art in terms of 1life or vicer'
versa--we may also 1nterpret one work of art in telms of
another. In fact this is apt to be the more direct and
traoeable prooees Thua the danoers of the Russian Ballet-
‘interpret not_only.a story,ie.,g. the "Legend of_Joeeph,F “;
:which theyr"repreeeﬂt" (an extre—artisticlﬁeanina) and'the 
human 1aws this legend illustrates (the artistic "meanlng

of it) but also they 1nte;pret the mugic which ‘they dance. .

The analogies between art and art are probably based direct-g-
1y upon corresoondence of synaesthetio sensations. A term _
borrowed from another form of art always has more force tﬂanﬁ.
'one taken from the artist's proper teohnique~-becauee the' :
analogy is made- throuch the medium of emotion and thus the
(4) The importanoe of - eynaesthesia for the 1ntegra-

tioh of our sensory experience (the "Gestaltung" of our world)
Wwas pointed out to me by Dr. aolfvang Koehler.

167



borrowed term camnnot fail to have, so to speak, an affective
'content Thie is the - aneaer to a naive but 1ntelligent ques -
tion that was recently put to me by an artiet "Why doee,it _
mean 8o much more to epeak of 'hi&h tone' and 'low tone' in
painting, than to epeak of "pale paint' and 'dark palnt'?“-—
Because in the latter case we deecrlbe the color~eituation
whereas in “the former we describe a eouno~s1tuat10n which—-

on the prinoiple of eynaeethetio correspondence--eignifiee

the paint-arrangement Thus the latter case is alwaye'bharged
Vwith meaning" in an emotional as well as an intellectual gense.
Upon ‘this eort of ana100y reete the eymbolism of art, and by
this ie it dietlngulehed from other tpurely intellectual" typee.
of symboliem (5)

Artistic thought is rarely "diecur51ve " Analogies

of synaesthetio confivuratione are usuelly obvious upon 1nspec-'

tion but intolerably complicated in verbal interpretation. -
Speech hiohly organized as it is, 13 really a rudimentary form

of expreeeion. What can be sald in words does not require the

(5) It hae been po1nted out, however by Alphonse
Chide. in his article *La Logique de . l‘Analogie“ (Rev. Phil.,
Vol, 66) that the sciences, too, employ this method of mutual
plagiarism (cf. p. 829): "Notre langage psychologique est
empétré dans la phraseoclogie de 1idtendue et gate la filuidite
interieure par une 1oe1que du solide et du choc Hotre langage
cosmologique est, & rebours, obsddant de spiritualite.®

~ “The reason for this sort of analogy seems to lie,
however, in the preferance of familiar ideas over unfamiliar
for the sake of expoundln or even apprehending difficult rela-
tionships. . . o :
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painter's or. composer's skill (6).

Véchopenbauer‘a'philosoph& of art, dnd-egﬁééidily

of musi¢; is an excelieﬁt'instance of the non—#erbal (non-
conceptual) apprehensioﬁ cf a situation (rea; or imaginéd)
‘fhrougﬁ the'analogy of a materialiy-very difféﬁent structure.,
Toward the end of the third book of his .Welt als Wille und
Vorstellunv" he tries £0 point out intellsotually the par-
allelism of metaphy51oa1 and muszcal principle%@anewisely;—

adds the warning:

“Ean darf gedoch bei der NachwelsunT aller dieser
vorgefﬁhvten_Analogien-nie vergessen, dass die Musik zu
ihnen kein.direktés séndern nur ein ﬁiﬁtelbarés ﬁerh&itniBS:
hét;.;. .Sie-dréickt daher nlcht diese oder ;ene elnzelne und
bestimmte Freude diese oder jene Betrﬁbnlss oder Schmerz
oder Entsetzen oder Jubel, oder Lustlgkelt oder Gemﬁthsruhe f
au&sondern die Freude dle Betribniss, den qchnmerz das__‘ |
Entsetzen -d Jubel die Lustivkeit oder GemBithsruhe selbst

_...__....-.

53W1ssermaassen in abstracto das Wesentliche derselben ohne

alles Beiwerk, also auch- ohne die Wotive dazu Dennoch

[

verstehen wir 318, in dmser abgezogengn Quintessenz vollkom—-

(o)RMHoernle "Phenomenoloay of deanlnv n p. 89'
"The probvlem of the proverbial "thoughts too deem for words“
has all too rarely led philesopliers and psychologists to ex-
‘plore the expressive value of non-verbal, symbolio actions,
indeed, the need of expressing in action What cannot be said
in words. Human life is full of such acticns, especially
where desp affection is involved," o ‘ S
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men;' Hiereue entsPrn¥ﬁ es, dass Uneere Phantasie so0 leicht
durch eie erregt wird und nun Vereucht  Jjene ganz unmitteie .
bax zu uns redende, unsichtbare und doch so‘lebnaft beeegte .
Ceisterwelt zu gestalten und cle mit Fleisch, wnd Bein zu
bekleiden aieo oie&ioe in einem enaioeen Beiepiel zu verkér- .
pern.A Dies ist der Ureprung des Geeanoeewn1t Wortenxmd end-

lich der. Ooer.ﬁ ....... (?)

' There is not epace here for a theory of the Arts _
nor for an exemlnatlon of ‘those theories which exiet ' This -
rreflection upon artistic meaninb is merely sketched to obviate
the oonoeivab;e charge that our eoctrlne_covere the‘eimple,
trtviei but not the “nieher" caeee in point. i hope that I
‘have foreetalled thle indietment and at least suegeeted the |
'dlrectione in rhich tne preSent theory of meanlna might ve. .

7elaborated by ambltloue phenomenologlsts-—even to the ideal

‘helghte eug Zested by Caesirer "o compile a grammerﬁpimthe;_

symbolic function as euch " for language, art‘ mythology and

:religion._ And I hope it is apparent that the logical frame-l
work which all meanlngs of meanlhg are here found to have 1n
common, and by virtue of which we may apply the word to eo
many different phenomena 1n no wiee detracte from the extra—’
'logioal or "interpretative" elemente which glve the varioue o

(7) "Die Welt als Wille und vOrstellung"l.
Book III, pp. 308-309 - - . .
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cagses their individuality, and raise the subject to its

philosophical importance.

171



BIBLIOGRAPHY.

AARS, X. B.-R. . La Nature de la Pénsee Loglque.
Rev., de liet. et de ifor., Vol.i7
pp. BOB823 -
ARMS, R. - The Relatlon of Logle to Mathematics

Monlist, Vol.29 pp.146-152

: . ’{ . : . ) .
ARREAT, L. Signes et Symboles ... :
: . : Rev, Phil. Vol 75 pp. 51-70

i

BALDWIN, J.M. Thought and Things; or, Genetlc Logle
_ : London and New York, 1918 .

*

SN  Article "Significs"
. Dictionary of Phil. and Psych. (See WELBY v.)

BENEKE, E.C. - The Louical Meaning of Proper Names
- E "~ Proc. Arist. Soc. .0.S. Vol. 3, pp.12-28

BENINI, V. Dell'Analogia Considerata a4l Punto ai
Vista Logico,
Riv. Ital. d1 Fil. Vol.3, Pt.II, pp.3 -28

Very subbestLve for the analysis of
meaning.

BOOLE, G. " The Mathomatical Analysis of Lobic
A . : London 1847 : _

e ' The Laws of'TQOught
‘ ' London 1854 ‘

The classic "Al@ebra of Loblc"

172



BOSANQUET,: B.

BOUTROUX, P.

BREAL, M.

BROUGH, J..

BUSH, W.T.

CALS, G.

GASSIRER, E.

CATOR, G.

CHIDE, A.

The Iumport of Propositions (Zymposium)

Proc. Arist. Soc. N.S. Vol 15 pp 374 384,
L2418 .

Les Principes de 1° Analyse Mathematique
(2 Vols ) Paris 1014, 1019

Semantlcs: Studles in the Sclence of HMeaning
Transalated by Nina Cust. London, 1900

Strictly philélogical Studj in the
evolution of specific meanlngs.

A ControvePSy on Import.

Proc, Arist. Soc.,.N.S. Volo 16. pp. 344-363

’Gonce ts and Existence

Journal of Pnll, Psych. and Scient. Keth.
Vol. 10 pp.686- 6‘?1 o o _

Interest.ino for tneorJ of abstraction.

L'Intelligibilith delle Relazioni 3
Riv, di Fil.rﬂis._vgltawpp. 177-187

Substanzbagriff und Funxtionsbebriff

Berlin, 1a 10 _
Gontributive to the analysis of loglc.
Clear and suggestive. '

The Nature of Infereﬁce;

Proc. Arist. Soe. N.S.Vol.20 pp. 25-39

La Logique de L'Analogle =
Rev, Phil, Vol.66 pp.613-630

Pointa out the need of analogy for
reasoning, but falls to see its
relation to meaning. Very close to
ny point of view, but more psycholo—
slstie. -

173



.COHN, J. Yoraussetzungen und Ziele des Erkennens
‘ ‘ Leipzig 1008 .

A very interesting discussion of the
data of loglec.

COSTELLO, H.T. H'Old Problems with New Faces in Recent
. - Loglec
in Studies in the Historg_of ldeas N.Y. 1908

COURNOT, A-A. ~ De 1! Origine et des Limites de la
' Corresgpondarice entre 1 'Algébre et la
— G&om&trie : -

Paris et Alger 1847
One of the early attempts to abstract
from pure mathenmatics - o
COUTURAT, L. La Logique de Lelbnlizz
oo Paris, 1001 .
The standard conmentary'
_,;_;,_--;_7 Les Prancipes des Mathématliques

Rev, de Met. et de Mor. Vol.12 pp. 19-50,
211-240, 664-698, 810-844 . .

DAURIAC, L. Le Langage Musicale - . .
’ Rev., Phil. Vol.79 pp. 137-158

A study in the "meaningﬂ ef_music

DAVIDSON, w. The Logic of Deflnition Explained and Applied
. , _London 1885 L AR S T

DIXON, E.T. on the Distinction between Real and Verbal
o - Propositions
Hind N.S5, Vol. 2 pp 339- 346

Brief but excellent

___________ T .f The Foundations of Geometry

Not available

174



DUFUMIER, H.

EHRENFELS, Ch.v.

FOSTON, H.
FRANKL, W.M.
FREGE, G.

-

Sur les Théories Loglco-Metaphysiques de
MM. B. Russell et G-E. Moore
Rev, de Met., et de Mor. Vol., 17 pp. G20-653

Ueber Gestaltgqualitdten . :
Viertel]j. fir wiss, Phil. Vol. 14 pp.249-292

Deals with the perception of logliecal’
patterns._Psychological. ‘

The mutual Symbolism of Intelligence and
Activity -

.Proc. Arist. Soc. HN.S. Vol 9 pp.i00- 118

Inhalt und Umfang von Bebriffen

Archiv fllr syst. Phil. Vol. 17 PP 435- 447

Begriffsschrift

Halle 1879

Ueber Beyriff und Gegenstand

Viertelj. filr wiss. Phil. Vol. 16 pp.192-205

Function ﬁnd Begriff
Jena 1891 : .

Not available

Grundbesetze der Arithmetik
- Jena 1893

One of the mogt 1mportant sources

Ueber Sinn und Bedeutung

Zeltschr, flrPhil. u. phil. Kritik Vol. 100
pp. 25 - 50

Bears directly upon the proalem of
meaning. Important.

175



FWARDOWSKI, K.
GABRILOWITZ, L.
GEISLER, K.
GOBLOT, Ed.

HAZAY, 0.

HEGEL, G.W.F.,

HOEFFDING, H.

Representation et Concepts (in Polish)

" _Reviewed by Kozlows:ci, See KOZLOWSKI.

-_th available,

'Ueber Bedeutung und Wesen der Elementar-

begriffe.
Archiv fﬂr wiss., Phil. Vol. 16 PP . 453-497

Psychological.

Identitdt und Gleichheit mit Beitrdgen

zur Lehre von den lNannigfaltigkelten,
Zeitschr. filr Phil u, phil. Xritik Vol.i26
pp. 168-188 . ;

-

Ueber Notwendigkelit, Wirklichkeit, MBglich-
®xelt und die Grundlagen der Hathematik

Archiv flir syst, Phil. Vol.t1, pp.1-26

La Musique Descriptive :

‘Relevant to "Meaning in Art",

‘Die Struktur des 1obischen Gebenatandes” f

Kantstudien Erbﬁnzungsheft No.35

‘Berlin 1015

Interesting chiefly for. theory o
of relations.

gncyclop5die der philosophischen Wissen-
schaften, I: Loglk.

2nd ed. 1843.

Epistemological,

On Analdgy and its Philosophical Importance.
Mind, N.S. 14, pp. 199-209

Very important for the logicdl :
aspect of meaning.,

176



'HBERNLE, R.F.A.

HUGHESTON, P.J.

HUSSFRL, E.

JONES, E.E.C.

- —a——

KEMPE, A.B.

A Plea for a Phenomenology of Meanlng
Proc. Arigt, Soc. Vol.21, pp.71—89

" Studies 1n COﬂtempOParJ Hetaphysics

New Yori 1020

Phenomenal Symbolism in Art

Mind, N.S3. Vol. 29 pp 186-206

Der Folgerungsialidlll und die Inhaltsloglk

(2 articles) Viertlej, flr wisg. Phil.

' Vol.15 pp.168-189, 351— 356

Logische Untersuchungén.
3rd ed. Halle 1922

Contains a aepdiled phenomeoloby
of meaning’

Logzice and Idenuity in Difference
Proc. Arist Soc. N 5. Vol.7 pp 81-9°

The Meaning of Sameness ' :
Proc.'Arist. Soc, N 8. Vol.! pp. 167-173

The ﬁ@nrt of Br0positions
Proe. Arigt Soc. N.S. Vol.15 pp 353 374
307-4412

A Memoir on the Theory of Mathematical Forn ’
Phil. Trans.of the Roval Soc.of London ‘
Vpl. 177 {1886) pp.1- 70

~An 1ndlspensible source.

- On the Relation between the Logical Theory

of Classes and the Geometrlcal Theory of Points,
Proc. London Math. Soc. Vol 21 pp. 147-182

This and the foregoing ¢ssay are the-
foundation of "heterodox" logietic,

177



KEYSER, C.J.

KIESERITZKY,E.

XLEINPETER, H.

FOZLOWSKI, W.-M.

LASK, E.

LEWIS,C.I.

LODGE, R.C.’
MAC COLL, H.

""Representations et Concepts,

Concerning Multiple Interpretations of.
Postulate Systeme and the Existence of
Hyperspace

Journal of Phil., Psych. and Sc. Meth,

Vol. 10 pp.253- 267

A compiete misunderstanding

Die Emanzlplerunyg von der Folgesﬁrenge.
Archiv fllr syst. Phil. Vol 16 »p.364-379

A logical curiesity

 Vom Wesen des Bebriffes

Viertelj., flir wiss. Phil. Vol.33, pp455-466

1"

par Kazimir
Fwardowski. .
Rev. Phil. Vol.49 pp. 435-436

Good review of a book unavailable
except to Polish readers.

Die Lehre vom Urtﬁeil._
ﬂbingen 1912 - :

'.Survey of Symbolic Logic

Berkeley 1018 - . ‘ .
Contributes the system of “strict
implication" as well as a good review
of other systems. ) :

Negation in Traditional and Modern Logic.
Mind N.5. Vol.29 pp. 82-90

Psychelogistic._'

'Symbolic Reasoning

¥ind .0.5. Vol.5 pp.45-60,N. S. Vol. 6 pp403-

510, Vol.9 pp.75-84, Vol, 11 pp.352-368,¥ol.
12 pp.355-364, Vol.j#pp.74-81, 390-597.

Oon the Existential Import of Pr0positions
Mind, ¥.S5. Vol.t4 pp. 401 402

An answer to B, Russell 8 article
bearing the same title,

178



MAILY, E. . Abstraltion und Aehnlichkeitserkenntniss,
: - t- Archiv Plr svst. Phil., Vol.6 pp.201-310

MoTAGGART, J.E, Propositions Applicable to Thémselves
_ - Mind, N.S. Vol 32, 1pp-. 462-464

A fine distl ction oetween denotation‘
~and dofinition

MEINONG, A. «  Ueber Annahmen
Leipzilg, 2nd ed 1010

MEYER,R.HM. . Der Begriff der Stellvertretung
Viertelj. fﬁr wiss, Phil. Vol.35, pp340 346

MILL, J.S. System of Loglc. (2 VOls.)
. _ . London_1843 - S

MONTAGUE,W.P. The Antinomy and its Implications for
. Loglcal Theory
in Studies in the History of Ideas New Yorﬂ 1018

deORE,g.ﬁ. Externol and Internal Relations

e | Identity '
R Proc. Arist. Soc. N.S. Vol.1 pp. 103-127

e The Nature of Judsement '
S Mind K.S. Vol.8, pp. 176—103

Important for theory of concepts and
of propositions.

MOURET, G. - Loglec as Relation-Lore
Monist Vol.4 pp 282-2.94

Suggestive for analysis of logiec.

......... : L'Egalitg'Mathématique S
: : Rev. Phil. Vol 22, pp. 113-154, 278-202

179



NATORP, P.
NEURATH, O.
NICOD, J.

NUKNN, P.T.

OGDEN, G.X.and
'RICHARDS, I. A.

PARKHURST, H H.

PAULHAN, F,

Sur la Distincitlon entre les Lois
ou Axioms et les Notlons
Mind, N.S,., Vol.l, pp.102-106

Loglk (Grundlegung und logischer Aufbau
der Hatnematix und mdtheLdtlscnen Natur-
wissenschaft):
Marburg 1004

‘Brief notes, chiefly epistemological

,Definitionsgleichheit und symbolische

Glelchheit
Archiv fir syst, Phil. Vol.i16 pp. 142144

A short note of considerable 1mport.

Les Tendences ?hiloaophiques de M. Bertrand

.Rusaell

Rev.de Het. et de'dor.'Vol. 26, pp.77-84

Relations de Valeurs et de Sens en
Logique '
Rev. de Met et de Mor. Vol.31,pp.577-583

Sound reflections od the foundationa :
of proposltional calculus ‘

on the Concept of Epistenologleal Levels
Proe. Arist. SBoe. Vol.8, pp.i39-159

~ Concerns sclentific procedure

The Meaning of Meaning

London 1923 '
A consgiderable con tributmon to
phenomenology, but unpardonably
shallow treatment of this wealth
of material. .

Recent Logilcal Realism (Diss.)

Bryn Mawr 1017

ﬁ Abstraction et les Idées Abstrailtes
ev. Pnil, Vol, 27 pp.26-57 171-188 545-
565, Vol, 28 pp.60-92 !

180



PEIRCE, C.8.

P e e

RIBOT, Th.
RICHARDS, I.A.
RIFHL, A.
RODRIQUES, G.
ROUGIER, L.

ROYCE, J.

RUSSELL, B.

—— -

——

. Parls 1904

Kan's Glassy Essence

© Monlst Vol.3 pp.1-22

Article "Sign" : : _
Bafdwin's Diet, of Phil. and Psych.
New York and London 1902 : .

1

La Pensde Symbolique
Rev. Pnil. Vol. 79 pp. 385- 491

(See OGDEN,C.XK.)

Beitrlge zur Logik (2 articles)
Viertelj. fllr wiss., Phil. Vol. 16,
pp. 1-19, 133-171

L'1aée de Relatlon

L

La Structure des Théories Déductives
Paris 1021

Prinziplen der Lobik
Windelband's and Ruge's Encyecl. der
phil, Wiss. pp. 61-136 :

Hblngen 012

The Relation of Lovic to the Foundations
of Geometry
Trans. Amer. Hath, Soc. Vol.6 pp.353- 415

 An important soarce for the logic of
forma.

Introduction to Nathematical Philosophy
London 1019

Mysticism and Logic
London 1919

"Principles of Matnematica .
‘ Gambrldbe 1903 -

An 1mportdnt source for lobistic

181



e mma—a—— " . _ On Propositions: What they Are and How
SR they Mean
Proc. Arist, Soc. Suppl. Vol 1I pp 1-43

_-___,-_,g}._ The Ekistentlél Import of Propositions
S - Mind, N.S. Vol. 14, pp.328-401

[ " on the Relations of Universals and
S Particulars : .
Proe, Arist. Soc. N.S5. Vol.12 pp.i-24

e —eand . (See WHITEHEAD,A.N.)'

WHITEHREAD, 4.N. _ o

RUSSELL, F.C. " Loglc as Relation—LoreB -

S ' Aioalst Vol.3 pp. 272-285, Vol Pp.
438-233

RYLE, R,J.E. . Lord Bacon's Doctrine of Forms

Proc. Arist. Soc.  0.5. Vol.3 pp.89-98

SARGENT, J. " The Uethod to Sclence.
(Pseudonym -"3.5.") London 1696 -

Anticipates Wittbenstein 8 theories
of tautOIOgy and contradiction.

'SCHILLER, F;C;S. \ " The Import of Propositions (Symp.)
- Proec. Arist. Soe. N. s v°1.‘15 PD- 384 39?,
419- 427 - _ L

cecmdeimeeiam—= - The Meaning-of Neaning (2 articles)
: Mind N.S. Vol.30 pp.185-120, 444_447

Part of a disapnointing discussion, |
inconclusive ' '

SCHUITZ-DUMONT.  Der Gegensatz -
. : Viertel}j. flr wiss. Phil Vol.9 pp.385- 403

A phenomenology and eriticlsem of
the contradictory function

';;5;;_;;;;::,-;,' ’ -Stammbegriffe und Hauptbegriffe}des Denkens
_ I Viertelj Fﬁr wiss. Phil.:Vol.ll Pp.24-52

- S Attempts to ennumerate the data of thought

182



SCHOPENHAUER, A.
SCHULTZ, J.

SHEARMAN, A.T.

SIDGWICK, A.

STOUT,- G.F

_—— e .-

—— i A -

STRONG, C.A.

SSALAGOFF, L.

TANNER, W.E.

Die Welt als ¥ille und Vorstellung
Ed. F.A. Brockhaus , Leipzig 1877 :

| Interesting for theories of
. Meaning in Art.

Uebher die Pundamente der Formalen
Logik "
Viertelj fir wiss. Pnil Vol.27 pp. 1-37

A defense of Psychologism._

Some Controverted Boints in Symbolic
Logie
Proc. Arist., Soc. N.S. Vol. 5 Pp. 74-105

- Statements and Meaning

Mind N.S Vol.}O_pp.271—186,‘

Allebed Self-Contr dﬂctions in the Concept
of Relatlon

Proc., Arist. Soc. N.B. Vol., 2 pp. 1-13
(Discussidn, Pp. 14-24) -

Article "Significs"

, (See WELBY, V. )

Aﬁticle "Sign-Haking Function" -
Baldwin's Dict: of Phil. and Psych.
New York and London 1902

My, Russell's Theory of Judgment
Proc., Arist., Soc. N.3. Vol. 15 pp. 332 352

The Meaning of Meaning (2 articles) ‘
Mind N.S5. Vol. 30 pp. 313- 316 Vol. 31

- pp. T69-T1 .

Vom Beoriff des Geltens in der Modernen
Logik .

Zeithchr, fﬂr Phil. u. phil Xritik
Vol. 143 pp. 145-100

gignificance and Validity in Logle ..
Proc. Arist, Soc. N.S. Vol, 12 pp.264-293

183



TOENNIES, F.

UPHUES, G.

VENN, J.

- -

voIat, A.

WATERLOW, S,

WELBY, V.

e m=w,With
STOUT and BALDWIN

F

An Outline of the Laws of Thought -
London 1857

Philosonhlcal Terminolo sy (? articles)

~Mind' N.S. Vol.8, pp.289-332, 405 491

Welby Prize Essay A somewhat
- fragmentary contribution to
phenomenology of Meanlng

ErxenntniS{ritische Logik
Halle 1909

Epigtemological

Consistency and Real Inferenee
Mind 0.8. Vol.1, pp.43-52

On the Forms.of Logieal Proposition -
Mind 0.8. Vol. 5, pp..336—349

The Princinles of Empirical or .
Inductive Lobic o
London 1889 = .

Was ist Loglk? : s -
Viertelj. flir wiss. Phil. Vol.lﬁ'
pp.289-532 -

A defense of mathematical 1ogic.

Soue Philosophical Implications of
Mr. B. Russell's Theory of Hathematics

Proc. Arist., Soc., H.S. Vol.10 pp.132-138

‘Sense, Meaning and Iaterpretation

ifind "¥.5. Vol.5 pp. 24-37, 186-202

A plea for elementary sducation
in sensifics." Not contributive.

Article “Sibnifics
Baldwins Diet. of Phil. and Psich.‘
New Yorik and London 1902 _
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e ——— Bignifics and Lanbuage
. London el _

Pleads for a science of "Significs"
rather than expounds one.

WERNER, H. Bin Beitrag zur Lehre loglscher
. . Substitutionen :
Archiv_flr syst. Phil. Vol.18
PP 431 44&

WHITEMEAD, A.N. A Treatise on Universal Algebra,
‘ A with Applicatlions
Cambridge, 1898

The generallzation of pure
nathemnatics which led to the
~logic of Principia lathematlica

,;;4;54---; ----- . An Enquiry Concerning the Pfinciples L
R of Natural Knowledge .
Canbridge 1019

‘and RUSSFELL, B. " principia Mathematica | =
S ' Cauwbridge, 18tved. 1910; ?nd ed 1925

The greatest work ever written o
on logisitec., (References. are to._”
the second edition)

WRINCH, D.  On the Structure of Sclentific Inquiry'
L ' : Proec. Ariast. Soc. N Se Vol 21
P 181—210 .

Contributive to lobical tneory,
clear and sugbestive

ZALAI, B. = _ Untersuohunoen zur Gebenstandstheorie.'
o Archiv fﬂr wiss, Phil Vol 17
PP, 383 422 :
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